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§3: TICH MOT SO VOI MOT VECTO

{ TOMTAT )

® Qui wéc: 0.a=0;k0=0

® 1 1a trung diém ctia doan thang AB thi véi moi diém M. Ta c6: MA + MA = 2MI

© G la trong tam cta tam gidc ABC thi véi moi diém M. Ta c6: MA +MB +MC =3MG .
O Ba diém phan biét A, B, C thing hang khi va chi khi 4B =kAC (k #0)

© Cho hai vecto a,b khong cung phwong véi moi x.Ta c6: x=ha+kb.

<0
Bdi tap tw luyén )
Bai 1) Cho a = 4B va diém O. Xac dinh diém M, N sao cho: OM =3a;ON = —4a.

Bai 2) Cho doan théng AB va mot diém M nam trén doan AB sao cho AM = %AB .

Tim s6 k sao cho:
a) AM =kAB b) AM =kBA ¢) MA=kMB
Bai 3) Cho hinh binh hanh ABCD c6 tam O va diém M tity y. Chiing minh rang;

a) DO+ AO = AB b) CO-OB = BA
¢) AB—BC =DB d) DA-DB=0D-0C
e) MA+MC = MB+MD =2MO £) AM +BM +CM + DM =40M

Bai 4) Cho AABC. Goi M, N, P Ian lugt 1a trung diém ctia BC, CA, AB.
Chttng minh rang:

a) AB+BC+CA=0 b) MN + NP+ PM =0
¢) AN+CM —PB=0 d) AP+BM +MP=0
e) Zﬁ+3‘1\2=%2€ £f) AM = (AB+AC)
g) AM +BN +CP=0 h) AP+ BM + AN + BP = PC

Bai 5) Cho hinh thang OABC. Goi M, N Ian luot la trung diém caa OB va OC.
Chttng minh rang:

a) M =2 0B -04 b) BN =10C - 0B ) MN = (0C - 05)
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Bai 6) Cho AABC ¢ G la trong tam tam giac va I 1a di€ém d6i xtiing ctia B qua G. Goi M la
trung diém ctia BC. Chting minh rang:

a) 24C—AB =34l b) 24B+3AC =6IC ¢) AC—54B =6MI
Bai 7) Cho AABC c6 trong tam G. Goi M thudc canh BC sao cho MB =2MC .

Chting minh rang;

a) AB+24C=34M . b) MA+MB+MC =3MG .

Bai 8) Cho tt gidc ABCD. Goi I, ] Ian lwot la trung diém cta AB, CD va O, M la diém bat ky.
Chting minh rang;
a) AD+BC=21J b) OA+0B+0C+0D=0

¢) MA+MB+MC +MD =4MO
Bai 9) Cho tt giac ABCD. Goi E, F, G, H lan luot la trung diém ctia AB, BC, CD, DA. G la

trung diém ctia FH, M 1a diém tuy y. Chiing minh rang;

a) AF +BG+CH +DE =0 b) AB+AC+ AD =44G

¢) MA+MB+MC+MD =ME +MF +MG+MH
Bai 10) Cho hinh binh hanh ABCD ¢6 tam O va E la trung diém cua AD.

Chting minh rang:
a) OA+OB+0C+0D=0 b) EA+EB+2EC=34B
) EB+2EA+4ED = EC
Bai 11) Cho 4 diém A, B, C, D. Goi M, N Ian luot la trung diém cua BC, CD. Chting minh

_— s

ré“mg: AB+AM+NA+5;1=%.5§.

Bai 12) Cho AABC. Trén canh BC 1dy cac diém D, E, F sao cho: BD = DE = EF = FC.

—_— — — —

Bai 13) Cho tit gidc ABCD c6 AB khong song song v6i CD. Goi M, N, P, Q lan luwot la trung
diém cua AD, BC, AC, DB.

a) Chting minh: MN = %(ZE +55) va PO = %(ZE —5@).

b) Chttng minh: MNPQ Ia hinh binh hanh.

c¢) GoiIla trung di€ém ctia MN va O la diém bat ky.

Chting minh rang; IA+IB+IC+ID=0 va OA+OB+OC+0OD=40I .

