Pé cuong 12- HK 2 — GDTX Tan Phu- (2021-2022)

Cong thirc lwong giac can nhé:

(1) sina+cos’a=1

() 1+cot? =

sin’ o

(5) cos®x= % (L+cos 2x)

(7) sina.sinb= %[cos(a —b)—cos(a+Db)]

(9) sin2x = 2sin XCOS X;
Bang cong thirc dao ham

PHAN 1: GIAI TICH

(2) 1+tan’a=—7
cos’ a

(4) sin®x :%(1—c052x)

(6) cosa.cosb= % [cos(a—b) +cos(a+b)]

10) cos2x = cos’X —sin® X

Ham co ban

Ham hep ( doi x thanh u, nhan thém u’)

1. (x)=1 1. (ax+b)'=a

2.(x") =nx 2.(u") =nuty

3. (W) = 5 3. (Vi) =5 5
i) NE -
5.(nfx) ==+ (Inx) == _(Inu)':%.u'z%

6. (log, x) :['”_Xj __1

Ina x.Ina

6. (log, u)

Inuy) U’
Ina u.lna

7.(ex)' —e

7

') =1

8. (ax)' =a'.lna

(
g(a)_a u'.lna

9.(sin x)' = COS X

9.(sinu) =u'.cosu

10. (cos x)' =—sinx

10. (cosu)' =—u'.sinu

(8) sina.cosb = %[sin(a—b) +sin(a-+b)]
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11.(tan x)' =1+tan’x = 11.(tan u)' =u.(1+tan*u) =

cos’ X cos’ u
12. o _(l4cot?N) =t . 20) = 'L
(cotx) =—(L+cot) = —— 12. (cotu) =-u'(1+cot) =~ — -
13)(sin®*x)' =sin2x 13)(sin?u)' =u'sin2u
14)(cos? x)' = —sin2x 14)(cos’ u)'=-u'sin2u

15)(f(u))'=u".f '(u)

CHUONG III: NGUYEN HAM VA TiCH PHAN

A. NGUYEN HAM
1/ Pinh nghia: F(x) la nguyén ham cua f(x) khi F’(x)=f(x). Khi d6 F(x)+C duoc goi la ho nguyén ham

ctia f(x). Ki higu: [ f(x).dx=F()+C < F'()=f(x) (CeR)
2/ Tinh chét :
a)j[f(x)+g (x)]dx = j dx+j (x)dx) b)j[f(x)—g (x)]dx = j dxj

o) k. f (x)dx =k [ f (x)dx d)[ f'()dx = f(x)+C
3/ Bang cong thikc nguyén ham thwong gap:
Nguyén ham co ban Nguyén ham mé rong
1/|1dx=x+C o ax+b ot
I 1/I(ax+b) dx:lu+c(a¢—l)
x&*t a a+1
2/jx“dx: +C (a=-1) 1
a+1 2/J‘ :—In|ax+b|+C (x=0)
ax+b a
3/}— In|x| +C (x=0) 1
3/J-eax+bdxz_eax+b +C
4/Ie dx=e*+C a L
4/Icos(ax+b)dx=—sin(ax+b)+C
5/Ia dx =2 (0<a=1) al
Ina 5/jsin(ax+b)dx=——cos(ax+b)+C
6/Icosxdx=3|nx+c a
S/J‘;dx=ltan(ax+b)+c
7/Isinxdx=—cosx+C cos’(ax+b) a
1 _ 7/ —dx:—lcotax b)+C
8/ICOSZde_tanx+C jsinz(ax+b) a (ax+b)+
X—X
9/I _12 dx=-cotx+C SIIZ;dX: 1 In 1|+C
sin“ x ax“+bx+c ax, — x,) x—xz‘
10/ i2dx=—l+C
X X
11/jidx=—;1+
x" (n—1)x"
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Dang 1: Tinh nguyén ham theo cong thuc:

Bai 1: Tim nguyén ham cua cac ham so:

L [(x*—3x* + 2}x

4. j(4sin X —5cosx —1)dx

3 7
7. - +9 dx
J.[coszx sin? x }

10. [ %(sz—xz +1)dx

25, j 31— 2xdx

28. .[(sin 2X + C0s6X )dx

31. Jsin 4x.sin 3xdx
34. Icosz xdx

Dang 2: Tinh nguyén ham bang phuong phéap doi bién: If (u(x)).u'(x)dx =...

2. _[3x —2x%2 +2)1x

5. I( +3X— Zjdx

8. J.[ 32 —2xjdx
sin? x cos X

1 j[@#_xs&}ix

14. J'(l— 2x)(x — 2)dx

2 1
1. J.2§+

20. Jex(l—e‘X )dx

23. [(2a* +x}ix

26. | g

29. Isin5x.c053xdx
32. I(cosz X —sin? x)dx
35. J.(cos4 x—sin* x)dx

3. [(2x-3)ax

6. I(e + X —S)jx

12.

15.

18.

21.

24.

27.

~

30.
33.
36 .

Cach lam: dit t=u(x) sau d6 dao ham rdi nhan vi phan twong tng cho timng vé

Thuong gap:

X+1

j(ezx +e¥ +e™ —3)dx
j(zx +3X)dx
jcos(4x +3)dx

J. cos4x.cos2xdx
.[sinz xdx

J'tanz xdx
= j f(t).dt.

Dang | [f(e*).e*dx

If(sin X).cosx dx

jf(cosx).sinx dx

1
If(lnx).;dx

bat | t=¢* = dt =e*dx

t =sin X = cos xdx =dt

t =cosx = sin xdx = —dt

t=|nx:>1dx=dt
X

Ngoai ra con gap dang t= miu, t=cin ( mi hoa 2 vé dé mat can rdi lam tiép)
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Bai 2: Tim nguyén ham cta cac ham s sau:

L J‘x+1

3

4. j(1+x2)5.xdx
7. J'es“”.cosxdx

10. j xe* dx

dx
13. | ——
jx.lns X
16. j(l—sin x)’.cosxdx

19. J.Ls?(dx
2—-4sin x

22. jsin3 xdx

25. jem *.sin 2xdx

X

5. dx
J‘x2+1
tanx

8. € >— dx
COoS” X

11 I1+In de
X

14. I sin x.cos* xdx
17. J'cos(Bex +1).exdx
20. J' tan xdx

23. _[ cos® xdx

26. J.x\/x2 +1dx

3. .[(2 - x2)4.2xdx

eX

6. -[ex +1dx

9. _[(e2X +5)2.e2de
(In x)?

12, _[de

15. j cosx.sin® xdx

18, .[ sin x
2COSX — 1
21. Icotxdx

24. jcos3 X.sin? xdx

J.xzx/x3 +5dx

2dx V1+Inx
28. [-X 29. dx 30. [x3y/x?+2dx
e = f
Dang 3: Phwong phap liy nguyén ham tirng phan : ju(x).v'(x)dx = u(x).v(x) —J'v(x).u (x)dx  (*¥)
[Pegedx | [P(x)cosxdx | [P(x)sinxdx | [P(x)Inxdx Ghi cha
u P(X) P(X) P(X) Inx P2ao ham 2 vé
dv e*dx cos xdx sin xdx P(x) Nguyén ham 2 vé
Bai 1: Tim nguyén ham ctia cic ham so:
u=ax+b
Loai 1: | (ax+b)sinxdx—
o -[ ( ) {dv = sin xdx

1.j2x.sin xdx

4. [(8-9x)sin xdx

Loai 2: j (ax+b)cos xdx—>{

1. IZx.cosxdx
4. j(l— 2x).cosxdx

2. j(3x +4).sin xdx

5. j2x.sin 2xdx

u=ax+b
dv = cos xdx

2. J'Sx.cosxdx
5. I(S —7x).cosxdx

3. J'l 2x sin xdx

6. .[(Zx 1)sin 2xdx

3. [(2x+4)cosxdx
6. Ix.costdx
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u=ax+b
Loai 3: j (ax+b)exdx—>{
dv =e*dx
1. [2xe*dx 2. [7xe"dx 3. [(2x+3)e dx
4. [(2-7x)e"dx 5. [2xe”dx 6. [xe™dx
) u=Inx
Loai 4: I (ax+h) Inxdx —— dv = (ax+b)dx
1. J'Zx.ln xdx 2. ij.In xdx 3. jln xdx 4, Ilnx
5In x
5. I 7 dx 6. jln(5x+1)dx 7. jx.ln(x+1)dx 8. j2xln(x2 +1)dx
Loai 5:
1. X.si 2. X, 3. 4,
je sin xdx Ie cosxdx Icoszx X Isinzxdx
. n(sm x) _
5. In x)d 6. 7. |(4x+—)ed 8. 3 “)xd
_[sm(n x)dx I 0 j( x+Sln ).e *dx I(cos X+ e " )xdx

Dang 4: Tim nguyén ham théa diéu kién cho trwéc.

Budc 1: Tim ho cdc nguyén ham.

Budc 2: Thé diéu kién vao tim hang s6 C.

Budc 3: Thé C vira tim dugc vao nguyén ham & budce 1 ta dugc mot nguyén ham can tim.

Bai 1: Tim nguyén ham ctia ham so:

a) f (x)=4x°—3x"+2x-2, biét F(1)=9. b) f(x) =3x* —2x+1, biét F2)= 1
c) f(x)= x+2 , biét F(1)=3 d) f(x)= 3 L V2X, biét F(8)= 4
X ~3/x ’

Bai 2: Tim nguyén ham cta ham so:

a) f(x)=sinx+x biét F(0)=19. b) f(x)= 12 +3 biét F(0)=3.
X
Bai 3: Tim mot nguyén ham ciia ham s6 f (x)=— 12 +2x, biéttai x = % nguyén ham do
sin® x

bang -1

Bai 4: Tim mot nguyén ham ciia ham s6 f (x)=e*+e” +2, biéttai x =In2 nguyén ham d6
bang 1.

Bai 5*: a) Tim a, b dé F(x) = (ax+b)e* 1a nguyén ham cua f(x) = xe*

b) Tim b, ¢ d¢ F(x) = (x* +bx+c)e* 1a nguyén ham cua f (x) = x%e
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Cau hoi trac nghiém

Cau 1. Nguyén ham cia ham sd y = 1 la.
X

A. Inx+C B. In|x|+C C. _—1+C D. Inx

X2

Céau 2. Nguyén ham cua I= jcos x.sin x.dx la.

