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THANH PHO HO CHIi MINH
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GQI Y HUONG DAN HOC SINH TU HQC — TUAN 11
MON TOAN — KHOI 10

NOI DUNG

Tén bai hoc chi dé:

Pai S6 10: Phuong trinh va hé phuong trinh bac
nhat nhiéu an

Hinh hoc 10: Gié tri lugng giac cua mot goc bat
ki 0° ¢én 180° . Tich v6 huéng cua hai vecto

Hoat dong 1: Poc tai liéu va thuc hién cac
yéu cau

1.Tai liéu tham khao:

- Sach gido khoa Pai S6 10 (ban chuan).

- Sach giao khoa Hinh hoc 10 (ban chuan).

- Céc video ¢ lién quan dén bai hoc trén
Youtube (HS c6 thé tu do xem céc video phi
hop véi kha nang tiép thu cia minh khi c¢6 diéu
kign).

- Tom tat kién thic can nhd (Phuy luc 1 - Dinh
keém)

2.Y8u cau:

- Hoc sinh ghi chép day du, can than Phu luc 1
vao vé bai hoc, can ghi chi danh dau, t6 mau
cac phan chd y. V& hinh can than, sach dep.

- Trong qua trinh doc va ghi chép, néu thic mac
hoc sinh dién vao Phiéu tong hop thic mic (Phu
luc 2 - Binh kém) va sém lién hé véi giao vién
dé duoc kip thoi giai dap.

Hoat déng 2: Kiém tra, danh gia qua trinh tu
hoc

Hoan thanh phiéu hoc tap (phu luc 3 — dinh
kém), chup va nop lai theo yéu cau giéo vién.




PHULUC1
CHUONG III: PHUONG TRINH VA HE PHUONG TRINH
§3 PHUONG TRINH VA HE PHUONG TRINH BAC NHAT NHIEU AN

I. On tap vé phuwong trinh va h¢ hai phwong trinh bac nhat hai an

1. Phwong trinh bac nhdt hai én: C6 dang ax+by=c (a,b,ceR, a’+b? =0)
e Cipsd (X3 ¥,) 9oi la nghiém cua phuong trinh ax+by =c néu (X1 Y,) thoa man phuong trinh

ax+hby=c.
e Biéu dién hinh hoc tap nghiém cta phuong trinh ax+by =c¢ trong mat phang Oxy la mot duong thang

-a_ ¢
d:ax+by=cey=—x+—.
y y b b

2. Hé hai phwong trinh bdc nhdt hai dn
ar+by = ¢

Co dgn
ab a,r + by = c,

(af +0' =0,a; +b =0), (I

VGi x,y1a an, cac chir s6 con lai 1a hé sd.
Cach gidi: Phuong phap cong dai s6 hay phuong phap thé.
I1. Hé ba phwong trinh bdc nhdt ba an.
ax+by+cz=d,
C6 dang: Ja,x+b,y+c,z=d, Vi x,y,z |2 an, cac chir s6 con lai 12 hé sé.
ax+by+cz=d,
Céch gigi: Khir dan cac an bang phuong phap cong dai sé hoic bang phuong phap thé.
2X—y+2=-3
Vidu 1: Giai h¢ phuong trinh < x+y+x=3
2X—2X+72=-2

Loi giai
2X—-y+2=-3 2X—-y+2=-3 2X—-y+2=-3 2X—y+2=-3 X=-8
X+y+2=3 S 2X+2y+22=6<:3y+2=9 &12=12 < qy=-L
2X-2y+2=-2 2X-2y+2=-2 y=-1 y=-1 z=12

Vi du 2: C6 ba l6p 10AL 10A2, 10A3 gom 128 em cung tham gia lao dong trong cdy. Mdi em 16p 10AL
trong dugc 3 cdy bach dan va 4 ciy bang. Mdi em 16p 10A2 trong duoc 2 ciy bach dan va 5 cay
bang. Mbi em 16p 10A3 trong dugc 6 cay bach dan. Ca ba 16p trong duoc 1a 476 cay bach dan va
375 cay bang. Hoi mdi 16p ¢6 bao nhiéu hoc sinh ?

