BAI 2. TONG VA HIEU HAI VECTO
I. Li THUYET TRONG TAM
Pinh nghia
Cho hai vecto ava b. Liy mot diém 4 tiy y. V& AB=a va Mo ring Quy tdc ba  diém
BC =b . Khi d6 vecto AC dugc goi 1a tong cua hai vecto a va AB+BC =AC
- B

F; E 5
Ki hi¢u: AC=AB+BC=a+b

Quy tic hinh binh hanh BMC
Néu ABCD 1a hinh binh hanh thi AB+ AD = AC.. -

Tinh chit phép cdng cac vecto

V61 ba vecto Zz,l;,; tuy v, ta co
Tinh chit giao hoan a+b=b+a
Tinh chét két hop (a+b)+c=a+(b+c)

Tinh chét ciia vecto — khong a+0=0+a=a

Vecto doi
Vecto ¢6 cung do dai va nguge hudng véi vecto a duge goi la  Chut y: Vecto doi cia 01/a0.

vecto doi cua vecto a, ki hiéu —a.

Hiéu hai vecto

Cho hai vecto Zz,l;. Ta goi hiéu cua hai vecto a va b la vecto Mo rgng: Quy tac AB—AC =CB

a+(~b), ki hicu a—b

Trung diém doan thang va trong tAm tam giac

Piém I 1a trung diém doan 4B khi va chi khi JA+1B =0
Piém G la trong tim ciia tam gidc ABC khi va chi khi

GA+GB+GC =0

So db li thuyét
/Quy tac hinh binh hénh\
AD+AB = AC
Quy téc ba diém: W P ©
AC = AB+ BC J rang 1




Tong va hiéu

hai vecto

\ Hiéu hai vecto:

AB-AC=CB

4 N

Diém I 1a trung diém cta doan 4B

< IA+IB=0

Diém G 1a trong tim ctia tam giac ABC

< GA+GB+GC =0

- )

II. CAC DANG BAI TAP
Dang 1: Tim tdng ciia hai vecto va tong ciia nhiéu vecto

Bai toan 1. Sir dung quy tic ba diém tinh tong cic vecto

4+ Phwong phap giai Vi du: cho tam gidc ABC ¢6 M, N, P lan luot la
St dung quy tic ba diém trung diém cua 4B, BC, CA. Khi d6
Ap dung: Khi diém cubi cua vecto nay 1a diém dau &
cua vecto kia.
M P
B Cc

N
ZE+CZ+§5:(ZE+E@)+@
AC+CA

A

a)

I
ol a

b) AM +AP = AN (quy téc hinh binh hanh).
¢) AM+BN +CP =AM + MP+PA=AA=0

4+ Vidu miu
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Vi du 1: Cho bén diém M, N, P, Q bat ky. Xac dinh vecto tong Meo: Khi cgng hai vecto
- . . ta khéng can vé hinh chi
a) MN = PQ + NP ¢

can chon nhitng cdp vecto

b) MP+ ﬁé +PN +0OM c6 diém dau vecto nay la
Huéng dtfn gidi diém cudi vecto kia d@é tim

vecto t(fng.

a) Ta co W+ITQ+W:(W+JW)+@:W+P—Q:M—Q

b) Ta ¢6 W+N—Q+W+QTM=(M—P+W)+(N—Q+QTM):MN+NM=MM=6.
Vidu 2: Cho lyc giac déu ABCDEF tam O. Tinh tong cia cac vecto

b) OA+OB+0C + 0D +OE + OF

¢) BC+OF + DO

Huéng dén gidi

eI b
a) AB+OE = AB+BO = AO
5;\+5§+55+55+5E+513:(5;&+55)+(51§+5E)+(55+513)
=0+0+0=0.
¢) BC+OF +DO = BC +CO+OA = BO +OA = BA.
Bai toan 2. Sir dung quy tic hinh binh hanh

4 Phuong phdp gidi Vi du: Cho tam giac ABC. Tinh tong AB+AC
Quy tac hinh binh hanh Huéng din gidi
B c c D
A# il B)
AB+AD = AC A >B
Ap dung: Khi hai vecto c6 chung diém dau. V& hinh binh hanh ABDC, suy ra AB+AC = AD.