A. —cos2x+C B. %c052x+C C.%cost+C D.%cost+C
Céau 3 .Mot nghuyén nguyén ham cua | =j\/ x+1dx la.
1 2 1 3 1 3 1
A +C B.=(x+1)—+C C. =(x+1 +C D.—(x+1
20x+1 3( )\/x+1 2( )\/x+1 2( )\/x+1
Cau 4. Nguyén ham ciia | = [e*.dx Ia
A-Leic B e*+C C. lenic p.leric
2 2 2
Céau 5. Nguyén ham cua | = de
X+2
A 2 ~-+C  B. Exz.ln|x+2|+C C.x+In|x+2/+C D.x—In|x+2/+C
(x+2) 2
Cau 6. Nguyén ham cua | =J —dx la.
x° -1
) 2X 1 1
An|x*-1+C B.( . )2+C C.E(In|x+]4—ln|x—]4)+c D.E(In|x—]4—ln|x+]4)+c
x° -1
A A LA o dx
Cau 7. Nguyén ham cua | :IZ—
X°—X—-6
Aln‘xz—x—6‘+C B.In|x+2|-In|x+3+C
-1 1
C.E(In|x+2|—ln|x—3|)+C D.g(ln|x+2|—ln|x—3|)+C
Cau 8.Nguyén ham ctia ham s6 f(x) = x.e* 1a.
A.F(X) :%xz.eX B.F(X)=(x+1).e*+C C.F(x) = xg" D.khéc

Cau 9.Nguyén ham ciia ham s6 f(x) = xv/x* +1 la.

! B. F(x):_?l(x2+l).\/x2+1+c

240x% +1

A F(x)=

C. F(X)= %(x2 +1)A/x*+1  D. Dap an khac
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Cau 10.Nguyén ham ctia ham sé f(x) = x.sinx Ia.

A.F(x)=%1x2.cosx+c B.F(X)=(1-x).cosx+C
C.F(x)=—x.cosx+sinx+C D.F(x)=(x-1).cosx+C
2 —_—
Cau 11.Nguyén ham cta ham s6 f(X):X+—3);1 la.
X+

A. F(x)=(%x3+gx2—x).ln|x+2|+c B. F(x) = (x+1)—-3In|x+2[+C

C.F(x):%x2+x—3ln(x+2)+c D.F(x):%x2+x—3ln|x+2|+c
Cau 12.Nguyen ham ctia ham sd f (x) = cos x.sin? x.dx .
A.F(x)=%.cos3x+c B.F(x):%.sin3x+C

C.F(x) =—sin® x+2cos® x.sin x+C D. F(x) =sin x(sin® x+2cos® X) + C
Cau 13. Nguyén ham ciia ham s6 f (x) = x* +%X2 +1 14,
A.F(x):éx5+%x3+x+c B.F(x):éx5+%x3+x+c
C.F(x)=%x5+%x3+x+c D.F(x):%lx5+%x3+x+c

A \ £ 2 0y A \ , \ Ay
Cau 14.Ham s6 F(x)=¢e* 1a nguyén ham cta ham so nao ?

XZ

e

A f(X)=— B. f (x) =e* C. f(x) = 2xe* D. f(x)=x*e" -1

2X

Cau 15. Cho f(x)=x>—x?+2x—1. Goi F(x) 1a mot nguyén ham cua f(x) biét rang F(1)=4

4 3 4 3

A.F(x):x——x—+x2—x B.F(x):x——x—+x2—x+l
4 3 4 3
4 3

C.F(x) 2%—%+X2 —X+4—29 D.cac két qua trén déu sai.

Cau 16: Cho F(x) = I(ﬁ +sinx)dx va F(0) =—1, ta c6 F(x) bang:

A. F(x)=In|x+1 —cosx—1 B. F(x) = In(x+1) —cosx
C. F(x)=In|x+1-cosx-3 D. F(x) = In|x+1-cosx
Cau 17. Mot nguyén ham ctua f(Xx) = \/m tren  (—o0;0)

—X —X

A F(x) = 2(eg +e?) B.F(x) = (eg —e?2) C.F(x) :—2(eg —e%x)

D.F(x)=-2(e? +e

—X

2)
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2
Cau 18. Ho nguyén ham cua f(x) = C9S4 X ja.
SIn~ X
3
A F(x)=—lcot3x+c B. F(x):1c0t3x+c C. F(x):SCf)S5 Xic D. Tétca déu sai.
3 3 3sin’ x
Cau 19. Ho nguyén ham cuia f (x) =sin* x+cos* x la.
A.F(X) =§x+i.sin(4x)+c B. F(X) =Esin5 x+lcos5 X+C
4 16 5 5
C. hai két qua trén déu sai. D. hai két qua trén déu ding.
Cau 20. Mot nguyén ham f (x) = 43" la.
) ) ) 43" 12*
A .F(x)=12"In12 B.F(x)=4%In4+3"In3 C.F(x)= D.F(x)=
In4.In3 In12

B. TICH PHAN
DUNG CONG THUC VA BANG NGUYEN HAM

b
1. Khai niém tich phan: Néu F(x) 12 mot nguyén ham cua f(x) trén K thi:jf(x)dx =F(b)-F(a)
e Ddi v6i bién s6 14y tich phan, ta c6 thé chon bat ki mot chir khac thay cho x, tic 1a:
b b b
[F(x)dx = [f(t)dt = [ (u)du =... = F(b) ~ F(a) ( tich phan khéng phy thude vao bién s6)

2. Tinh chét cia tich phan

o jlf(x)dx =0 o ‘Tf(x)dx = —j.f (X)dx o j'kf (X)dx = kjlf(x)dx (k: const)
o i[f (x)£g(x)dx = 'Tf (X)dx + 'Tg(x)dx o jif (X)dx = jf (X)dx + jb‘f (x)dx

3. Tinh chit ham chin va I¢ trong bai tich phan:

a) Cho y=f(x) 1a ham s chin (thuong gap y=x?,y =x*,y=c0sX...), 6 thuc a>0 thi

T f (x).dx :jl f (x).dx :>jil f (x).dx :ZT f (x).dx :Z_T f (x).dx

_a 0 -a -a 0

b) Cho y=f(x) Ia ham s 1& (thudng gip y= X",y =X,y =sinx...),, s6 thuc a>0 thi
jl f(x).dx = —.T f (x).dx :>i f(x).dx=0
-a 0 -a

Bai 1: Tinh tich phan:

1 2 2 1 L
1.1 =j0(x3—4x2 +9)dx. 2.1 :L (tg—t—3+¥+1jdt 3.1 :IOZ(smt—Zcost—St)dt
2 1 4
5 1
=|3 = 8 _ 8 =
4.1 .1[\/3x+5dx 5.1 !(x 1)x%dx 6. I '([mdx
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7.1 =J-:(t—et+3e3t+el_2t)dt 8.1 =LZG—%+1 42tjdt 9. 1= J'sm[x+ jdx

: : :
10. 1= [sin5x.cos3xdx 11. 1= [ cos5x.cos3xdx 12.. 1= [(sin? 2xix
: : °
|n2e2X+l+l % %
13.I:.[4de 14 1= I(sm 2x.5in 6 + 6 Jx 15.I:J.tan2xdx
0 € 0 0
1 2 2 2
16. 1= [ > dx 17 |:jx2(1+i)dx 18.1= |-
¢ X+1 ] N s X° =9
: 2 [l
19. I=_[ dx 20. I:j|4—2x|dx 21. I:”x —x—6‘dx
0(X+2)(X_3) 0 0
Poi bién s6 dang 1
Tinh céc tich phan sau :
1 X 1 1 5x
1.] Zdx 1= 2.1 =[x (1+x*)dx 31 =[x
X°+3 0 o (X +4)
: : :
4. J'cos X.sin xdx 5. I=Isin3x.cosxdx 6. I:Is n***? x cos xdx
0 0 0
% 2 X e
7.1= [ 9952 8. 1=[ -5 dx 0.1= [Tt X g
o 1+ 2sin 2x e’ -1 T X
22
= d e Flnw 3
10. 1= [—— 11.0= 1= [N Xg 12 1 = [ Y3x+ 5
> XIn X T X 4
4 1 0 %
13.1 = dx 14.1=[sin® xdx 15.1= 1 =[cos’ xdx
o V2X+1 0
2
L 5 1 6 1 9
16. 1= x(x+1)dx 17.1= [ x(x+2)°dx 18.1= 1 =] x(1-x) dx
0 0
2 2X 8
19. 1=[(x-1)xdx 20. 1= [ —dx 21.1=[ &
e +1 3 VX+1
1 1 % :
22.1 = [ x1-xdx 23, 1= [ 24, 1= [ 1502y,
: 52X +1 ¢ Cos’ X

©



Pé cuong 12- HK 2 — GDTX Tan Phu- (2021-2022)

Doi bien so dang 2

b
Cho ham s f(x) lién tuc trén doan [a;b], dé tinh J. f (x)dx

Ta thuc hién cac budc sau:

Buéc 1. Bat x = u(t) va tinh dx =

Buée 2. Doi cin: Xx=a=t=aqa,
b B

u’ (t)dt.
X=b=t=p.

B
Bude 3. [ f(x)dx = [ flu®]u’ @)dt = [g(t)dt .