Loi giai
Goi sb hoc sinh cua 16p 10A1, 10A2, 10A3 lan luot 12 x, Y, Z
Diéu kién: x, y, z nguyén duong.

X+Yy+2z=128
Theo dé bai, ta 1ap duoc hé phuong trinh {3x+2y + 6z = 476.

4x+5y =375

Giai hé ta dugc x =40,y =43, z=45.
> DANG TOAN 1: HE PHUONG TRINH POI XUNG .
1) Hé d6i xirng loai 1
Hé phuong trinh d6i xang loai 1 13 hé phuong trinh c¢6 dang:



) =0 . .
Q) J) VOi f oy =f gz Vag my =g gz .
9(z,y) =0
(C6 nghia 13 khi ta hoan vi gitra x vay thi f(x, y) va g(x, y) khong thay doi).
Cach giai

eDatS=x+y, P=xy.

e Pua hé phuong trinh (I) vé hé (I') véi cac an 1a S va P.

e Giai hé (I') ta tim duoc S va P.

e Timnghiém z;y bang cach giai phuong trinh: X*> — SX + P = 0.
2) H¢ ddi xieng loai 2
flay)=0 (1)
fly,z) =
(C6 nghia 1a khi hoan vi gitra X va y thi (1) bién thanh (2) va nguoc lai).
fzy) = fly,2) =0 (3)
fla,y) =0

=)
—
DO
N—

Hé phuong trinh d6i xing loai 2 1a hé phuong trinh c6 dang: (I1) {

o Trir (1) va (2) vé theo Vé ta duoc: (Il) < {

Tr =

e Bién doi (3) vé phuong trinh tich: (3) & (z — y).9(z,y) = 0 < :
9(z,y) = 0

=y
flz,y) =0
9(z,y) = 0

[f(x,y) =0
e Nhu vay (Il) < |

e Giai cac hé phuong trinh trén ta tim dugc nghiém cuaa hé (11).
ChU y: Hé phuong trinh d6i xang loai 1, 2 néu c6 nghiém 1a z;y, thi y,;z, ciing 1a mot nghiém
cua no.
Vi du: Giai cac hé phuong trinh sau
2’y + zy* = 30
a) gy 3y :
z° +y® =35
Dit S =z +y, P = ay, diéu kién S* > 4P . Hé phuong trinh tré thanh:
p_ 30
{SP::%O -5 15:5 1x+y:5 {:1:: v{sz
, e e, e & -
S(S* — 3P) = 35 5[52_@]:35 P=6 =
P =1 —32* + 2z
b) y? 3 2
=y =3y +2
Trir vé Vi vé ciia phuong trinh dau va phuong trinh thir hai ta dugc:
y' ot =2 -y’ =302 —y’) + 2z —y)
S (z—y)(a® +ay+y* —22x—-2y+2)=0

1
<:>5(:5—@/)[302+y2+(:c+y—2)2]:0(:>x:y

Wi+ +(x+y—2° >0
Thay = = y vao phuong trinh dau ta duoc:



P =4 +2r =0 & 2(2” —42+2) =0
= =
P —dr+2=0" |z=2++2

Vay h¢ phuong trinh cé ba nghiém: (0;0);(2 + J2:2 + \/5) va (2 — J2:2 - \/5) :
> DANG TOAN 2: HE PHUONG TRiNH PANG CAP BAC HAI .
Phwong phap giai.

. . - P+bry +cy’ =d
Hé phuong trinh dang cap bac hai la hé phuong trinh ¢6 dang: (1) ale i ClyQ .
a,r” + bay +¢,y° = d,
e Giai h¢ khi x =0 (hoacy = 0).
e Khix =0, dit y = tz. Thé vao hé (I) ta duoc hé theo & va z . Khir z ta tim dugc phuong trinh bac
hai theo k. Giai phuong trinh nay ta tim duoc &, tir @6 tim duwoCc z; y .
] - *+6y° —bzy =0 (1
Vi du :Giai h¢ phuong trinh sau: x2 Y i )
42 4 2zy + 62 = 27 (2)
Néu z =0 thay vao 1 = y = 0, thay vao (2) thdy =y = 0,0 la nghiém cta phuong trinh (2)
nén khong phai la nghiém cua hé phuong trinh.
z* + 6t%y* — 5tx* = 0