4+ Vidu miu

Vi du: Cho tam giac ABC. Hay xac dinh vecto tong ciia cac vecto.
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a) AB+ AM v&i M 1a trung diém cua BC.

b) AB+AC
c) AB+NC v6iN la trung diém AC.
Huéng dén gidi
A
N
B s

| D
a) V& hinh binh hanh 4ABIM, suy ra AB+AM = Al
b) V& hinh binh hanh ABDC, suy ra AB+ AC = AD
¢) V& hinh binh hanh 4BJN, (J 1a trung diém B), suy ra AB+NC =AB+AN =AJ .
4+ Bai tip tu luyén dang 1

Cau 1: Cho ba diém 4, B, C phan biét. Téng CB+ AC bing

A. BA. B. 0. C. AB. D. —AB.
Céu 2: Cho bdn diém bat ki 4, B, C, O. Pang thiic nio sau day ding?

A. OA=OB+AB.  B. AB=OB+O0A. C. AB=AC +BC. D. OA=CA+0C.
Cau 3: Chon két qua sai.

A. BA+AB=0. B. CA+AC = AB. C. CA+BC = BA. D. MN +NX = MX.
Cau 4: Cho hinh binh hanh 4BCD tam O. Khi d6 OA + BO bing

A. OC +OB. B. AB. C. OC+DO. D. CD.

Cau 5: Cho nam diém bat ky 4, B, C, D, O va vecto x=CD+DA+AO+0C Khiang dinh nao sau day
dang?

A. x=CB. B. x=BD. C. x=CA. D. x=0.
Ciau 6: Tong vecto W+FQ+EN+NI-’+§E bang

A. MR. B. MO. C. MP. D. MN.
Céu 7: Cho hinh binh hanh ABCD. Ping thirc vecto nao sau ddy ding?
A. DA+DC=DB.  B. BA+BD=BC. C. DA+DB=DC. D. AB+AC = AD.
Ciu 8: Cho hinh chit nhat ABCD. Goi O 1a giao diém ciia AC va BD. Phét biéu nao sau day la ding?
A. OA=0B=0C =OD. B. AC = BD.
C. |0OA+OB+0C+0D|=0. D. AC+DA=AB.
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Cau 9: Cho sau diém 4, B, C, D, E, F bt ki. Téng vecto AB+CD +EF bing
A. AF +CE +DB. B. AE+CB+DF. C. AD+CF +EB. D. AE+BC + DF.
Dang 2: Tim vecto ddi va hiéu ciia hai vecto
4 Phwong phap giai
- Vecto dbi cua vecto @ 1a vecto cing phuong, Vidu: Cho luc gidc déu ABCDEF tam O. Khi do

nguoc hudng va cung d6 dai voi a. A 4

Ki hiéu: —a.

E c

\

E i

a) Céc vecto bang OC 1a FO, 4B, ED.

- Vé&i moi vecto 4 tacod ZH_(_;!) -0 b) Cac vecto doi cuaOC la CO, OF , BA, DE

) _ . ¢) Hiéu cua vecto AB va EO 1a

- M6t vecto doi cua vecto AB 1a vecto BA. e
. AB—EO =AB+OE = AB+ BO = AO

- Nhén xét: AB=—-BA.

o _ - - . d) Tng hiéu cua cac vecto AB+CD—EF 1a
- Hi€u hi€u cua hai vecto a va b la tong ctia vecto

o vesto db ciia vecto AB+CD~EF =(AB+BO)+ FE = AG+0D = AD .
a va vecto doi cua vecto b.

a-b=a=(-b)

- Cac quy tic tim hiéu hai vecto

Quy tic 1: Hiéu hai vecto c6 chung diém dau.
AB-AC =CB.

Quy tac 2: Hiéu hai vecto c6 chung di€m cuoi.

AC-BC = AB.

< Vidu miu
Vi du 1. Cho cac vecto a.b,c bit ky. Chirng minh a+b=c<a=c—b. Luu  y:  Cong  thic
Huéng dén gidi atb=cea=c—b

R _— L g duoe goi la quy tdc chuyén
Gid sit a+b=c.Cong vecto —b vao ca hai vé ta dugc PR
vé - doi dau doi vdi vecto.
(a+b)+(—b)=c+(—b) = a+(b—b)=c—b<:> a=c—-b (1) Tir bai todn nay tré di, ta
sé ap dung tinh chdt nay

Nguoc lai a =c—b, cdng vecto b vao ca hai vé ta duogc v khong chimg minh lai.