Tinh tich phan

1

P 2 Log B gy
1. | ——dx. 2. | V4 —x?dx 3. | ——dx 4. | —m——
.([ L2 X J). < 1+ %2 ! X2 +2X+2

II PHUONG PHAP TiCH PHAN TUNG PHAN

1) 1= Jl'(x+1)exdx

2
4) 1 =Ix|nxdx
1

2 Inx

7) I :I 7dx

10) | :f(Z—In X) xdx
13) 1 = [ (x—xInx)dx

Cau hoi trac nghiém:

2
Cau 1 .Gia trictia | =2 j e dx =2
0

1 1
2) 1 =Ixexdx 3) I =J'(x—2)ezxdx
0 0

2 e
5) I = [ (x+1)sinxdx 6) |=jx2 In xdx
0 1

8) I =] (2—-3x)sinxdx 9) I =["(2—-3x)cosxdx

11) | = (x—1)Inxdx 12) | :jol(l—xe“)dx
14) | = [(1—xsin2x)dx 15) | :j':(?,xz —3xe*)dx

Al =¢* B.l1 =4 C.l=¢*-1 D.1=3
e
CAu 2. Tich phan Izjlnxdx bang:
1
A 1=1 B. I=e C. I=e-1 D. I=1-¢
2 3
Cau 3 :Tinh tich phan sau: dx
p [l ()
A —3In2+> B. 3In2+= c. 23 D. —3In2+~
2 2 2 2

10
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X_dx
241
A0 B.2 c.1 D3

Cau5.Timasaocho | = J'x.eE dx =4, chon dap 4n dung

Al B.0 C. 4 D.2

2
Cau 6: Tich phéan 1= j 3x.e*dx nhan gia tri nao sau day:

-1

3 3 3 3
A 3e’+6 B. 3e _:6 C. I:3e _—1|-6 D. I:3e +6
e e e —e
7 ,
Cau7: [(e™* +2)cosxdx c6 két qua la:
0
Ae+1l B.e-1 C.e-3 D.e+3

Cau 8. Khéng dinh nao trong cac khéng dinh sau dung v4i moi ham f, g lién tuc trén K va a, b cac s6 bat bat
ky thudc K:

A. j [f(x)+g(x)]dx = j f (x)dx + j g(x)dx B. j [f(x).g(x)]dx = j f (x)dx . j g(x)dx
j f (x)dx . . 2
f(x 2 _
C. j gé ;dx_ D. j f (x)dx—L[ f(x)dx}

f g(x)dx
Cau 9.Tim khang dinh sai trong céc khang dinh sau:

s

X 2 . 1
A.jSInE.dX=2ISInX.dX B.!e ax=1-=

e
0

Caul0 .Cho I = ZJ. XA/’ —1.dx khing dinh nao sau ddy 1a sai ?
1

sm(x+

1 1
dx = Icos(x+—) dx D. Isin(l— X).dx = jsin x.dx
0 0

3 3
A.I:'[\/U.dx B.l:%ﬁ C.1<3/3 D.|:§t2
0

Cau 11: Cho tich phan | = ij(x—l)s dx va t=x-1.Khang dinh nao sau day sai?

5 [
D.I= t—+t—
5 4

0

0 5 4 0
Al _ 1 B. I :jx(l—x)3dx C.1 =(t_+t_J
30 f 5 4)

11
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=a+Inb khido gidtrictaavabla?
A.a=0vab=81 Ba=1lvab=9 C.a=0vab=3 Da=1vab=8

Céu 13.Cho Isin X.COS X.dX :% khi do6 gia tri chlaa ="?

Aa=2 B.a=2—” Ca== D.a=2
2 3 4 3
2z
Cau 14. Cho f(x)=Asin2x+B , Tim A va B biét £(0)=4 va j f(x).dx=3
0
1 3 3 A P G
A A=2B=— B. A=1B=— C. A=2B=— D. Céc két qua deéu sai.
2 2 2
Cau 15. Xet | = v6i a 1a tham s6 thuc duong thi.
I\)& —aX
A l=2 B.1=2a C.1=-2a D. I khong xac dinh
d d b
Cau 16. Néu [ f(x)dx=5, [ f(x)dx=2, voi a<d <b thi [ f(x)dx bing:
a b a
A. -2 B. 3 C.8 D.0
CAau 17. Biét tich phan 7= J.:(ex + 3) dx=e+2, voia>0. Tima.
=1In2. B.a=e. C.a=2 D.a=1

Cau 18. Biét F(x) 1a mt nguyén ham ciia ham s§ £(x) = cos2.x va F(gj =4 . Tinh F&].

A F[gjzs. 3 F@:g. c. F(gj:o. D. F@:g.

Cau 19. Biét tich phan j (X 3)6‘ dx= a+ be véi a,b e R Tim tong a + b.
A. a+b=25. B. a+ b=1. C.a+b=1. D.a+b=-1.

4 ,
Cau 20 .Biet J'(1+ X) cos 2xdx = 1 +% (a, b 1a cac so nguyén). Tinh gia tri cta tich a.b
a
0
A. 32 B. 2 C.4 D. 12
UNG DUNG CUA TiCH PHAN
A. TINH DIEN TiCH HINH PHANG
Truwong hep 1.

Dién tich hinh phing giéi han béi cac dwong

X X K <
|

Il
T Q0 O =
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1. S =j:‘ f(x)|dx = U: f (x)dx‘.

2.5=

Lb f (x)dx‘

f(x)|dx =

[f (x)dx‘+

v6i ¢ 1a nghiém thudc [asb].

Tinh dién tich hinh phing giéi han boi d thi c4c ham sd:

Hy= X% —2x° , truc Ox va hai duong thang x=-1, x=1.

2)y = x* —3X + 2, truc hoanh, truc tung va duong thang x=2.

3)y = X® —3X + 2 va truc hoanh. 4)y = x> +3x* —4 va truc hoanh.

5Yy= X" —2x* +1 va truc hoanh. 6) Y = In X, truc hoanh va dudng thang x=e.
7)y =€" —1, tryc hoanh va dudng thang x=1 8) Y= Sin X; y=0;x=0;x=2x

9)y:sinx+l;y:0;x:0;x:g7r 10) y=cos’ X;y=0;x=0;x=7
Trwong hep 2.
? y="1(x)
Dién tich hinh phang gi6éi han béi cac duwdong y =g(x)
X=a
X=Db

JLf (%)= 9(x)Jax

j[f(x)—g(x)]dx

5=J'|f ()~ g (x)ax=

S=[|[f(0-g()Jdx=

a

v6i ¢ 1a nghiém thugc [asb]

+

[[f09-g(0]dx

a

Tinh dién tich hinh phang gi6i han bai do thi ham so:

1)y =X>+2, y=X* + 2 va hai duong thing x= - 1, x =1.
2)y=X>+ X —2, y=4x-4, tryc tung va duong thang x=2.
3)y=x>-3, y=1-3x°. Hy=x"-x* y=x*-1

B. TINH THE TiCH KHOI TRON XOAY
Tinh thé tich khdi tron xoay khi cho hinh phang gigi han boi cac duong do thi ham s6 y=f(x), truc hoanh, dt

x = a, dt x = b quay quanh truc hoanh. V= 713.[:( f (X))2 dx

Chii y: Déi vi thé tich ta khéng can chia lam nhiéu tich phan:
Tinh thé tich khdi tron xoay khi cho hinh phing gi6i han boi cac d6 thi ham s6 quay quanh truc hoanh.
1) Yy = x> —3X, truc hoanh, dt x=0, dtx = 1 2) Y =X"—2X%?, truc hoanh, dt x= - 1, dt x=0

13
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3) y = x> — 2x?, truc hoanh, tryc tung, dt x=1 4) y =x*—2x* +1, truc hoanh
. T T
5) Y =SInX, tryc hoanh, dt x=0, dt x=§ 6) Y = COSX, truc hoanh, truc tung, dt x=§
T
7)y:tanx;y:0;x:0;x:z 8) y=Inx; y=0; x=1 x=2
9 y=Inx; y=0; x=e 10) y =+1+e*, truc hoanh, dtx =0, dt x =2

11)y =14 3InX, truchoanh, dtx=1,dtx=¢  12) Y=XInX;y=0;x=¢e

Cau hoi trac nghiém:

Cau 1. Dién tich S ctia hinh phing gi6i han bdi d6 thi ham sé f(x) lién tuc, truc OX va hai dudng thing

x=a,X="b dugc tinh theo cong thirc

b b b b
A. Sznjf(x)dx B. S=J|f(x)|dx C. Szn.[fz(x)dx D. S:Ifz(x)dx
Cau 2. Dién tich hinh phang gi6i han béi: y = X*, truc hoanh va hai duong thang x=1x =3,
A.% B. 20 C.30 D. 40
Cau3 .Tinh dién tich hinh phfmg gidi han boi dd thi ham s6 y= x+1 va cac truc toa d6. Chon két qua dung:
A 2in3-1 B. 5In>—1 C.3In>-1 D. 3In>-1
2 2 2 2
Cau 4. Dién tich hinh phang gi6i han bdi cac d0 thi: y=x?—2x va y=-x>+X c6 két qua la:
A. 12 g 1 c. D. 6
3 8
CAau 5.Tinh dién tich hinh phang giéi han boi hai do thi ham s6 y = —x* +2x+1y = 2x* —4x +1.
A.5 B. 4 C.8 D. 10
CAu 6. Dién hinh phang gidi han boi cac duong y = x°, y = x la:
1 1 5 T
A —= B. — c. = D. =
6 6 6 6

Cau 7: Dién tich hinh phang (H) gi6i han bai d6 thi ham s6 y = x® —4x, truc hoanh va hai duong thang
x=-1, x=2la.

A s=2 B.S=4 c 52 D g2t

4 4 4
Cau 8: Dién tich hinh phang (H) gi6i han bai parabol (P): y = x®, truc hoanh va duong thingy = -x + 6 Ia.
A.S=12?5. B.S=54 C.S=72 D.S=3—32

Cau 9: Dién tich hinh phing gi6i han béi dd thi ham s ¥ = —x° + 3x + 1 va dudng thing y = 3 bing

14
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Al B. 22 c. 2t p. 2
4 4 4 4

Cau 10. Dién tich hinh phang gi6i han bdi duong cong Y = oL Ox,x=1,x=d(d >0) bing 2. Khi d6 d bang:

A. e B. e+1 C. € D. 2e
CAu 11. Dién tich hinh phang giéi han béi hai duong cong y = x* —2x, y = —x* + 4x bang:
A. 9 B. 12 C. 27 D. 4

Caul2: Cho phan hinh phing (H) gi¢i han béi cac duong y = x* —2x, ¥ =0 quanh truc OX ta thu dugc khbi
tron xoay co thé tich V bang.
167 167 167 157

AV =— B.V=— C.V=— D.V=—
15 5 3 16

Cau 13: Khi quay phan hinh phang (H) gidi han boi cac duong y =+/cosx+1,y=0,x=0,x =% quanh truc

Ox ta thu duoc khdi tron xoay c6 thé tich V bang.