Néu z = 0, dit y = ¢z , thay vao hé ta duoc , )
4z° + 2tx” + 62 = 27

(14612 —5) = 0 612 — 50 +1 =0 (%)
=
4x* + 2tx* + 6x = 27 4x* + 2tx* + 6x = 27 (**)

(*)@t:lhoaict:1
2 3

Voi t = % thay vao (**) ta dugc 42* + 2* + 6z = 27 < 52° + 62 — 27 = 0

x:—3:>y:—g
p=—

p=do =9

5 Y710

Voi t = % thay vao (**) ta dugc 4z* + %xQ +6x =27 & 142° +182—81 =0

9 1++15 3 1++15
T YT T
& Vay hé phuong trinh ¢6 nghiém z;y la
9 V15 -1 3415 -1 y e phuong 8
T=—=Sy=——
14 14
3V (9 o) 91+v15 314415 | (94151 3151
_3;__7_;_7_ T 9 ;
[ 2][5 10] 14 14 14 14

HET



CHUONG II: TICH VO HUONG CUA HAI VECTO VA UNG DUNG
BAI 1: GIA TRI LUQNG GIAC CUA MQT GOC BAT TU 0° PEN 180°
1. Pinh nghia: Véi mdi goc o 0° <a<180° ta xac dinh mot diém as trén nira duong tron don vi
sa0 cho xOM =« VA gia str diém a7 cOtoa dd M x,:, .
¢ Khi d6 ta c6 dinh nghia:

e sincuagoc o la y, Kihiéu sina=y;
i , . L n A
e cosincuagoc o la x, Ki hiéu cosa = x; .
M .
e tangcuagoc o 1a 2 x =0, ki hiéu tana =20, '
X X Y X
z \ 7 LA -1 X o 1 -
e cotangciagoc a 1a 2 y =0, ki hiéu cota =2
Yo B4
2. Tinh chat;
sina=sin 180° —a N
cosav=—cos 180° —« ﬁ \
o b
tano = —tan 180° — tin g j
cotar=—cot 180° —a . \t
3. Gia tri lwgng giac cua cac goc dac biét
Giatri o 0° 30° 45° 60° 90° 180°
1
sin o 0 = Q ﬁ 1 0
2 2 2
1
cos 1 ﬁ Q = 0 -1
2 2 2
1
tan o 0 ﬁ 1 J3 [ 0
H NG - 0 H
cot « 1 \/5
+ Coéng thuc co ban:
sina+cos’ o =1. tana.cota =1.
1
l+cot’ a = ——. I+tan’ o =———.
sin” cos” a
+ Gid tri lwong giéc cua cac goc phu nhau:
sin(900 —a) =cosa. cos<90° —a) =sina.
tan(90° —a) =cota. cot(90° —a) =tana.
+Gid tri luvgng gi&c cua cc goc bu nhau:
sin(180° —a):sina. cos(180° —a):—cosa.
tan(180°—a)=—tana. cot(180°—a)=—cota.




4. Géc giira hai vecto

*Cho hai vecto 2 va b déu khéac vecto 0. Tir mot diém
o batKitavé 0d=a va 0B=4 GOC A0B Vi sd do tir
0° dén 180° duogc goi la goc gitra hai vecto 2 va

eTa ki hiéu goc giira hai vecto 2 va 4 12 25 . Néu
a,b =90° thi ta néi ring 2z va % vudng goc véi nhau,

ki hiéu la 21 5 hodc 51 a.

/ o

m-Chu y. Tur dinh nghia ta ¢6

[ WA

ab = ba.

Vi du: Cho hinh vuéng ABCD tdm o . Tinh goc

a) AB,DC . b)

C) CO,DC . d)
Léi gidi

TacO AB,DC cung huéng nén AB,DC =0°.

Tacod AD,CB ngugc huéng nén AD,CB =180°.

Taco V& CE=DC thi CO,DC = CO,CE =OCE =135°.

TacO OA,DO = OA,0B =90°.

AD,CB .

0A,DO .