&+B=(E—l§)+l§<:>&+B=E+(1§—I§)<:>Zz+l§=5 2)

Tu (1) va (2) tasuy ra a+b=c<a=c—b

Vi du 2: Cho hai tam giac 4BC ¢6 M, N, P lan lugt 1a trung diém cta 4B, BC, CA.
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a) Tim cac vecto ddi ciia vecto MN .
b) Tim hiéu cua hai vecto MN va AB.
c¢) Xac dinh vecto AM +CB - AP

Huéng dén gidi

N
a) Cac vecto déi ctia MN 1a W,ﬁ,@.
b) Ap dung quy tic tim hiéu cta hai vecto chung diém dau, ta c6 AM - AB=BM .
¢) Ta co W+C—N—ﬁ=(ﬁ4—ﬁ)+c—N=W+c—N=W+C—N=C—N+N—B=CTB.
Vi du 3: Cho bén diém M, N, P, Q bat ky. Xac dinh cac vecto sau
a) MQ~NQ.
b) MN — MP + NP.
c) W—FQ+@.
Huéng din gidi
a) Ap dung quy tic tim hiéu hai vecto chung nhau diém cubi, ta c6 Mé —JVQ =MN .
b) Ta co MN - MP + NP — (VN — MP)+ NP = PN+ NP = PP 0
¢) Ta co W—FQ+@:(W+@)—FQ:@—FQ:W
Vi du 4: Cho hinh binh hanh ABCD ¢6 tam O. Tim cac vecto sau
a) BD - BA.
b) BC - BD + BA.
¢) OC +AB - DO.
d) AD-BA-AO.

Huéng din gidi

D Cc

a) Theo quy tic tim hiéu hai vecto, ta c6 BD-BA=AD.
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b) Ta co (% — E)) +BA (tim hiéu hai vecto c6 chung diém dau)
=DC+BA=DC+CD=DD=0.
c) Tacod OC+AB-DO =AB + (O—C —O—B) (hiéu hai vecto c6 chung diém dau)
= AB+BC = AC.
d) Ta co AD-BA-AO = (E - R)) —BA (hiéu hai vecto ¢6 chung diém dau)
=0D-CD=0C (hiéu hai vecto c6 chung diém cudi).
Vi du 5: Cho hai diém cd dinh 4, B. Goi I 1a trung diém 4B. Tim tap hop cac diém M thoa mén dang thirc
vecto [¥7A - 14|~ |MA - 1B
Huéng din gidi
Ta c6 [MA ~ 14| =|MA - MB| < M| = |BA| < MI = BA= R

Vay tap hop cac diém M 1a duong tron tdm 7 ban kinh R = AB.

4+ Bai tip ty luyén dang 2

Cau 1: Cho a va b 1a céc vecto khac 0 v6i a 1a vecto dbi cua b. Khang dinh nao sau day sai?
A. Hai vecto a,b cung phuong. B. Hai vecto a,b ngugc hudng.
C. Hai vecto 21,5 cung do dai. D. Hai vecto ZI,B chung diém dau.
Céau 2: Cho hai dém phan biét 4 va B. Diéu kién dé diém 7 1a trung diém cua doan thang 4B la
A. IA=-IB. B. Al =BI. C. IA=1B. D. IA=IB.
Ciu 3: Chon khang dinh sai.
A. Néu ] 1a trung diém doan 4B thi IA— 1B =0.
B. Néu 7 1a trung diém doan 4B thi Al —BI = AB.
C. Néu /14 trung diém doan AB thi Al —1IB=0.
D. Néu / 1a trung diém doan 4B thi IA—BI =0.
Céu 4: Cho tam giac ABC c¢6 M, N, P lan luot 1a trung diém cua AB, AC, BC. Khi dé, cac vecto ddi cua
vecto PN tir cac diém da cho 1a

A. AM,MB,NP. B. MA,MB, NP. C. MB,AM. D. MA,BM,NP.
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Ciu 5: Diéu kién nao sau ddy 1a diéu kién can va du dé G 1a trong tdm cua tam giac ABC, v6i M 1a trung
diém ctia BC.