2 2 2
Ay oY, T g v oY T cv-P V=T 8
2 3 2 3 2 3 2
Cau 14. Thé tich ctia khéi tron xoay do hinh phang gioi han bai cac dudng sau quay quanh truc ox:
y=1-x*y=0 la:
An B. 2x C. 30 D.
15 16

Cau 15:Hinh phing gidi han bai cac duong y =3x%+2x,y=0vax =a(a>0)co dién tich bang 1 thi gia
tri cua a la:

3 2
A. £ B. = C. ﬁ D. 2

2 J6 3 J3

CAau 16:Thé tich vat tron xoay khi quay hinh phang xac dinh boi cac duong
1 \
y:§x3—x2, y=0,x=0vax=3 quanh tryc Ox la:

A 3 B. % bz p. 27
35 35 35 35
Cau 17. Ky hiéu (H) 14 hinh phang duoc gi6i han boi cac duong y = x(1—X), truc hoanh va cac duong thing
x=0, x=1. Khdi tron xoay thu dugc khi quay hinh (H) quanh tryc hoanh c6 thé tich bang:
AZ B.= c. X D. =
6 10 20 30

5 T , P
CAu 18. Cho hinh phang gidi han béi duong cong Y =C0s4X,0x,x=0,X = g quay quanh Ox. Thé tich khoi

tron xoay tao thanh bﬁng:
2 2 V4
A L B. C. — D.
16 2 16

NN

15
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Cau 19. Goi (H) I hinh phang gi¢i han bai duong cong y=«/§ va duong thang y:%x. Tinh thé tich

V' cua khdi tron xoay tao thanh khi quay hinh (H) xung quanh tryc hoanh.

A.V=4—7T. B.V:8—7T. C.V=16—7[. D.V=16—ﬂ.
3 3 15 30
Cau 20.Cho hinh phang gidi han boi cac dudng y = ﬁ , Y =0,x=0,x=1 quay xung quanh truc
+/4—3X
OXx. Thé tich khéi tron xoay tao thanh bang:
A E(4In§—1j B. E(Glnﬁ—lj C. E(9In§—1 D. X631
6 2 4 2 6 2 9 2
ON CHUONG III:
Cau 1. Ho c4c nguyén ham ctia ham sb f(x)=e" la:
A. [f(x)dx=2¢""+C B. [f(x) x=tersc
3
C. [f(x)dx=e>"+C D. [f(x) X)dx = ~e? 4 C
2

CAau 2.Tim nguyén ham ctia ham s6 f(x)=2x+1

A (x)dx=(2x+1)" +C B. [f(x) 2x+1) +C
C. [f(x dx_5(2x+1)2+C D. [f(x)dx = 2(2x+1) +C
Cau 3.Tim nguyén ham cta ham s6 f (x)=In4x
A JF(x dx—z(ln4x—1)+C B. [f(x) dx_— In4x-1)+C
C. _[f x)dx =x(In4x-1)+C D. If x)dx =2x(In4x-1)+C
Cau 4. Ham s6 F(x) =x* —3x* +5 1a mot nguyén ham ctia ham s6
A. XZA‘—X3+5x+C B. 3x* —6x+5 C. 3x* - 6x D. x*-3x®+5x
Cau 5. Nguyén ham ciia ham s§ f(x)=¢e>** 1a
A jf(x)dx:—%e“HC B. J.1‘(x)dx:—3e5’3X +C
C. If(x)dx:le5‘3x+C D. J'f(x)dx=1e5‘3X +C

3 5

Cau 6: Tim nguyén ham I(x2 +§—2\/§)dx
3 3 3 3
A. %—3In|x|—%«/x_3+c B.%+3Inx—g\/x_3 C. X?+3In|x|—g\/x_3+c D.%+3|n|x|+%¢x_3+c
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CAau7. Nguyén ham ctia ham sé f (x)=3/3x+1 la

A [f(x X)dx = ;3 1)Bxr1C B. [ f(x)dx=33x+1+C
C. [f(x)dx== 3/3x+1+c D. [ f(x)dx=(3x+1)¥/3x+1+C
Cau 8. Nguyén ham M = j c6 két qua bang
X(X— 3)
1 [x-3 1
AM="m c BM=in2ic cM=2-2|ic DM=1nXZ3ic
3 X 3 x-3 3 |x-3 3 X
Cau 9. Nguyén ham ciia ham s6 f (x)=e*(1-2017e ) I3
A. J. x)dx =e*+2017e™ +C B. jf(x)dx:ex—2017e‘X+C
C. _[ x)dx=e +20217e‘x+C D. If(x)dx:ex—@e‘uc
Cau 10. Tinh nguyén ham cua ham sau f(x)= |
xInx
A. jidx=|n(|nx)+c B. [—1 dx=n[Inx+C
xInx xInx
c. [—Lax=L4c D. J’ dx=-—1C
xInx Inx xInx Inx
Cau 11. Tim a,b,c d¢ F(x) = (ax® +bx+c).e™ 1a mot nguyén ham caa  f(X) = (-2x* +7x—4).e™*
Aa=-2b=3,c=1 B.a=2,b=-3,c=1 C.a=2,b=-3,c=-1 D. Cac két qua trén déu sai.

Cau 12. Cho F(x) 1a mot nguyén ham cta ham sé f(x) =e* + 2x thoa man F(O)=§.T‘Im F(x).
X 2 3 X 2 1 X 2 S X 2 1
A F(x)=e"+x +§ B. F(x)=2e" +x ~3 C. F(x)=e"+x +§ D. F(x)=e" +x +§

Cau 13. Biét F(x) 12 mot nguyén ham cua cia ham s f (x)=e* va F(O):% . Tinh F(%)

AF[L=tei2 B F[Y)-lest c.F[il=terl  DoF[1)-2est
2) 2 2) 2 2) 27 2 2
In X
Cau 14.Cho A= | eex dX2=In2.Khi do gia tri cia m 1a:
e
A . m=4 B. m=2 C. m=0;m=4 D. m=0

Cau 15.Goi V la thé tich cua khdi tron xoay sinh ra khi cho hinh phang gigi hanboi cac duong
y:1+1 y=0,x=1x=k (k>1) quay xung quanh truc Ox. Timk dé V = n( Inl6]

X
A k=4 B. k=2e C.k=¢’ D. k=8
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Cau 16. Dién tich hinh phang gidi han boi hai dudng cong y = x* —2X,y = —x’ +4x bang:
A 9 B. 12 C. 27 D. 4

b
CAau 17 : Néu b—a =2 thi bidu thirc j 2xdx c6 gié tri bing:
A. -(b+a). B. 2(b+a). C.b+a. D. -2(b+a).

9 0
Cau 18. Cho [ f(x)dx=27. Tinh I = [ f(-3x)dx.
0

-3

A. | =27. B. I =-3. C. =9 D. | =3.
z
2
A COS X
Céu 19: Bieét .[—dx=\/5+b.Tinh a+b.
J1+sinx
0
A. a+b=1. B. a+bh=3. C. a+b=6. D. a+b=10.
1
Cau 20: Cho I(xil —ﬁ) dx=aln2+bIn3 véi a, b 1a cac sé nguyén. Md nio duéi day dung ?
o \UX+ +
A . a+bh=2. B.a-2b=0. C.a+b=-2. D. a+2b=0.

Chuong IV: SO PHUC
I. Tém tat Iy thuyét
+ S phitc z 14 mot biéu thic c¢6 dang z=a+bi, trong d6 a va b 13 cac sb thuc, i 1a mot sé thoéa man
i>=-1.
ala phén thuc., b la phﬁn a0. ,11a don vi ao.
+ Dac biét:
+ S6 phirc z = a + 0i ¢6 phan a0 bang 0 duoc coi 1a s6 thyc va viét z =a.
+ S phirc z = 0 + bi ¢6 phan thyc bang 0 duoc goi 14 s6 4o va viét z = bi.
+ Hai s6 phitc z = a + bi va z' = a' + b'i bang nhau néu phan thyc va phan ao cta ching tuong tng bang
a=a'
b=b'

+ S6 phtic z = a + bi duoc biéu dién boi diém M(a;b) trong mit phang Oxy.

nhau. a+b|:al+bll @{

+ Modun s6 phire z = a + bi 1 s6 thyc khong am ki hiéu |z|=v/a®+b* .
+ S phrc lién hop cua sb phiic z = a + bi 1a sé phuc E =a-—Dhi
+ Cong hai s6 phue: (a+bi)+(a' +bi)=(a+a')+(b+b')i.
+Trir hai s6 phiee: (@+bi)—(a'+b'i)=(a—a")+(b—b')i.
+ Nhan hai s6 phtre: (@+bi)(@+b'i) =(aa-bb')+(ab'+a'b)i.
+ Chia hai s6 phirc: atbi = aa-bby + ab+a’b I

a+bi a“-b? a’-b*
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+ Can bac hai cua s6 thuc a am 1a i, [|a| .

+ Cho phuong trinh bac hai ax’ +bx+¢=0

voi a,b,ceR, a#0.

RN

+ Khi A<0 phuong trinh c6 hai nghiém phirc: X , = >
' a

I1. Cac dang bai tap.

Bai 1: Xac dinh phan thyuc va phan 4o sd phtc

1. z=(2-3i)2i 2. z—(1-i)=(1-2i)’

3. z:(1+ﬁ)_J§i 4. 7=1+2i-5i" + 2i* - 9i*.