BAI 2: TICH VO HUONG GIUA HAI VECTO
1. Dinh nghia
- Cho hai vecto @ va b déu khéac vecto 0. Tich vo hudng cua a va b 1a mot sb, ki hieu 13 @. b, duoc
xac dinh bai cong thirc sau:
d.b = |d|.|b|cos(d,b)
-Truong hop it nhat mot trong hai vecto @ va b b3 ng vecto 0. Ta quy uoc a G.b =
**Chay
-V6i d@ va b khéc vecto 0 tacd d.b = 0 < @ L b.
-Khi @ = b tich v6 huéng @.d duoc ki hiéu 1a a? vasé nay duoc goi 1a binh phwong vo huéng cua
vecto d.
Ta co:
= |d|.|d]|.cos0° = |d|?
2. Tinh chat
Tinh chat: Nhgn xét

=

Véi ba vecto & b, ¢ bat Ki va moi b k ta (g +5)” = a2 + 24.
co: 5.2
(@—b) =a*-2

(@+b)(d@—-b)=a*- b

Q
S
S
. N

Il

S
QL
S
S
. N

.d (tinh chat giao hoan);
( ) = d.b + d. ¢ (tinh chat phan phdi);
(kd).b = k(d.b) = d.(kb);
i’ >0,d*°=0ed=0.
3. Biéu thiic tea dd cta tich vo huéng
Trén mit phang toa do (0; T: ), cho hai vecto @ = (ay; a,), b = (by; by).
-Khi d6 tich v huéng @.b 1: d.b = a,by + ayb,

o S

QL QA
_|_
oy

-Nhan xét: Hai vecto a = (ay; a,), b= (by; b,) déu khéc vecto 0 vudng gdc vai nhau khi va chi khi
a;b; +a,b, =0
4. Ung dung:
a. Do dai caa vecto
-Do dai cua vecto a = (aq; a,) dugc tinh theo cong thuc:

ld| = /af + a5

-Tur dinh nghia tich v huéng cia hai vecto ta suy ra néu @ = (ay; a,) va b = (by; b,) déu khac 0 thi
ta co

b. Goc giira hai vecto

L - a.b a;b; + a,b,
cos(a; b)= —- = = = = =
ldl.|b| +a? + a3.\/b? + b3

c. Khoang cach giira hai diém
-Khoang céch gitra hai diém A(x4; y4) Va B(xp; y5) duoc tinh theo cong thic:

B = \/(XB — %)%+ (yp — ya)?




Vi du 1: Cho tam gic déu ABC canh a . Tinh AB.AC, AB.BC,BH.AC .
Loi gidi
Taco EE = a.a.cos60° = %aZ ;

AB.BC = a.a.cos120° = —%az hOé.C AB.BC = —BA.BC = —a.a.cos60° = —%az .

Vi BH 1L AC nén BH.AC =0.
Vidu2: Cho a= 1,-3 ,b= 2;5. Tinh tich vé huéng

!
_|_
S
S
|
S

a) ab. b) aa+2b . c)
Loi gidi
a) Tacd ab=12+ -3 5=2-15=-13,

b) TacO a+2b= 1,-3 + 410 = 57 =aa+2b =15+ -3 .7=-16.

c) Tacd a+b=1-3 + 2,5 = 3;2 ;

—

a—b = 1,-3 — 2,5 = —1,-8 .

Suyra  a+b a—b =3 -1+2 -8 =—19.
7 7 - - = ind -2 -2
Cach khdc a+bv a—b =a —b = 149 — 4425 =—19.
Vi du 3: Cho céc diém A 443;-1,B 0;3 ,C 83;3

a) Tinh cac canh cua tam gidc ABC. b) Tinh cac goc cua tam gidc ABC.
Loi gidi
a) TacO AB= —43;4 = AB=+/48+16 =8;

BC = 830 = BC =84/3.

CA= —4J3;—4 = AC=8.

AB®> + AC* —BC? 128-192 64 1

2AB.AC 128 128 2°
Suy ra A=120° va vi tam giac can tai A nén B=c=30°.

b) TacoO cosA=




PHU LUC 2

PHIEU TONG HQOP CAU HOI - THAC MAC
CUA HQC SINH TRONG QUA TRINH TU HQC — TUAN 11

Truong THPT Nguyén T4t Thanh
Lop 10A...