A. MA—CM =0. B. AG-GB-GC =0.

C. GB+GC—-GA =0. D. GA-GB-GC =0.
Cau 6: Cho hinh binh hanh 4BCD tAm O. Khi d6 OA — OB bing

A. OC +OB. B. AB. C. OC-0D. D. CD.
Cau 7: Goi O la tam hinh binh hanh ABCD. B?mg thirc nao sau day sai?

A. OA-OB=CD. B. OB—0C = 0D -0A.

C. AB—AD = DB. D. BC—BA=DC-DA.

Céu 8: Cho luc giac déu ABCDEF tam O. Cac vecto dbi cua vecto oD la

A. OA,DO,EF,CB. B. OA, DO, EF,0B,DA.
C. OA,DO,EF,CB.DA. D. DO,EF,CB,BC.

Cau 9: Cho tam giac ABC. Tap hop cac diém M thoa min ‘ME —Z\_/IZ" = ‘W —BK‘ la

A. Puong thing AB. B. Trung truc doan BC.

C. Buong tron tam 4, ban kinh BC. D. Puong thang A4 va song song v4i BC.
Cau 10: Cho hinh chit nhit ABCD tm O, AB = 8cm, AD = 6cm. Tap hop diém M thoa ‘Xé - Xﬁ‘ = MO
la

A. Puong tron tam O c¢6 duong kinh 10cm. B. Duong tron tam O c6 duong kinh Scm.

C. Puong thang BD. D. Puong thang AC.
Dang 3: Tinh dj dai ciia vecto tong va vecto hiéu ciia hai vecto

4+ Phwong phap giai
Pé tim do dai ctia mot vecto la téng hodc hi€éu cia Vi du: Cho hinh vuéng ABCD canh a. V& hinh
hai hay nhiéu vecto ta thyc hién cac budc sau. binh hanh ABDM va goi I 14 trung diém AD.
Tinh d0 dai cac vecto AB + ﬁ',A—B - E; BA+BD.

Huéng déin gidi

M

Ta co ZE+§5:ZE’; A—B—E:ﬁ;
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Buworc 1: Tinh téng, hi€u cua hai hay nhiéu vecto dé BA+ BD = BM =2BI

dua vé mot vecto duy nht. Khi dé

Buwoc 2: Tinh d6 dai cua vecto do (khoang cach tur
diém dau dén diém cubi) N
o o AB—AD‘:‘DB‘zDBzAC:a\/E;
‘a—b+c+...‘ - ‘AB‘ — AB

4+ Vidu miu
Vi du 1: Cho tam giac ABC vudng tai B; AB = 3a; BC = 4a.
a) Hay dung diém D sao cho AD = BC
b) Tinh d6 dai cua vecto BA+BC theo a.

Huéng dén gidi

a) V& hinh chit nhat 4BCD. Khi d6 D 1a diém théa man AD = BC .
A D

3a

B 4ac

b) Ta cod ‘BZ+E€‘ = ‘Eﬁ‘ =BD =+ AB*+ AD* = \/(361)2 Jr(4a)2 =5a.

Vi du 2: Cho tam giac ABC vudng tai A, biét AB = 6a, AC = 8a. Tinh do dai cac vecto sau theo a.

a) AB - AC.
b) AB+AC.
¢) AC — AM véi M 1a trung diém A4B.
Huéng din gidi
D
8a

A M Ba o
2) Ta ¢ [AB~AC|=|CB|= CB =JAB* + AC” = [(6a)’ +(8a)’ =10a
b) V& hinh chit nhat ABCD

E?+R?‘:AC:\/AB2+BC2 & +d* =av2;

2
BZ+§§‘:BM:2BI:2 azJ{gj —av5.
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Ta ¢6 ‘EHTC‘:‘H)‘:AD:BC:lOa.

¢) Ta ¢ [AC — AM|=|MC|= MC =JAC® + AM* = \|(8a)’ +(3a)" =aV/73.

Vi du 3: Cho tam giac déu ABC c6 canh a. Tinh do dai cac vecto sau theo a.

a) AB - AC.
b) AB+AC.
¢) AB+ AH vé6i H 1a trung diém ctia BC.
Huéng dén gidi

A

a
.
B T c
K D

a) Tacod ‘E—Z&‘z‘@‘:CBza

b) V& hinh binh hanh 4ABDC.
a : a\/g
Tacé6 AH =~ AB> - BH? = |d’ —(EJ ==

AB+ AC| =[AD| = AD =241 = 2.3 _ 43
[4B+AC|=|aD| 2

¢) V& hinh binh hanh ABKH. Goi I 14 giao diém cta 4K va BH.

Suy ra leﬁzﬂzg.
2 4 4
2 2
Ta c6 ‘ZE+E‘:‘A‘E‘:AK:2AI:2 AH2+H12:2\/(Q23J +(%j :“\éﬁ.