Bai 2: Tim cac sb thuc x, y biét:

1)(BXx-2)+(2y+Di=(x+1) - (y-5)i

2) (1—2X) —/3i =~/5 + (1—3y)i

3)(2x+Y)+(2y—X)i=(Xx—2y+3) +(y+2x+1)i

4 (X +X)+ L+ xy)i = (4= y* = y) +(y* +x%)i

Bai 3:

a) Cho hai s6 phttc Z, =2+ 51, Z,=3— 2i. Xéc dinh phan thuc va phan 4o s6 phic 27, — 3z,
b) Cho hai sb phtic Z, = —2+3l, zZ,= —3—4i. Xac dinh mbdun s phirc 22, —42_2 + 2212

Bai 4: Xac dinh phan 4o va tinh médun sé phic z, biét:

1.7=(1-2i) +(1-3i)2i +2i? 2. 2=(1-i) 3i+(1-i)(1-2i)
57422 0. 2=(V2+i) (1-V2)

Bai 5 Cho s6 phitc Z =1+ (1+mi)+(1+mi )2 Xac dinh sb thuc m dé z 1a sé thuan o.
Bai 6: Xac dinh phan thyuc va phan 4o va tinh modun sé phirc lién hop caa cac sb phic z:
1.z=(1-i)" -(1-2i)’ 2. z2=3i(2+4i)" —(2-5i)2i +3i°
3.2=(2-3i) -2(2-4i) 4. z =3i-4i*-2i(1-2i)

5. 2=(1-+/3i)(1+3i) +(1-2);

Bai 7: Xac dinh modun s phic z, biét:

1. E:(Z—\/Ei)2+(2+\/§i)2

2.2=(4-3i) +(4+43i) +(2-13)i
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Bai 8: Xac dinh phan thuc, phan 4o cac sé phtc z va biéu dién cac sb phirc d6 trén mp Oxy, biét:

1. z=2-3i 2. 7 =—3+4i — 4i* + 2i°
3.z2=(1-2i)(-3+2i) 4.z2= (21;?;'
Bai 9: Giai cac phuong trinh sau trén tap s6 phuc:
1. A-i)z+(2-i)=4-5i 2. 1-2i)z=(2-3i)?
3. (8-1)z+6+51=7-3i 4. 1-2)z2—-(5-21))=(4+1)z
4 : :
—7)2i = (1—2i)? —3j +(z-31)=7-5I
5. 1-2)2i=@0-2i)"+(2-3i) 6. 4430 ( )
7. 2°+4=0 8. (iz—3)(z-3i+5)(z-4+3i)=0
Bai 10 : Tim phan thuc va phan 4o s6 phirc z, biét:
1. z-(2+3i)z=1-9i 2. (1-2i)z+2z=3-10i

3. 2iz+(2:3i)=(1-i)z—(1-3i) 4 3z-(1) =(1+i) iz
5. 2iz-(1-i)z=(1-2i)(2+3i)

Bai 11: Giai cac phuong trinh sau trén tap sb phuc.

1) X*=2x+5=0 2) X*—6x+10=0 3) 3x°—2x+1=0
4)52° -2z+7=0 5) —6X° +3x-11=0 6) 52°+22+14=0
7 2°-2+2=0 8) 22°-5z+4=0

Bai 12:

a) Goi Z,, Z, la hai nghiém phtrc ciia phuong trinh 7°-27+5=0.
+Tim Z,, Z,
+ Tinh gid tri biéu thic: A=|z,].|z,|
+ Xéc dinh phan thuc va phan 4o s6 phuc Z,+ Z, + 2i
b) Goi Z,, Z, 1a hai nghiém phirc cua phuong trinh 7°-2z+10=0
+Tim Z,, Z,
+ Tinh gid trj cua biéu thie A=2|z,[* +3|z,[".
+ Tim phén 4o s6 phirc Z,%tZ, + 3i.
¢) Cho hai s6 phirc z,=1- 21, Z,= 3+ 2i. Tinh gia tri biéu thirc:
2 2
_|z[ +lz

|2,]|2,|
Bai 15: Giai cac phuong trinh sau trén tap sb phtc.

1. A=|z,|+|z,] 2. A
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1) z2*-32°-4=0 2) Xx*+10x* +9=0 3) 2*—4z°+3=0
4) 62 +13z2°+6=0 5)z°+8=0 6) 82°-1=0

Cau hoi trac nghiém:

BAI 1. SO PHUC

Cau 1. Cho sb phirc z=2i —1. Tim phan thyc 2 va phanao b cua z.
A a=2b=-1. B.a=2,b=1. C.a=-1,b=2. D.a=-1,b=-2.

Cau 2. Cho sb phitc z=2—3i. Tim phan thuc 2 va phin 4o b cua z.
A a=2,b=-3. B.a=2,b=3. C.a=-3b=2. D.a=-3,b=-2.

Céau 3. Cho s6 phirc z = 4i. Tim phan thyc a va phan o b cia z.
A .a=0; b=4. B.a=0;, b=-4. C.a=4; b=0. D.a=-4;, b=0.

Cau 4. S6 phirc nao dudi day 1a sd thuc?

A z=(3+2i)-(V3-2i). B. z=(3+2i)+(3-2i).
(5+2i) (5 -2i).

C. z=(1+2i)+(-1+2i). D. z

Cau 5. Cho s phirc z:1+i\/§. Tim s6 phtrc z.
A z=1-i3. B.z=—3-i.  C.z=-1+i/3.  D.z=+3+i.

Cau 6. Cho s6 phitc z=-2—5i. Tim phan thuc a va phan 4o b cta sd phiic z.
A . a=-2,b=5. B.a=-2,b=-5. C.a=-5b=2. D.a=-50b=-2.

Cau 7. Cho sb phirc z=4-3i. Tim phan thuc va phéan 4o ciia s phiic z.
A. a=30b=4. B.a=3,b=-4. C.a=4,b=3. D.a=4,b=-3.

Cau 8. Cho s6 phirc z=2-3i. Tinh |z].

A |z|=2. B. 2| =-3. C. [z|=+13. D. |z|=13.
Cau 9. Cho sb phirc z = a + bi. S6 phirc z2 ¢6 phan thyc 14 :

A a%+b? B. a?- b? C.a+b D.a-b
Cau 10. Cho sb phiic z = a + bi. S phurc z? ¢6 phan 40 1a :

A. ab B. 24°b° C. a’t? D. 2ab

Cau 11. Cho s6 phuc z = i. Tim sd phirc z.

A z=—i. B. z=-1. C.z=1-i. D.z=1.
Cau 12. Cho sb phtic z= 6 + 7i. S6 phirc lién hop cua z c¢6 diém biéu dién 1a:

A.(6;7) B. (6; -7) C.(-6;7) D. (-6; -7)
CAu 13. Cho s phirc z=a + bi véi b # 0. S6 z—z ludn Ia;

A. S thyc B. S a0 C.0 D.i
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Cau 14. Goi A 1a diém biéu dién cua sb phirc z =2 + 5i va B 1a diém biéu dién cua sb phirc z° = -2 + 5i. Tim
ménh dé dung trong cac ménh dé sau:

A. Hai diém A va B ddi xtng v6i nhau qua truc hoanh

B. Hai diém A va B di xtmg v6i nhau qua truc tung

C. Hai diém A va B d6i xtng voi nhau qua gdc toa d6 O

D. Hai diém A va B ddi ximg voi nhau qua duong thang y = x
Cau 15. Vi gié trj nao cua x,y dé 2 s6 phirc sau bang nhau: x+2i =3—yi

A x=2y=3 B. x=-2,y=3 C.x=3y=2 D. x=3;y=-2

Céu 16. Voi giad tri ndo cia x,y thi (x+y)+(2x—y)i=3-61
A x=-Ly=4 B.x=-Ly=-4 C.x=4y=-1 D. x=4y=1

Cau 17. Piém biéu dién cta cac sd phitc z=m+mi,m e R nam trén duong thang c6 phuong trinh 1a:
A y=2x B.y=x C.y=3x D. y=4x

Cau 18. Tap hop cac diém trong mit phang biéu dién cho s phuc z thoa man diéu kién |z - i| =1la:

A. Mot dudng thaing B. Mot duong tron C. Mot doan thang  D. Mot hinh vudng
Cau 19. Cho s6 phirc z=2016—2017i . S6 phirc dbi cua z co diém biéu dién la:

A. (2016;2017) B. (-2016;-2017) C. (-2016;2017) D. (2016;-2017)
Cau 20. Cho s6 phtrc 2014 +2015i . S6 phire lién hop cia z ¢6 diém biéu dién la:
A. (2014;2015) B. (-2014;2015) C.(2014;- 2015) D. (-2014;- 2015)

BAI 2. CONG TRU NHAN SO PHUC

Cau 1. Cho hai sb phtic z, =3-2i; z, =1+3i. Tim sd phitc z=2z, +z,.
A 4+i. B. 9—i. C. -1-9i. D. 4—5i.
Cau 2. Cho sé phitc z=a+bi va w = %(z + 2) . Ménh d@ sau day 1a ding?

A. w la mot sb thuc B. w=2.
C. w la mot sd thuan 4o. D. w=i.

Cau 3. Cho sb phirc z=1—2i . Tim phan do b ctia s phicc w =2z +z.
A b=-2. B.b=2. C.b=4. D. b=-4.

Cau 4. Cho hai s phttc z=a+bi va z'=a'+b'i. Tim diéu kién gitta a,b,a',b' dé z+z' 1a mot sb thuan

ao.
a+a' =0 a+a'=0 a+a' =0 a+a' =0
A. . B. . C. . D. .
b+b'=0 b, b' bat ki b="b' b+b'#0
Cau 5. Tim s6 phitc z théa man 3z +2+3i =5+4i.

A z=-1+3i. B. z=-3+2i. C.z=2—%i. D.z=1+%i.
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Cau 6. Cho sb phirc z =2 +4i. Tim phan thuc, phan 4o cta sé phic w =z —1i.
A. Phan thyc bang —2 va phan 4o bing —3i. B. Phan thuc bang —2 va phan 4o bang —3.
C. Phén thuc bang 2 va phan 4o bang 3i.  D. Phin thyc bing 2 va phan 4o bing 3.

Cau 7. Cho hai s6 phirc z,=2-1i, z, =5+7i. Tim s6 phtic z =2z, 2,

A z=-3+7i. B. z=-3-8i. C.z=7+61 D. z=-3+1i.
Céu 8. Cho s6 phite z =3(3—4i)—4(3i ~1). Tim s6 phirc z.

A. z=24-13i. B. z=3(3-4i)+4(3i-1). C. z=5-24i. D. z=13-24i.
CAu 9 . Cho hai sb phirc z,=1-2i; z,=2+3i. Tim sO phuc w=z —2z,.

A w=-3+1. B. w=-3-8i. C.w=-5+i.D. w=-3+8i.
Cau 10. Cho hai s phtc z,=1-3i, z, =2+i. Tim s6 phtic z =22_1—zz.