Ho VA tBn hoC SINN: ..o,

Bai Noi dung hoc tap Cau hei cia hec sinh
1. Céau hoi 1.
Phwong trinh va hé phuwong | 2. Cau hoi 2.
trinh bac nhat nhiéu an 3. Cau hoi 3
1. Cau hoi 1.
Tich vd hwong caa hai vecto | 2. Cau hoi 2.
3. Cau hoi 3




PHU LUC 3
Phiéu Hoc Tap
*PAI SO: PHUONG TRINH VA HE PHUONG TRINH BAC NHAT NHIEU AN
Céu 1 : Cap (X,; Y, )nao sau day khong phai 1a nghiém cua phuong trinh x+2y =4

A (%) =(0;2). B. (%:¥,)=(2;1). C. (X ¥0)=(-2;-3). D. (X;¥o)=(40).
Cau 2 : Nghiém ctia hé phuong trinh { XTY=S
2x+3y =15
A.{XZ_G, B.{XZG c {x:—6 D. {X:G
y=1 y=-1 y=-1 y=1
A . . cn A . 5x—-2y =8 X 1A LA e 5
Cau 3 : Goi (Xy;Y,) 1a nghiém cta hé phuong trinh y+3y=5 Moi lién hé gilra X,,Y, la
A. X, =3Y,. B. X, =2Y,. C.y, =3X,. D. X, =-2Y,.
X+y+z=6
Cau 4 : Nghiém cua hé phuong trinh {2x+y-3z=-5 la
3X—-y+4z=13
A.(1,23). B.(L;-2;3). C. (-1;-2-3). D. (-1;2;-3).

Cau 5 : Hai ban Van va Lan dén cira hang mua trai cdy. Ban Van mua 10 qua quyt,7 qua cam voi
gi4 tién 1a 17800 dong. Ban Lan mua 12 qua quyt, 6 qua cam hét 18000 ddng. Hoi gia tién mdi qua
quyt la bao nhiéu?

A. 800ddng. B.1400ddng. C.1000dong. D. 850 dong.

Bai 6. Ba phan s6 déu co tir bang 1va tong cua ba phan so dé bang 1. Hiéu cua phan s6 thir nhit va

phan so thtr hai bang phén sb thr ba, con tong cua phan sé thir nhat va phan sb thir hai bang 5 lan

phan sb th ba. Tim cac phan s d6
111 B

T C.
236

pll?1l
9

Nll—‘
ooll—x

N~
gl
CD_lH
N -
Wl
oo_ll—\

Huéng dan giai
Chon A. o ‘ ‘
Goi ba phan so can tim lan luot la: x,y,z ( diéu kién x,y,xe@)

X+y+z=1

[ AN

r\Jlr—\
OOIH

1
2
Ta c6 h¢ phuong trinh : § x—-y=z <<y :% Vay ba phan s6 can tim lan luot 1a
X+y=1z 1
6

Bai 7. Hai cong nhan cung lam mot cong viéc trong 18 gid thi xong. Neu ngudi thir nhat lam 6 glo
va nguoi thi hai 1am 12 gio thi chi hoan thanh 50% cong viéc. Hoi néu lam riéng thi nguoi thir nhat
hoan thanh cong viéc d6 trong thoi gian bao 1au?
A. Nguoi thir nhat hoan thanh trong 35gio.  B. Nguoi thi nhat hoan thanh trong 30 gio.
C. Nguoi thir nhat hoan thanh trong 36 gio. D. Ngudi thir nhat hoan thanh trong 39 gio.



*HINH HOC: TiICH VO HUONG GIUA HAI VECTO

Cau 1: Cho hai vecto @ va b déu khac 0. Khing dinh nao sau day ding?
A.ab =‘§‘.‘5‘. B.ab =‘5‘.‘5‘.cos(5,5).
C.ab= ‘5.5‘.cos<5, B) . D.ab= ‘5‘.‘5‘.sin (5,6) .

CAu 2: Trong h¢ toa d6Oxy , cho G =i +3] vav =(2,-1).Tinh uv.

A Uv=-1 B. uv=1, C.uv=(2-3). D UV=5v2
Cau3.  Trong mat phang Oxy, cho céc diém A(—4;2),B(2;4). Tinh do dai AB..