Vi du 4: Cho ba luc }71 = W,Fz = M—B,F3 =MC cung tac dong vao mat vat tai diém M va vat dtng yén.
Cho biét cuong do cia }71 la 30N, cuong d6 cua luc }72 14 40N va AMB =90° . Tim cuong do cua luc 173

Huéng din gidi
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30

10
ka1
=l

w1l

B
Goi 4, B, C 1a cac diém sao cho MA = F,,MB = F,,MC = F, . V& hinh chit nhat AMBD.
Vi vat dung yén nén ta co
F+FE+F =0& MA+MB+MC =0 MD+MC =0< MC =-MD
< MC = DM.

Cudng d6 cia luc F, 1a

F, =|MC|=|DM| = DM =Jam® + AD* =30 + 40> = 50(N).
+ Bai tap tu luyén dang 3
Céu 1. Cho tam gidc ABC vudng can tai C va AB =~/2. Tinh do dai cia AB+AC
A[AB+AC|-\5.  B.[AB+AC|-25.  C.[AB+AC|-B  D.JaB+ac|-245.
Cau 2. Cho tam giac 4BC la tam giac vudng tai 4, canh AB = 2a,A/C§ =30°. Khi d6 ‘KE + XE‘ béng
A. a3. B.a. C. 2a3. D. 4a.

Ciau 3. Goi G 4 trong tAm tam giac vudng ABC véi canh huyén BC = 2. Vecto GB—-CG ¢6 do dai bang

bao nhiéu?
A.2. B. 4. C.8. D. 24/3.
Céau 4. Cho tam gidc ABC déu canh a, c6 AH 1a dudng trung tuyén. ‘E +AH bang

A. a3, aV13 a13,

B. 2a C. . D.
4 2

Céu 5. Cho tam giac déu ABC canh 2a ¢6 I, J, K lan luot 1a trung diém BC, CA va AB. Gia tri cia
‘E+C—K+If‘ la

A. 0. B.a C. "*2/3. D. 2a.
Cau 6. Tam gidc ABC c6 AB = AC =a va BAC =120°. Tinh ‘ZE+ZE\
A. ‘Eﬂﬁ‘:a\/& B. ‘Z§+ZE‘=%. C. ‘TB+TC=a. D. ‘TB+TC‘=2a.

Céu 7. Cho hinh thoi ABCD tam O, canh bang 2018 va goc 4 bang 60°. Két luan nao sau day dung?
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A. @‘ ~1009v3.  B. @‘ ~2018. C. ‘(ﬂ‘ - @\. D. ‘(ﬂ‘ —1009+/2.
Cau 8. Cho hai luc 1!71 va I?2 6 diém dat O va tao véi nhau gbéc 60°. Cuong d6 cua hai luc 1!71 va I?2 déu
1a 100N. Cudng d6 tong hop luc cia hai luc d6 1a

A. 100N. B. 100/3N. C. 50N D. 50+/3N.
Céu 9. Cho ba lyc F, = MA,F, = MB,F, = MC cing tac dong vio mot vét tai diém M va vét dimg yén

nhu hinh v&. Biét cudng d6 cta lyc F, 1a 50N, AMB =120°, AMC =150°. Cuong do ca lyc F, la

B
A, 120/
1500
C
A. 503N, B. 25\3N. C. 25N. D. 50N,

Cau 10. Cho doan théng AB ¢6 dd dai béng a. Mot diém M di dong sao cho ‘m + MB| = ‘W—Ws’ . Goi

H 13 hinh chiéu ciua M 1én AB. D9 dai 16n nhét cuia vecto AH — AM 1a

B&.

AL : C.a. D. 2a.
2 2
Dang 4. Chirng minh ding thirc vecto
+ Phuwong phap giai
Dé ching minh mét déng thirc vecto, ta thudng Vi du: Cho hinh binh hanh ABCD va diém M tiy ¥.
e Ap dung céc quy tic tim tong hai vecto. Chiing minh ring MA+ MC = MB+ MD
e Ap dung cac quy tic tim hiéu hai vecto. Huwéng din giii

e Tinh chét cia tong hai vecto.