A z=7i. B. z=>5i. C.z=-4-7i. D. z=-71.
Céu 11. Cho z+(5—1)(2i—1)=4-3i. Tim s phtc z-2z.

A. 7 -14i. B. -7 —42;. C. 7. D. -7 +14i.
Cau 12. Cho hai s phtc z, =2+3i, z, =3+4i. Tim s6 phuc z =5z, - 3z,.

A z=1+1 B. z=23i. C.z=1+2. D. z=1+3i.

Cau 13. Cho hai s6 phirc z =i . Tim sé phic w =z".

A w=i. B. w=-1. C.w=1. D.w=-i.
CAu 14. Cho hai s6 phitc z, =i; z, =1+2i. Tim s6 phttc z =z,.z,.

A z=1. B.z=2. C.z=-1. D. z=-2.

2

Cau 15. Cho hai s6 phttc z, =1+1; z, =1—1i. Tim phan 4o b cta s6 phic z =z -z,

A.b=—4. B.b=4. C.b=0. D.b=1.
Cau 16. Cho hai s6 phirc z, =1+1i; z, =4—1i. Tim s6 phttc z =2z, z,.
A z=2+8i. B. z=2-8i. C.z=5+3i. D. z=3+3i.

Cau 17. Cho ba sé phirc z, =1-3i ; 2, =2+i ;z, =3—4i. Tim s6 phirc z =z,z, +2,2, .
A z=1+4. B.z=1-4i. C.z=-15-4i. D. z=15+4i.

Cau 18. Cho s phirc z théa man z = (JE 4 i)2 (1 - ﬁi). Tim phin 4o b cia z.

A b=-2. B.b=+/2. C.b=5. D. b=32.
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BAI 3. PHEP CHIA SO PHUC

Cau 1. Tim s6 phiic z = E
i

A z=3i. B.z=1. C.z=- D. z=-3i.
Cau 2. Tim s phirc z = 3_4_1 .
—i
_ 16 13 16 11 9 4. 9 23,
———1. ———1. z==—=1. D.z=—-—1.
17 17 15 15 5 5 25 25
A \ X r o qea 4 , 1+i
Cau 3. Tim s0 phuc lién hgp cua s6 phuc z=r.
—i
A l+§i. B. l——1 C. —1—§i. D. ——+—=i
5 5 5 5 5
Cau 4. Cho sb phitc z=a+bi # 0. Tim phan thuc cta sb phirc z™
A a+b. B.a-b. C.——. p. 2
a +b a +b
Céu5.Ch0haiséph1'Ic21:1—21';22:1+i.Tims€3phﬁcZ=Z—1.
ZZ
A.z=—1—§i B.z= L i Cz—1 =i D.z=—§—1z
2 NN 2
Cau 6. Cho s6 phuc z = \/_ \/_1 Tinh z
A. z’1:£+£i. B. z’l——2 ﬁ C. z’lzﬁi. D.z"'=
5 5 5 5
Cau 7. Tim s phirc z:3_2,1+ 1+l,.
1+ 3-2
1.5 15,55, _15_65, 1555,
7 13 13 26 26 26 26 26 26
Céu8.Choséph1'J:cz:4—3i+5+4l_.Timséphﬁc;.
3+61
A z=20-8i. B. z=20+8i. c.z=2,Y; pz-2_17,
15 5 15 5
A . A ) z , 3+1
Céau 9. Tim phan thyc a cta s6 phlic z=—————.
(1-2i)(1+1)
A.azé. B.a=—é. C a=§. D.a=—§.
5 5 5 5
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Cau 10. Diém biéu dién cua sb phirc : z = 5 13, la :
-3i
A. (3;-2) B (l-i) C. (2,-3) D. (4,-1)
Y 13713 Y B
Cau 11. Thyc hién phép tinh sau : A =(2-31)(1+2i)+ 34 _21 . M6 dun ciia s6 phitc w=z—i la:
+2i
A —114-2; B. 114+ 21 C. 114 -2 D. —114+2i
13 13 13 13
. . (2+i)(1-2i) (2-i)(1+2i) , ,
Cau 12. Cho s6 phic z = - + ] . Ménh dé nao dudi day la ding?
—i +1
-_22 v A A 2 -
A. z.z:g. B. z lasd thuando. C. zeR. D.z+z=22.
— / 3
Cau 13. Cho s phtic z théa man Z = (llﬂ Tim P = |E+ iz|.
—1

A P=82. B. P=83. C.P=42. D. P=43.

Cau 14. Cho sb phirc z théa man hé thic (i + 3)z +2—-_H =(2 —i); . Mb dun cua s phic w=z—i la:
i
A Y26 g Y6 ¢ 25 b, Y26
5 5 5 25

BAI 4. PHUONG TRINH BAC HAI VOI HE SO THUC

Cau 1. Phuong trinh 8z> —4z+1=0c6 nghiém 1 :
1 1. 5 1. 1 1 1 3.

A. Z1 :—+_l,22 =———1. B, Z1 :—+_l;22 =———1.
4 4 4 4 4 4 4 4

C. z, :l+li,'22 :l_li, D. Z, :24_11';22 :1_11'.
4 4 4 4 4 4 4 4

Céu 2. Biét z1 va 75 la nghiém ctia phuong trinh 2z% ++/3z+3 =0 .Khi dé gié tri cila z> +z bing
A2 B 2. C.9. D. 4.
4 4

Cau 3.Phuong trinh z° +az+b=0 c6 mot nghiém phirc 1a z=1+2i.Khi 0, téng 2 s6 a va b bang
A 0. B. 4. C. -3. D. 3.

Cau 3. Biét z1 va 22 1a nghiém clia phuong trinh z° —4z+5=0.Khi d6 phan thyc cta z +z; 14
A 6. B.5. C. 4. D.7.
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Cau 4. Biét z1 va z» 1a nghiém ciia phuong trinh 2> +2z+4=0.Khid6é A= ‘zl‘z +‘zz‘2 la:
A 2. B. -7. C.8. D. 4.

Cau 5. Biét z1 va 72 1a nghiém cta phuong trinh z” +2z+10=0.Khi d6 A= ‘zl‘z +‘zz‘2 la:
A. 100. B. 10. C. 20. D. 17.

Céu 1. Giai phuong trinh : z* +(1-1)z—18+13i =0
A z=4—-i;z=-5+2i. B.z=4—-1;,z=-5-2i.C. z=4+i;z=-5-21.D. z=4+i;z=-5+2i.
Céu 3. Nghiém cta phuong trinh  3x + (2 +3i)(1—2i) =5—4i trén tap s phic 1a :

A 1—§i. B. —1+Ei. C. 1+§i. D. —1—§i.
3 3 3 3

Cau 4. Biét z1 va z2 1a nghiém cua phuong trinh 2z + \/52 +3=0 Khi d6 gié tri cua z; +z; bang

A.g. B._—9. C.9. D. 4.
4 4

Cau 5.Phuong trinh z° +az+b=0 c6 mot nghiém phirc 1 z=1+2i.Khi 0, tong 2 s6 a va b bang
A 0. B. 4. C. -3. D. 3.

CAu 6. Biét z1 va 22 1a nghiém ctia phuong trinh z° —4z+5=0.Khi d6 phan thyc ctia z” +z. 14
A 6. B.5. C. 4. D.7.

Cau 7. Biét z; va 22 1a nghiém cua phuong trinh z* +2z+4=0 Khid6 A= ‘zl‘z +‘zz‘2 la:
A 2. B. 7. C. 8. D. 4.

Cau 8. Biét z; va 2 1a nghiém cua phwong trinh z* +2z+10=0.Khi d6 A= ‘zlr +‘zz‘2 la:
A. 100. B. 10. C. 20. D. 17.

Cau 9. Biét z; va 2 1a nghiém cua phuong trinh 2z° +4z+3=0.Khi do A= |Z1| +|zz| la:
A2, B. 3. C. 24/3. D. V6.

Cau 10. Biét z1 va z2 1 nghiém ctia phuong trinh 2> +\/§z+7 =0.Khido A= ‘21‘4 +‘zz‘4 la:
A 23, B. 23. C.13. D. V13,

Céau 11. Phuong trinh z° =8 c6 bao nhiéu nghiém phirc voi phan a0 am ?
A 1l. B.2. C.3. D.4.

Cau 12. Giai phuong trinh : z> +(1-1)z—18+13i =0
A z=4-i;z=-5+2i. B. z=4-i;z=-5-2i.C. z=4+i;z=-5-2i.D. z=4+1i;z=-5+2i.
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A4
Céu 13. Nghiém ctia phuong trinh (Z—Hj =1 .
z—1

A z=0z=1 B. z=0;z=-1 C. z=0;z=4#1 D. bap an khac

Cau 14. Nghiém ctia phuong trinh 2ix +3 = 5x +4 trén tap s6 phirc 14 :
-23 14. B. 23 14. 23 14 D 23 14 .

L — 1. —_— . J——— S — 1.
29 29 29 29 29 29 29 29
Cau 15. S6 phtrc z thoa man (1+1)z+(2—3i)(1+2{)=7+3i la.
A. z:1+§i. B. z= l—11 C.z= _—1—21 D. z:_—1+§i.
2 2 2 2 2 2 2

Cau 16. Tim tt ca cac nghiém cua phuong trinh  z* —4z° +14z° —362 +45 =0 .biét z=2+i 1a mot nghiém
A z=2+1i;z=3i;z=-31i. B.z=2+1;2=2-3i;z=3i;z=-31.
C.z=2+1;z=2-1;2z=3i;z=-3i. D.z=2+1;z=2—-1;z=231.

Cau 17. Tim tit ca cic nghiém ciia phuong trinh x* +2x* —24x+72=0
A. 2+i\2;-242i\2 . B. 2+ix2;142i\2 . C. 1+iy/2;-242i\2 . D. 1+iv/2;2+i2 .