A AB=2J10 B. AB=4, C. AB=40. D. AB=2,
Cau4.  Cho haivéc toa=(-11);b=(2;0). Géc giita hai véc toa,b I

A. 45°, B. 60°, C. 90°, D. 135°,
Cau5. Cho AABC @&u canha. Goc giira hai vécto AB vaBC 1A

A. 120° B. 60°, C. 45°, D. 135°,

Cau 6.  Trén mit phang toa 4o Oxy, cho tam giac ABC bict A(13), B(-2;,-2),C(3;1). Tinh cosin goc A
clia tam giac.

2 1 2 1
A.COSA=——. B.CoOsA=——. C.cosA=———. D.cosA=—-———.
J17 J17 J17 J17
Cau7. Cho tam giac ABC vudng tai A c6 AB=a, AC =a+/3 VAAM Ila trung tuyén. Tinh tich vo huéng
BAAM .
2 2
A —a2. B.aZ. c-& D2
2 2
Cau8. Choa =(L —2). Vdi gid tri ndo ctay thib =(-3;y) vuong goc voia ?
A. 6. B.6. c.—g. D. 3.
Cau 9. Cho tam giac ABC déu canh banga, trong timG . Tich vo hudng ctia hai vecto BC.CG bang
22 a2 32 22
A —. B.——. C.—. D.—.
V2 V2 2 2
Cau 10. Cho hinh vudng ABCD, tamO, canh bing a . Tim ménh dé sai:
I, . 2 2
A. ABAC=a?, B. AC.BD =0, C. AB.AO:%. D.AB.BO:%.
Céu 11. Cho tam giac ABC co A(5;3), B(2;—1) , C(—1;5). Tim toa d¢ tryc tam H cua tam giac ABC .
A H(=32). B.H(-3-2). C.H(32). D.H(3-2).
Cau 12. Cho ba vectoa,b,c thoa mﬁn‘a‘ =1,\B\ - 2,\5—6\ =3. Tinh(a-2b).(2a+b).
A.—6. B.8. C.4. D.0.
Cau13. Choa,b c6(a+2b) vuéng goc voi vecto(5a—4b) vala| =|o|. Khi do:
- - - S
A. cos(a,b):ﬁ. B.cos(a,b)=90°. C.cos(a,b)=£. D.cos(a,b)=—.
2 2 2

Cau 14. ChoAABC vuéng tai A, biét ABCB =4, AC.BC =9. Khi d6 AB, AC ,BC ¢6 d¢ dai la
A.2:3;\13. B.3;4:5. C.2:4;245. D.4;6;2413.

Cau 15.  Cho hinh thang vuong ABCD c¢ déay 16n AB =4a, ddy nho CD =2a, duong cao AD=3a;I la
trung diem cua | . Khido | bang

2 )
A.Q%. B.%. c.0. D. 922



Céau 16.

Cau 17.

Céau 18.

Céau 19.

Cho tam gisc déu ABC canh 18cm. Tap hop cic diémM théoa min dang thic
2MA+3MB +4MC]| =|MA- MB] 2

A. Tap rong. B. Puong tron ¢ dinh ¢6 ban kinh R =2cm .

C. Duong tron ¢b dinh ¢6 bankinhR=3cm.  D. Mot dudng thing.

Cho tam gidc ABC déu canh bang a. Tap hop cic diém M thoa min ding thic
2
4AMA? + MB? + MC? =5% nam trén mot dudng tron(C) ¢6 ban kinhR. TinhR.

a J3 a

a
. B.R=-—. C.R=——. D.R=—.
4 2 \6

Cho ba véc-toa,b,c thoa mﬁn:‘§‘=4,‘5‘=1,‘6‘=5 va 5(5—5)+3E=6 . Khi d6 bidu thic

AR=

&le

M=ab+bc+ca cogiatrla

A. 29, B.6—27. C.18,25. D.-18,25.

Cho hinh vuéng ABCD c¢6 canh bangl. Hai diém M , N thay di lan luot & trén canh AB, AD sao
cho AM = x(0< x<1),DN = y(0<y <1). Tim mdi lién h¢ giita X va y sao choCM L BN

A.x-y=0. B.x—y\/§=0. C.x+y=1. D.x—y\@=0.

HET