B c
e Quy tic chuyén vé doi dau dbi véi vecto.
Viéc chimg minh thuong duoc tién hanh theo mot
A D

trong ba céach:

e Cach 1: Di tur vé trai sang vé phai. Cach 1. AP dung quy tic chuyén Vé, doi dau déi
e Cach 2: Pi tir vé phai sang vé tréi. véi vecto ta co
e Céch 3: Bién d6i twong duong ca hai vé clia MA+MC = MB+MD
dang thirc vecto. < MA-MB=MD-MC
< BA=CD < BA = BA (hién nhién).
Vay MA+MC = MB+MD
Cach 2. Ta co
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m+M—C=(M9+ﬂ)+(%+1TC)
=(m+m)+(ﬂ+1)—c)=M—B+M—D
4+ Vidu miu
Vi du 1. Cho tam giac ABC. Goi M, N, P lan luot 1a trung diém AB, BC, CA.
a) Chung minh AM + BN +CP =0.
b) Chting minh AN +BP+CM =0.
¢) Chirng minh véi diém 7 bt ky ta c6 IA+1B+IC = IM +IN +IP

Huéng din gidi

B c
N

a) Tacod AM +BN +CP =AM+ MP+PA=AA=0

b) Ta cod Xﬁ+ﬁ+€ﬁz(ﬂ+ﬁ)+(§ﬁ+§ﬂ)+(?ﬁ+fﬁ)
(theo quy tic hinh binh hanh)

~ (A -+ BM )+ (BN +CN )+ (AP +CP) =0+0+0 =0

c) Tacod Iﬁ+ﬁ3+f:WI+IW+TP@(E—W)+(I§—m)+(f—ﬁ’):6
& MA+NB+PC =0

< MA+PM+AP =0 < MA+ AP+ PM =0 < MM =0 (hién nhién).

Vay IA+1B+IC = IM +IN +IP vé6i I 1a diém bat ky.

Vi du 2. Cho bén diém 4, B, C, D bat ky. Chirng minh

a) AB+CD+BC=AD.

b) AB+BC+CD+DA=0.

¢) DC+AB+BD =AC .

d) AB—-AD+CD-CB=0.

e) AB+CD=AD+CB.

f) AB+BC+DA-DC =0.

g) AB =CD Kkhi va chi khi trung diém cta 4D va BC tring nhau.

Huéng dén gidi
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a) Tacod TB+C—D+E=(E+Q)+C—D:E+E)=E).

b) Ta co K§+§5+55+5;1:(KE+§5)+((‘?5+BE):X5+5Z:AA:O.
¢)Tacoé DC+AB+BD=AB+BD+DC =AD+DC =AC .
& Ta c6 (4B~ AD)+(CD - CB) - DB + BD - DD =0.
e)
Cach 1.
Tacd AB+CD = AD+CB <> AB—AD = CB—CD < DB = DB (hién nhién).
Cach 2.
A—B+C7):(E+ﬁ)+(@+@):(E+C—B)+(ﬁ+@):ﬁ+@
f) Tacod (E+§é)+(5§-5€)=2€+6§=ﬂ=6
g) Goi / 1 trung diém AD, J 14 trung diém BC. Suy ra Al =ID,BJ =JC  (*)
Taco AB=CD < Al +1J+JB=CJ +JI+ID

& 1] =JI < I =J (didu phai chimg minh).
Vi du 3. Cho nim diém 4, B, C, D va E bat ky. Chirng minh rang

AC+DE-DC—-CE+CB=A

Huéng din gidi

Ap dung quy tic tim hi¢u hai vecto c6 chung diém cudi va quy tic ba diém, ta co
(4D + DC)+ CB = AC +CE - AB

Vi du 4. Cho sau diém bat ky 4, B, C, D, E, F. Chiing minh céac dang thirc sau
a) AB+DA+CD =CB

b) AB+DC = AC +DB.

¢) AD+BE +CF = AF + BD+CE .

d) AE+BC +DF = AC + BF + DE .

Huéng din gidi

a) Tacod TB+m+C—D:(C—D+M)+@:a+TB:@

b) Cach 1.

Tacd AB+DC =AC+DB < AB—-AC =DB—-DC < CB=CB (hién nhién).
Vay AB+DC =AC+DB.