Cau 18. Hai s phuc 4+i va 2-3i 1a nghiém ctia phuong trinh :

A x> —(6-2)x+11-10i =0. B. x> +(11-10i)x +6-2i =0.
C. x> +(6—2i)x+11-10i =0. D. x> —(11-10i)x+6-2i =0.
Cau 19. Bo 3 s6 thyc (a;b;c) dé phuong trinh 2> +az* +bz+c =0nhan z=1+i va z=2 lam nghiém la
A. (—4;6;-4). B. (4;-6;4). C. (~4;-6;—4). D. (4;6;4).
Cau 20. Sé nghiém phitc z ctia phuong trinh : 2> +z=0 A
A. 4 B.3 C.1 D.2
ON TAP CHUONG IV

Cau 1. Cho sb phitc z=1+4i+(1~i)". Tinh [2].
A |z|=4. B. [2|=/29. C. |z|=1. D. |{|=5.
Cau 2. Cho sb phiic z =(1+2i)" (1~i). Tinh [2].

22 10

A. |z|=5V2. B. |2| = 50. C. H—— D. || =—

Cau 3. Cho hai sb phic z, =4 —8i va z, =—2—i. Tinh modun ciia s phitc z =2z,.z,

A |z|=445. B. |2|=+/5. C. |z|=20. D. |z|=40.
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Cau 4. Cho hai sb phtic z, =1—i va z, =3+ 5i. Tinh mddun ctia s phic w=2z,.z, +z, .

A. [w] =130 . B. |w] = 130.

C. ‘w‘zm

D. |w|:112.

Cau 5. Cho sé phuc z thoa man Zz(ﬁ +i)(1—ﬁi). Tim phén thyc a cia z.

A.a=\/5. C.a=2\/§.
Cau 6. Cho hai s6 phirc z, =3—-2i; z, =—2+i. Tinh P =|z, +z,|.

A. P=45. B.P=+2. C. P=+/13.

CAu 7. Cho hai sb phtic z, =-3i va z, =3-5i. Tinh P = |z1 —zZ|.

A. P=473. B. P=413.

B.a=-1.

C. P=3.

Cau 8. Cho hai s6 phirc z, =1-2i va z, =3+i.Tinh P:|z1 —222|.

A. P=+26. B. P=+/41. C. P=+29.

Cau 9. Cho hai s6 phirc z,=3+1, z,=2—1.Tinh P=|zl+zlzz|.

A. P=10. B. P=50. C. P=5.
Céau 10. Tim s6 phtec lién hop cua s6 phiic z = (1 + i)(3—2i)+ L
241
Az=,2; 2=t cz=Z4y
3 3 5 5 5 5

(2-3i) +(1+i)°
(1-2i)* '

s -2 o
5 5

Cau 12. Cho s6 phtic z =2+ 3i. Tim s6 phirc w=iz—z.
A w=-3+5i. B.w=5+3i. C.w=-5+5i.

Céu 11. Tim mddun cia sd phirc z, biét z =

A. ‘Z‘:«/E.

Céu 13 . Cho s6 phitc z =1+ 2i. Tim s6 phtrc w=iz+z.
A w=1+i. B. w=-1+1. C.w=-1-1.

A : 1 . .
Cau 14. Cho so phuc z:—E+173.Tim sé phitc w =142z +2.

A w=2. B. w=-2. C. w=0.

D.a=1.

D. P=85

D. _:1—7—21
3 3

D. ‘2‘:5

D. w=5-5i.

D.w=1-1

D. w=3.

Céau 15. Cho s6 phtic z théa man (3+2i)z +(2—i)> =4 +i. Tim s6 phic w = (1 + z)z .

A w=3+i. B. w=———— i, C.w=—

N \/EZ'
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Cau 16. Tim phan a0 b ciia sé phuc w=1—zi+;,biét (1+i);—1—3i:0.
A b=-1. B.b=2. C.b=1. D.b=-2.

Cau 17. Tim phén thyc a cta s6 phirc z thoa man iz +4+5i = i(6 +3i).
A a=1. B.a=7. C.a=11. D.a=-1.

Cau 18. Tim phin thyc a cua sé phirc z thoa min (1+i)2 (2-i)z=8+i+(1+2i)z.
A a=2. B. a=-3. C.a=-2. D.a=3.

Cau 19. Tim s phtrc z théa man iz+2z=-1-8i.
A z=7+7i. B.z=5-2i. C.z=2+5i. D.z=1-2i.

Cau 20. Tim s6 phtic z théa man (2 +1)z = (3 - 21'); —4(1-1).

A z=3-1. B.z=-3-1. C.z=3+i1. D. z=-3+1.
Cau 21. Tim s phtic z thoa man 1_2,1 z= 1_31_ :
1+1 2-31
z:_—2+%i. B.z:_—2+Ei. C.z=ﬂ+%i. D.z:£+%i.
65 65 65 65 65 65 65 65

Cau 22. Tim phan a0 bcua sé phirc z théa man z + 27 = (2 —i)2 (1—i) :

A. b=13. B. b=-13. C.b=-9. D.b=9.
Cau 23. Cho s6 phic z thoa man (1+i)z—(2—i); =3. Tim s6 phic w = 11_ 2.2 .
—1
A.w=2+§i. B. w=-3+2i. C.w:E+§i. D.w:§+2i.
2 2 2 2 2 2

Cau 24. Tim cip s6 (x; y) théa min diéu kién (2x —4y+ 1) + (x - 3y)i = (4x +2y + 3) + (3x -y + 5) i

4 4 4 4 4 4 4 4
Cau 25. Tim s phiic z ¢6 médun nho nhat sao cho ‘z‘:‘;—3+4i‘.
z:—§—2i z=—§+2i z=§+2i. Z=§—2i
A. 2 B. 2 c. 2 D. 2
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PHAN 2: HINH HQC
PHUONG PHAP TQA PQ TRONG KHONG GIAN
Heé gém ba truc Ox, Oy, Oz d61 mot vuong géc dugc goi 1a hé truc toa dd vuong goc Oxyz trong khong

gian
A

~i
<

v

o — B
>

0O (0;0;0) goi la géc toa d9. Ox: truc hoanh; Oy: truc tung; Oz: truc cao.
e Céc mit phang toa do: (Oxy), (Oyz), (Oxz) d6i mot vudng goc véi nhau.

- =

° | J k 1a cac vécto don vi lan luot ndm trén céc truc Ox, Oy, Oz.
Yy - -2 -2 -2
e 1 =@00), j =010 k=(0:00). H H ‘k‘ 1vai =] =k =1,
e ilj jlk kLi. ij=0, jk=0, kI—O.F,ﬂ:k []k]—l [Rf}zi
+M eOx < M(x;0;0); M €Oy < M(0;y;0) ; M €0z < M(0;0;2)
+M € (0Oxy) < M(x;y;0); M €(0yz) < M(0;y;2) M € (0xz) < M(x;0;2)

Toa g cia diém: O M =XI+y.J+2k < M(Xy;2)

Toa dd ciia vecto: A= a1-i + az-j + ag-k < a= (a11 d,, as)
CAC KIEN THUC CAN NHO

1/ Cho A(x;y;2); B(x"; y’; 2°); C(X";y";2") AB= (X=X y'-y,2'-2)

Do dai véc to hay khoang cich 2 diém A,B:  AB = \/(x'— X)’ +(y'=y)’ +(z'-2)°
X+ X' y+y Z+12'

I 1a trung diém doan AB => |( : )
2 2 2
GtrongtémtamgiécABC=>G(X+X+X ;y+y+y ;Z+Z+Z )
3 3 3
2/Choa=(x;y;z);b=(x"y"; 2" Khido:
+Congtrir2vécto:  atb=(XEX Yty z+2')
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+ Tich vo husng &b = X.X'+ Y.y'+ 2.2' . Nowa Lb < xx'+y.y'+2.2'=0
XX+ y.y'+z.z'

+ Goc gitra 2 véce to: COS(EEB) _

\/XZ +y2+22\/x'2+ y'2+z'2
- . X=X
+Hai véc to bang nhau: —

a=boiy=y’
Zl

=
+ Tich c¢6 huéng Cho & = ()(1; Yis Zl) b= (Xz; Y, 22) . Tich c6 hudng cua 2 véc-to duoc ki hiéu 1a :

|

a A b hoic [a;0]

—

. Z
Khi do: a/\b:(y1 H;

Y. 2

L X
Z2 X2

XY
X2 y2

3/Chirng minh hai vecto cung phwong.

*3 va b cung phuong <a=kb.

RN 6 N h @ﬁ:ﬁ:ﬁ s
a va b cung phuong X, v, 1, V(n(x2,y2,z3 7&0)
%) _ Y. 4

*a vab cingphuong & — = ="
X Y4

Chiy: 2véc-to a va b cung phuong <anb=0= (0;0;0)

voi (XI’YI’ZI # O)

4/ Hinh chiéu vudng géc.

*Hinh chiéu vudng goc 1én truc toa do: Tim toa do hinh chiéu vudng goc cua diém M(xo;Yo0:20) trén céc truc toa
do.

+Hinh chiéu vudng goc ctia diém M(xo;Yo;Zo) trén Ox 12:M(X0;0;0)
+ Hinh chiéu vudng goc cta diém M(xo;Yo;Z0) trén Oy 1a:M(0;yo;0)
+ Hinh chiéu vudng goc cta diém M(xo;Yo:z0) trén Oz 1a: M(0;0;20)

*Hinh chiéu vudng goc 1én mp toa do: Tim toa do hinh chiéu vudng goc ciia diém M(xo;Yo;Zo) trén cic phang

toa do.
+ Hinh chiéu vudng goc ciia diém M(xo:Yo;Z0) trén (Oxy) 1a: M(Xo:Yo;0)

+ Hinh chiéu vudng goc cta diém M(xo;Yo;zo) trén (Oyz) 1a: M(0;yo;zo0)+ Hinh chiéu vudng goc cia diém
M(Xo;Yo;Z0) trén (Oxz) la: M(Xo;0;20)
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CAC DANG BAI TAP MAT CAU

1/ X4c dinh tAm va ban kinh mit cau.

+Dang 1: (S): (x—a)2 +(y—b)2 +(Z—C)2 =R* Cétam I(a;b;c) va ban kinh R
+Dang 2: Mit cau (S): X° +y*+2°—2ax—2by—2cz+d =0

Ban kinh: R =+/a> +b*+c? —d

Cé tam I(a;b;c) véi <b =

2/ LAp phwong trinh mit ciu.

