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PE 01
Tinh:
3_ 2_ _ / _
a) IimXZX—XJrl b) Iim(x/4x2—4x+3+x) c) Iimu
-1 X°—3Xx+2 X—>—00 x—7 X—7
XX+ X+2
XEXT2 khi x 2 -1
Xet tinh lién tuc cua ham sG' f (x)=1 * +1 tai diém x, =—1.
— khi x=-1

Tinh dao ham cua cdc ham so sau:

a) y=%(m+1)x3—2m2x2+(5m+1)x—m2 (m la tham sd)

b) yzzmzx C) y=v4x*—5x+6
X

2—X

a) Chohamso y=
X+3

biét tiép tuyén vudng goc véi duong thang d:y =5x—6.

b) Cho ham s8 y:(x+\/x2 +1)3. Chtng minh (1+X°)y"+xy' -9y =0.

Mbt chat diém chuyén dong thang xac dinh béi phuong trinh s(t)=t°-3t* -5t +1,

trong d6 t dwoc tinh bang gidy va s duwoc tinh bang mét.
a) Tinh van toc ctia chat diém tai thoi diém t =4s.
b) Tinh gia toc ctia chat diém tai thoi diém van toc bang 4m/s.

Cho hinh chop S.ABCD c¢6 day ABCD la hinh vubéng canh a tdm O. SA vudng goc

v&i mit phing (ABCD), SA=a6.

a) Chting minh BD L (SAC), (SCD) L (SAD).

b) Tinh gdc gitta dwong thang SC va mit phang (ABCD).
¢) Tinh gdc gitta hai mit phang (SCD) va (ABCD).

PE 02
Tinh céc gidi han sau:
2 — —
a) lim VIXT +5x -2 b) lim x—1 0 Iim\/x+1+10
X—>—00 5x-7 x—1 /X+3—2 x—1* X=1
X—2 .
——— khi x>2
Tim m dé€hamsG f (x)=43—-vx+7 lién tuc tai diém x, = 2.

3x*-m  khi x<2

Tinh dao ham cua cdc ham so

c6 d6 thi la (C). Viét phuong trinh tiép tuyén cua d6 thi (C),
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VX+1

a) y= 5 b) y =sin’5x+tan(2x-1)

c) y =(x+1)cos(3x+2023)
a) Cho ham s§ y =2x*+4x-1 c6 d6 thi (C). Viét phuwong trinh tiép tuyén d cua do thi
(C) biét rang tiép tuyén d song song véi dudng thang y =3x+8.

b) Cho ham s& y=+2x-x* véi x théa diéu kién xdc dinh. Chting minh réng
yy"+1=0.

Cho ham s6 y = f (x) c6 d6 thi (C) nhu hinh vé bén dudi, d va d’ la hai tiép tuyén
cta (C).

a) Dua vao hinh bén dudi, hay tim f'(-1), '(2).

b) Bat g(x)=3f*(x)+1. Tinh g'(-1).

A

Mdt chat diém chuyén dong thing xdc dinh boi phuong trinh s(t)=t>-3t* -9t +2
trong d6 t duoc tinh bang gidy (s) va s(t) dwoc tinh bang mét (m).

a) Tai thoi diém nao chat diém c6 van tdc bang 0 (m/s)?

b) Tinh gia tdc ctia chat diém tai thoi diém t =5s.
Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuéng, goi H la trung diém ctia AB.
Biét SH vubng géc véi (ABCD), AB=2a va SB=2a.
a) Chiing minh ASAB déu va (SBC) L (SAB).
b) Tinh goc gitta dwong thang SC véi méat phang (ABCD).
¢) Tinh gdc gitta hai mit phang (SCD) va (ABCD).

PE 03

Tinh:

2 _ 2 _ 3 2
a) Iim\/x +6X -4 b) lim V33X +X+1-X 0 Iimx Jg3x +2X
x>2 X=2 x-1" 1-x x>2 X°—X-6
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VIX—-2-5

X—3

khi x >3

Xét tinh lién tuc caia ham s f (x) = tai x, =3.

9 khi x<3
10

Tinh dao ham cua cdc ham sd sau

a) y=%mx3—6m2x2+9x—m+2023 (m la tham sd)

b) y=3sin2x+2c0s3X C) y=xv1+x
Cho ham s§ y=x*-2x*+2 c6 d6 thi (C). Viét phuong trinh tiép tuyén caa (C) biét

tiép tuyén song song véi duong thang 4x—y-6=0.