Cach 2. Chit y: Y ¢, d ¢6 thé lam hai cach
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TB+R=(E+C—B)+(ﬁ+ﬁ)=ﬁ+ﬁ+(c7%+3—c)=E+ﬁ t”m’gf” Cdff’ ld’f’y b" Ta su C{W%
quy tic 3 diém tich cac vecto o vé
¢) Tacé AD+BE +CF = AF + BD +CE trdi thanh tong hai vecto.
< (AD - AF)+(BE-BD)+(CF-CE) =0
< FD+DE+EF =0
& FF =0 (hién nhién).
Vay AD + BE +CF = AF + BD +CE
d) Ta co AE + BC + DF = AC + BF + DE
& (AE ~AC)+(BC ~BF)+(DF - DE) =0
& CE+FC+EF =0
<& CE+EF+FC=0<CC =0 (hién nhién)
Viay AE + BC + DF = AC + BF + DE
Vi du 5. Chitng minh rang néu tam giac ABC thoa méan dang thirc vecto
‘A_B.-i-A_C.‘ = ‘E—E thi tam giac ABC vuong tai 4.
Huéng din gidi
V& hinh binh hanh ABCD va goi I 1a giao diém ctia AD va BC.

A

Taco
— = = = — = BC
|4B + AC| = |AB - AC| < [AD| = |CB| < AD = BC <241 = BC & Al ==F
Vi tam giac ABC c6 trung tuyén A7 Gtmg v6i canh BC va bang nira d6 dai canh BC nén tam giac ABC
vuong tai A (diéu phai chimg minh).
<+ Bai tip tu luyén dang 4
Céu 1. Cho hinh vuéng ABCD. Khang dinh nao sau day dung?
A. AD+AB=DB. B. BA+BC=BD. C. CA+CB=CD. D. DA+ DB = BC.
Céu 2. Cho bon diém 4, B, C, D. Pang thirc nao sau diy dang?

A.ﬂHC—D:A—CJrE). B.E+(I—[):E+E.
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C. AB+CD = AD+CB. D. AB+CD = DA+ BC.

Ciu 3. Cho hinh binh hanh ABCD ¢6 O la giao diém cua hai dudng chéo. Pang thic nao sau day sai?
A. OA+OB+0C +0D =0. B. AC = AB + AD.
C. ‘BK+§5‘:‘BIK+D_€‘. D. AB+CD = AB+CB.

Céu 4. Cho tam giac ABC v6i M, N, P lan luot 13 trung diém cua BC, CA, AB. Khang dinh sau day sai?
A. AB+BC+CA =0. B. AP+BM +CN =0.

C. MN + NP+ PM =0. D. PB+MC = MP.
Céu 5. Cho tam giac ABC cb AB = AC va dudng cao AH. Pang thtc nao sau day dung?

A. AB+AC=AH. B.HA+HB+HC=0. C.HB+HC =0. D. AB=AC.
Céu 6. Cho tam giac ABC, M 1a diém tuy y. Khang dinh nao sau day dung?

A. MA-BC = MC - BA. B. MA+BC = MC + BA.

C. AC—BM = AM - BC. D. AB+CM =AM + BC.
Cau 7. Cho hinh binh hanh ABCD. Goi M, N lan luot 1a trung diém cta 4B, CD. Pang thiic vecto nao
dudi day sai?

A. NA+MB—CN — DM =0. B. MA+MB=CN + DN.

C. NA+MB =MC + ND. D. NA— BN —CM +MD =0.
Céu 8. Cho sdu diém 4, B, C, D, E, F. Pang thtic nao sau ddy dung?

A. AB+CD+FA+BC+EF +DE =0 B. AB+CD+ FA+BC + EF + DE = AF

C. AB+CD+FA+BC +EF + DE = AE. D. AB+CD+FA+ BC +EF + DE = AD.
Céu 9. Cho cac diém phan biét 4, B, C, D, E, F. Pang thiic nio sau day sai?

A. AB+CD+EF = AF +ED + BC. B. AB+CD +EF = AF + ED+CB.

C. AE+BF + DC = DF + BE + AC. D. AC +BD+EF = AD + BF + EC.
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PAP AN
BAI 2. TONG VA HIEU HAI VECTO
Dang 1. X4ac dinh mot vecto, su cing phuong va cung hwéng ciia hai vecto

4 Pap an tric nghiém

1-C 2-D 3-B 4-D 5-D 6-D 7-A 8-D 9-C
4+ Huéng din giai
Cau 8.
A D
B C

Tacoé AC+DA=AC+CB=AB
Dap 4n C sai vi do dai vecto phai bang 0.

Cau 9.