Bai 14) Cho hinh binh hanh ABCD ¢6 tam la O. Goi M, N Ian luot la trung diém caa BC, DC.
Chting minh rang;

a) OA+OM +ON =0 b) 2AM = AD +2AB
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c) 2 (A—]\/Y + A_]\7) =34C
Bai 15) Cho AABC. Goi H, G, O Ian luot la truc tam, trong tam va tam duong tron ngoai ti€p
AABC. Goi D la diém déi xtéing vi A qua O.
a) Chiing minh rang: BHCD 1a hinh binh hanh. Tt ¢4 hay tinh tong HB+HC .
b) CM: HA+HB+HC =2HO va OA+OB+0C = OH .
c) Nhén xét gi vé 3 diéem O, G, H?
Bai 16) Cho tit gidc ABCD. Goi I va J lan lwot 1a trung diém ctia hai dwong chéo AC va BD.
Chting minh rang: AB+CD=21J .
Bai 17) Cho hinh binh hanh ABCD tam O. Dung M, I, F sao cho:
a) MA+MB+MC = 4MD b) IA+2IB+3IC+4ID=0
o) 2FA+2FB=3FC~FD
Bai 18) Cho 3 diém A, B, C. Tim vi tri diém M théa:

—_—

a) MB+MC = AB b) 2MA+ MB +MC =0
c)m+2m+M—C:() d)m+m+2VC=5
e) MA+MB—-MC=0 £) MA+2MB—-MC =0

Bai 19) Cho AABC. Goi M la trung diém ctua AB va N la mot diém trén canh AC sao cho
NC=2NA.GoiK, D lan luot la trung diém cua MN va BC. Ching minh:

a) E:%E%R’ b) KD =

Bi 20) Cho AABC. LAy diém I ndm trén doan BC sao cho IB =2IC Tinh Al theo AB va AC
Bai 21) Cho AABC c6 trong tam G. Goi H la di€m d6i xting ctia B qua G. Chitng minh:

a) E:%E-%E b) c—H:_§@+m

¢) Goi M la trung diém ctia BC. Chitng minh: MH = éﬂ? —%E

Bai 22) Cho hinh binh hanh ABCD tam O. Hay xac dinh cac diém [, J, K L théa:
— — — —>
a)IA +IB + IC =4ID
b) 2JA +2JB = 3]C - JD
— — = >
c¢)2AK +3BK+KD =0
d) 4LA +3LB+2LC+LD=0
Bai 23) Cho AABC. Goi I 1a diém trén canh BC sao cho 2CI = 3BI va ] thudc BC kéo dai sao
cho 5]B=2]C.
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a) Biéu dién 4B, AC theo A, AJ .
b) Goi G la trong tam AABC . Tinh AG theo Al AT .

Bai 24) Cho AABC va M, N la trung diém cua AB, AC.
a) Goi P, Q 1a trung diém MN va BC. Chttng minh rang: A, P, Q thang hang.

b) Goi E, F thoa: ME = %A‘lﬁ , BF = %EE Chting minh rang: A, E, F thang hang.

Bai 25) Cho AABC biét E la trung diém cua AB va F thudc doan AC thoa man AF =2FC.

a) Goi M la trung diém cta BC va I thudc doan EF sao cho 4EI = 3FI. Chiing minh
rang: A, M, I thang hang.

b) Lay diém N thudc doan BC sao cho BN =2NCva di€ém J thudc doan EF sao cho
2] = 3]JF . Chttng minh rang: A, ], N thang hang.
Bai 26) Cho AABC. Goi M, N, P 1a cdc diém thoa man: MB—3MC =0, AN =3NC,
PB+PA=0. Chting minh rang: M, N, P thang hang.
Bai 27) Cho AABC. Goi L, M, N la cac diém thoa man: LB =2LC, MC = ‘?lm’ , NB+NA=0.

Chting minh rang: L, M, N thang hang.
Bai 28) Cho AABC v6i G 1a trong tAm. Goi I, ] thoa man: 2I4+3IC =0, 2J4+5JB+3JC=0.
Chting minh rang;
a) Ba diém M, N, ] thang hang véi M, N 1a trung diém AB, BC.
b) J la trung diém caa BL

¢) Goi E la diém thudc doan AB va thoa man AE =k AB . Xac dinhk déC,E, ] th:fmg
hang.

Bai 29) Cho hai diém A,B ¢6 dinh. Tim quy tich di€m M sao cho:

a) ‘A—/[ZH\?E‘:Z

e
b) ‘A—/[Z+A_/[1§‘ :‘ZE‘
) \m+m\ - 2‘@‘

d) [+ + 18| = iz

Treong THPT QUANG TRUNG

J

/