Mot chat diém chuyén dong thang xac dinh béi phuong trinh s(t) :—?1,[3 +3t° -2t -4,
trong d6 t tinh bang gidy (s) va s tinh bang mét (m). Tinh gia tdc ctia chat diém tai
thoi diém van t6c bang 7m/s.

Cho ham s y = f (x) c6 dao ham tai x=1. Goi d,, d, lan luot la ti€p tuyén ctia do thi
ham s§ f(x) va g(x)=xf(2x-1) tai diém c6 hoanh d6 x=1. Biét rang hai duong
thang d,, d, vudng géc véi nhau. Chiing minh | f (1)]> 22 .

Cho hinh chép S.ABCD c6 day ABCD la hinh chi nhat tam. Goi |, J lan luot la
trung diém ca AB va CD, SI L (ABCD). Biét AB=2a, BC=a, Sl =av/3.

a) Chting minh (SCD) L (SW).

b) X4c dinh va tinh géc giita duong thang SC va (ABCD).

c) X4c dinh va tinh géc gitra duong thang BD va (SAD).

DE 04
Tinh:
2 _ _ 2_
a) lim V16x°+x =12 b) Iim\/2x+7 3 o) lim—. X 21
X0 3x+2 x>l 1-X x>-1x* —2X° +3

khi x = 3 lién tuc tai x, =3.

VX+1-2
Tim a déhams6 f(x)=4 x_3
ax+3 khi x =3
Tinh dao ham cua cdc ham sd sau

a) yzémxs—m3x4+(7m+1)x—6m b) yzcos(Sx—gjﬂanx2

c) y= J5x2 —\2x + 2023
a) Cho ham s§ y=x*+x*+x-5 c6 do thi (C). Viét phuwong trinh tiép tuyén d ctua do
thi (C), biét rang tiép tuyén d song song véi duong thang 6x -y +2023=0.
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b) Cho ham s§ y=+/x++/x* +1. Chitng minh v&i moi gid tri thwc ctia X, gia tri cta
biéu thire A=4y"(1+x*)+4xy’ - y+ 2023 khong phu thudc vao x.

Cho ham sG y = f (x) c6 d6 thi (C) nhu hinh vé bén dwdi, d va d' lan lwot 1a hai tiép
tuyén cua (C) tai x=-2 va x=2. Dua vao hinh vé hay tim f'(-2), f'(2). bat
g(x)=f*(x)+3f(x)+2. Tinh g'(-2).

Mbt chat diém chuyén dong thang xac dinh boi phuong trinh s(t)=1t>+4t> 11t +7,
trong d6 t duoc tinh bang gidy va s duoc tinh bang mét. Tinh gia tdc ctia chat diém

tai thoi diém chat diém ding lai.

Cho hinh chop S.ABCD c6 day ABCD la hinh thoi tam O canh a, B/AT)=60°,

SO 1 (ABCD) va soz%a.

a) Chting minh (SAC) L (SBD).
b) Goi OK la duong cao ctia tam gidc OBC . Chitng minh BC L (SOK).
¢) Tinh gdc gitta hai mit phang (SBC) va (ABCD).
DE 05
Tinh céc gidi han sau:

2 _ _ 2
a) Iimx—25 b) "m2x—+?>,<+l c) Iim(\/x2+3x+x)

>5x2 —TX+10 o3 X— x>0
VX +5-3 .
—— khix>2
Tim cac gia tri caia m déhamsd f (x)= 2x—4 lién tuc tai x = 2.
m’>-2m+1 .
—— khix<?2

Tinh dao ham cua cdc ham sd sau
a) y=%mx3—(m+2)x2—(2m—6)x+m3 (m la tham sd)
b) y=xsin4x—cos3x c) y=x*+3x+1