Tacdod E+@+ﬁ=(E+FB)+(C7+FD)+(E§+§)=(E+C—F+ﬁ)+(ﬁ+ﬁ+ﬁ))
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=AD+CF +EB+0=AD+CF +EB.
Dang 2. Tim vecto ddi va hi¢u ciia hai vecto

4 Pap an tric nghiém

1-D 2-A 3-A 4-A 5-B 6-D 7-B 8-A 9-C 10-A

4+ Huéng din giai
Cau 9.
Ta co ‘W—M—C‘: BM - BA @‘C—B‘:‘W‘ & AM=BC =R
Ma 4, B, C ¢ dinh nén tap hop diém M 1a duong tron tim A, ban kinh R = BC.
Cau 10.

A 8cm B

6 cm

D C

2 2 2 2
Tacod DO=%=\/AB 2+AD =\/8 2+6 =

5

\H)—E =M0@‘R>\=M0@M0=00@M0=5

Vi O ¢b dinh nén tap hop cac diém M 1a dudng tron tam O, ban kinh 5cm (tirc duong kinh 10cm).
Dang 3. Tinh d¢ dai ciia mdt vecto tong va vecto hi¢u ciia hai vecto

4+ Pap an tric nghiém

1-A 2-D 3-B 4-D 5-B 6-C 7-A 8-B 9-B 10-A

4+ Hudéng din giai

Cau 3.
C
Al
V& hinh binh hanh BGCD va goi I 14 trung diém BC.
Taco AI=£=£=6
22
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‘613—5@"=‘6‘B+EE‘:‘EB‘=GD=3A1=3.6=4
3773

Cau 6.

Vé hinh thoi ABCD.

Vi BAC =120° = ABD =60’

BA = BD .
Taco ¢ = AABD d€u canh a = AD =a.
ABD = 60°
Vay ‘EHTCHE‘ ~AD=a.
Cau 7.
{AB =AD =2018
Tacod

— = AABD déu canh bang 2018.

BAD =60’

2
‘O—A‘:OA: ABz—302:\/2018—(¥j —1009+/3.

Cau 8.
Luc F, =0A,F, = OB . V& hinh thoi O4DB.

Suy ra tong hop luc F=E+}72=52+5§:55

OA=0B .
Taco s = AOAB déu
AOB = 60°

Goi H la giao diém ctia OD va AB

[F|=|F + F| =|oD| = o0 =208 = 2JoA® - aAt®
= 241007 50> =100v3(N)
Cau 9.
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Taco

AMB =120°, AMC =150° = BMC =360° —120° —150° = 90°

1200/ m

V¢ hinh chir nhat MCDB >

CMD =180° — AMC =180° —150° —30°

0
1500

Vi vat dimg yén nén tong hop luc tic dong vao vat bang .
0= MD = MA =50
cos CMD :ﬁ—g: MC = MD.cos30° = 50.% =253
Vay |F\|=F,=MC =253 .
Cau 10.
V& hinh binh hanh MANB. Khi 46 MA + MB = MN
T 144 + M| [ WA - MB| c [V = ] hay a4~ 45, ‘\
Vi MANB 13 hinh binh hanh c6 MN = AB suy ra MANB la Af— B
hinh chit nhat = AMB = 90" /
Do d6 M nam trén duong tron tim O duong kinh 4B. ¢
b6 dai cua vecto AH — AM = MH 16n nhit khi MH 16n nhét .
Khi d6 H tring véi tim O.
Dodé MH=mo=28_¢
2 2

Dang 4. Chirng minh ding thirc vecto

4 Pap an tric nghiém

1-B 2-C 3-D 4-D 5-C 6-B 7-C 8-A 9-A

4+ Huéng din giai
Cau 7.

P o

Xét dap an A.

NA+MB—CN—DM:(m+m)+N—C+W):(W+M—D)+N—C:@+N—C:6
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MA+MB=0 — — _—. __
_ _=>MA+MB=CN+DN
0

Xét dap an B. Ta co
CN+DN =

Xét dap an C. NA+MB =MC + ND < NA—ND = MC -~ MB <> DA=BC (vd Iy)

Xét dap 4n D. NA—BN—CM+MD:NA+NB+MC+%:(M+M—c)+(VB+W)=6+6=0
Cau 8.

Tacbé AB+CD+FA+BC +EF +DE =AB+BC+CD+DE +EF + FA=AA=0.

Cau 9.

Khang dinh & ciu A sai vi

Z§+55+EI7:Zﬁ+fﬁ+§5©(@—ﬁ)+(6ﬁ—fﬁ)+fﬁ—§5:()
@ﬁ+5§+fﬁ+@§z6@(5ﬁ+fﬁ+?§)+@§:6©6§+E§:6©CEB (vd6 ly vi B, C phan

biét).
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