—2X+3

a) Cho ham s y = 5 6 do thi 1a (C). Viét phuong trinh tiép tuyén véi (C) biét
X+

tiép tuyén vudng goc véi duong thang d :y = 7x+2023.
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b) Cho ham s§ f(x) c6 dao ham trén R. Xét cac ham s6 g(x)=f(x)- f(3x),
h(x)= f(x)- f (9). Biét h'(1)=4. Ching minh [g'(1)] +[¢'(3)] >16.
Mot con lac 10 xo dao dong diéu hoa theo phuwong ngang trén mit phang khong ma
sat, c6 phuong trinh chuyén dong x(t)= 4cos(nt—2§j+3, trong d6 t tinh bing giay
va x tinh bang centimét.
a) Tim van t3c tirc thoi va gia tdc tirc thoi ctia con 14c tai thoi diém t (s).
b) Tim thoi diém ma van tdc tie thoi ctia con lac bang 0.
Cho hinh chép S.ABC c6 day ABC la tam giac vudng tai C, SAL(ABC). Biét
AB=2a, AC=a, SA=a+/2.
a) Chiing minh (SBC) L (SAC).
b) Tinh gdc gitta dwong thang SC véi méit phang (SAB).
¢) Tinh gdc gitta hai mit phang (SBC) va (SAB).

DE 06
Tinh gi6i han

3
a) lim ﬂ b) lim (\/x4+x2+1—x2+3)

x——/2 X2_2 X—>—0
) lim Y2X+3 d) lim | (2x +1), |~ —
3 (x-3) X420 X" +x°+1
NOZZXXTD i x> -2
Tim m déhamss f(x)={ 2X+4 lién tuc tai X, =-2.

m? +%—2mx khi x < -2

Tinh dao ham cua cdc ham sd sau

a) y=(2x+1)vVx*-2x+3 b) y:ﬂ C) y = cos’(sin 2x)

3cosx+1

a) Viét phuong trinh tiép tuyén cta d6 thi (C):y = —%xs +X° —4x + 2 biét tiép tuyén

vudng goc véi duong thang d:y = %x +6.

b) Cho ham s6 y = tan x. Chitng minh rang: 6—},/—i,—c032x=1.
y |y

¢) Cho chuyén dong thing xac dinh boi phuwong trinh s(t)z_?ltsﬁLSt2 —-2t-4,

trong d6 t tinh bang gidy (s) va s tinh bang mét (m). Tinh gia tdc tai thoi diém ndo, van
toc ctia chuyén dong dat gia tri 16n nhat?
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Cho hinh chép S.ABCD c6 day ABCD la hinh thoi tam O, canh AB = a, BAD =60°,
SO L (ABCD), SO = 37?. Goi I la trung diém ctia BC, J la trung diém cta BI.

a) Chitng minh AC L (SBD).

b) Tinh géc tao boi SD va (ABCD)

c) Tinh gbc tao béi (SCD) va (ABCD)

d) Chteng minh: (SOJ) L (SBC).

PE 7
Tinh céc gidi han sau:
[y2 2 _1_
a) lim w; b) lim (x° +3x+ x* -2023); c) fjm YX_+3x 17X
X—>—00 4x -1 X—>—00 x—1 X—=1
2

. KAE hixs0 B

cho ham so: f(x) = X . Xac dinh gia tri cua tham s6 m dé ham so

xX*+x+1  khix<0
f(x) liéntuc tai x,=07?
Tinh dao ham cua cac ham so sau:

a) y=2x"-3x*+3x-1;b) y=sin(\/x2+3x); C) y=v-4x*+3.

Viét phuong trinh ti€p tuyén véi do thi ham s6 y=x*—4x*+3 tai di€ém c6 hoanh do
bing —1.

2_
Cho ham s§ y:L";?’. Giai bat phuong trinh y'> 0.

Thé tich nwéc cia mdt b€ boi sau t phat bom, duoc tinh theo céng thiic
4
V(t):%[SOtg—%) Téc d6 bom nuéc tai thoi diém t duoc tinh boi cong thic

v(t)=V'(t). Hoi t6c dd bom nudce ting tir phut bao nhiéu téi phit bao nhiéu?

Cho hinh chép S.ABCD c6 day ABCD la hinh vudéng tam O canh AB=a. Mat bén
(SAD) 1a tam gidc déu va vudng goc véi mit ddy. Goi M la trung diém ctia doan thang
AD.

a/ Ching minh: SM L (ABCD).

b/ Chting minh: (SCD) L (SAD).

¢/ Tinh gdc gitta hai mat phang (SBC) va (ABCD).