Dang 1: Lap phwong trinh miit ciu dang (x— a)2 +(y- b)2 +(z- c)2 =R’
Loai 1: Mit cau c6 tim I(a;b;c) va ban kinh R=m (véi m 1a s6 thuec).
e Pt mit cau (S): (x— a)2 +(y- b)2 +(z— c)2 =R*(¥).
e Mit ciu co tAm I(a;b;c), ban kinh R=m.
Thé tam I va ban kinh R vao pt (*¥).
Loai 2: Mit cau c6 tam I(a;b;c) va di qua diém A.
e Pt mit cau (S): (x— a)2 +(y- b)2 +(z— c)2 =R? (*).
e Mait cAu ¢6 thm I(a;b;c); Ban kinh R=1A = ‘ﬂ‘
e Thé tam I va ban kinh R vao pt (*).
Chii y: Piém A thudc mdt cau nén khodng cdch tir A dén tam bang véi ban kinh R hay dé dai doan thang IA
bang véi ban kinh R.
Loai 3: Miit cau c6 dwdong kinh AB.
e Ptmatcdu(S): (x—a) +(y—b) +(z—c) =R* (*).
e Goi [ trung diém AB= I(,,)
e Mit ciu co tAim I(a;b;c)
« Bankinh R=1A = [IA].
e Thé tam I va ban kinh R vao pt (*).
Chuy:
Puong kinh 1a AB nén A va B thudc mat cau nén IA = IB 1a ban kinh.

q _ AB |AB
Ta c6 thé tinh R theo 2 cach sau: R = IB = ‘IB‘ hoge R=—>=1—.
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Loai 4: Miit cau c¢6 tam I(a;b;c) va tiép xiic mp (P): Ax+By+Cz+D=0.
e Pt mit cau (S): (X - a)2 + (y - b)2 + (Z - 0)2 =R* ().
e Mit ciu co tim I(a;b;c).
L ‘Ax0+By0+Czo+D‘
e Do mit cau tiép xtic mp(P) nén: R = d(I,(P)) =
JA?+B? +C

Dang 2: Lap phwong trinh mit ciu dang: X° +y*+2° —2ax—2by—2cz +d =0.

Loai 1: Lap phwong trinh mit ciu qua bén diém A, B, C, D.
+ Pt mit cau (S) ¢6 dang: X* +y’ +2° —2ax —2by — 2cz+d=0 (*)
+ Vi A, B, C, D thugc (S):

Thé toa do diém A vao pt *

Thé toa do diém B vao pt *

The toa do diém C vao pt *

Thé toa do diém D vao pt *

+ Giai hé phuong trinh bfmg ph. phap thé, ta tim dugc a, b, ¢, d.

+Saudothéa, b, c, dvao pt (%).

Loai 2: Lap Pt mit ciu qua ba diém A, B, C va ¢6 tAm thudc mp (P): Ax + By + Cz+ D =0.
a) Ptmat cau (S): X° + Yy +2°—2ax—2by—2cz+d =0(*)

b) Vi A, B, C thudc (S):
Thé toa do diém A vao pt *

<= toa df diém B vao pt *

Thé toa do diém C vao pt *

Vi tam I(a;b;c) thude (P) nén thé toa do a;b;c vao pt cta (P) ta dugc phuong trinh th tu. Ta gidi hé bdn pt, ta
tim duoc a,b,c,d.

BAI TAP

Bai 1: Tim toa do diém M va tinh |[OM] biét:

1.OM =5i+2j—7k. 2.O0M =-3k.

3.0M =—i+3j. 4. AM =i+3j—k , AQ@;—1;2).

5 .AM =i—k , A(-1;-1:3).
Bai 2: Tim toa d6 diém M va tinh |OM] biét:

1. MA =2MB vé6i A(2;1;0), B(-2;0;1). 2. —3MA =2MB véi A(2;1:4), B(-2;3;1).

Bai 3: a) Tinh gbc gilra hai vecto:
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1.a=(214), b=(-6,0;3). 2.a=(0;0;1), b=(2;0;2).

b) Xét sy cung phuong cia céac vecto sau.
La=(LL1), b=(222), a=(444), b=(333)
2.a=(2:4:6), b=(240) a=(1:3;0), b=(2:-6;0)
3.a=(1:31), b=(27:2) a=(L-3-1), b=(-2-7:-2)

Bai 4: Cho tam gidc ABC biét A(-4; - 2;0), B(-1; - 2;4), C(3; - 2;1).
1. Tinh goc gitra hai vecto AB, AC.

2. Tinh goc gitra hai vecto BA, BC.
3. Tinh goc gitra hai vecto CA, CB.

- —

Bai 5: Cho gz(m;6;—5), b =(m;—m;-1). Timmdéalb.

!

Bai 6: Cho 5=(m;3;—2), B=(m;—m;—l).Timmdé alb.

Cau hoi trac nghiém:

TOA PQ TRONG KHONG GIAN

Cau 1: Trong khdng gian Oxyz cho ba vectoa = (-110), b= (L10), c=(LL1) . Cac ménh d& sau ménh d&
nao sai?

A bLc B. |c|=3 C.alb D. [a|=+2
Céau 2: Tam giac ABC c6 A(1;0;0), B(0;3;1); C(2;4;-1)la tam giac gi?

A. Tamgiac thuong B. Tamgiac vudng C. Tamgiac can D. Tamgiac déu
Céau 3: Cho A(1,2,1), B(1,2,6), C(-4,2,1). Ménh dé nao sau day la dang ?

A. Tam giac ABC vudng cén tai A B. Tam giac ABC vudng tai A

C. Tam giac ABC déu D. Tam giac ABC vudng cén tai B
Cau 4: Cho diém M(3,-4,-6). Toa do diém M’ d6i xtimg M qua gdc toa do O 1a

A. (3,0,0); B. (-3,-4,-6) C. (3,4,6) D. (3,-4,0)
Cau 5: Hinh binh hanh ABCD ¢6 A(-2,1,4), B(-3,5,6), C(1,0,-2). Toa do D la

A. (2,-4,-4) B. (0,4,0) C.(2,-4,0) D. (1,-4,2)
Cau 6: Cho diém M(3,-4,-6). Toa d6 hinh chiéu cta M trén mp(y0z) 14 :

A. (0,-4,-6) B. (3,0,0) C. (3,4,6) D. (3,-4,0)

Cau 7: Cho vecto a=(L3; 4), tim vecto b ciing phuong véi vecto a
A. b=(-2;,-6;-8). B. b=(-2-6;8). C. b=(-2,6;8). D. b=(2,-6;,-8).

Cau 8: Tich v6 hudng cia hai vecto a= (—2; 2; 5) , b= (O;l; 2) trong khong gian béng
A. 12 B. 10 C.13 D. 14
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Cau 9: Cho vecto a=(L-12), do dai vecto a I
A. 6 B.2 C. /6 D. 4
Cau 10: Trong khong gian Oxyz, cho ba vecto a=(1;2;3),b=(-2;0;1),c =(-10;1). Tim toa do cta vecto
n=a+b+2c-3i
A. n=(-6;2;6) B. n=(6;2;6) C. n=(6;2;-6) D. n=(0;2;6)
Cau 11: Trong khong gian toa dd Oxyz cho ba diém M (L11),N(2;3;4),P(7;7;5). Dé ti giac MNPQ I3
hinh binh hanh thi toa d6 diém Q la
A. Q(6;5;2) B. Q(-6;5;2) C. Q(6;,-5;2) D. Q(-6;-5;-2)
Cau 12: Cho cac diém E(4;-5;-3),1(2;-9;-1). Tim toa d¢ diem F biét | 1 trung diém ctia doan EF .
A. (0;-13;1) B. (0;1;,-13) C. (0;13;1) D. (0;-13;-1)
Cau 13: Cho cac vectoa(2;3;1),b(3;-2;4),¢(3,7;0) . Khang dinh nao dudi day 1 ding?
A.
C.

khong ddng phang. B.a vuong goc voi b.
,b,c ddng phang. D. a vuong goc voi c.
Cau 14: Cho ti dién MNPQ v6iM (3,1;0), N (-51;0), P(-5;-3;0),Q(2;-3;21) . Thé tich tir dién MNPQ
bang?
A. 84 B. 82 C. 86 D. 81
Cau 15: Goi ¢ 1a goc giita hai vecto a=(12;0) va b=(2;0;~1), khi d6 cos¢ bang

A 2 B.0 c. 2 D _2

5 J5 5
Cau 16: Trong khong gian Oxyz cho ba diém A(10;-3),B(2;4;-1),C(2;-2;0). Toa dd trong tim G clia
tam giac ABC la

A. (2%—%) B. (%%%j C. (5:2;4) D. (2;1;—2j

Cau 17 : Trong khong gian vdi hé toa do Oxyz, cho vecto u= 27—3] +5k . Khi d6 toa do cua u déi véi hé
toa do Oxyz la

A. (2,-35). B. (2,35). C. (-2:3,-5). D. (2,-3,-5).

Cau 18 :Trong khong gian véi hé toa d6 Oxyz, M’ 14 hinh chiéu vuéng goc ciia M (3;2;1) trén Ox. M’ c6

toa do la

A. (3,0;0).  B.(0;0;1). C. (-3;0;0). D. (0;2;0).
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Cau 19 : Trong khong gian vdi hé toa dd Oxyz, cho hai diém A(1;2;-3); B(6;5,—1). Tim toa do diém C dé
OABGC la hinh binh hanh.

A. C(53;2). B. C(-5-3-2). C.C(-3-5-2).  D.C(35-2).
Cau 20: Trong khdng gian véi h¢ toa d Oxyz, cho ba diém A(2;-15); B(5-57); M (X y;1). Véi gid tri
nao cua X; y thi A, B, M thang hang?

A x=-4y=T7. B. x=4,y=7. C. x=—4,y=-7. D. x=4,y=-7.

Cau 21. Cho hinh hop ABCD A’B’C’D’ ¢6 A(1;0;1) B(2;1;2) D(1;-1:1) va C’(4:5;5), toa d6 ctia C va A’ 1a

A.C(2;0;2);A’(3;4;-6) B.C(2;0;2);A’(3;5;-6)
C.C(2;5;-7);A’(3;4;-6) D.C(4;6;-5);A’(3;5;-6)
MAT CAU

Bai 1: Xac dinh tAm va ban kinh mat cau (S).
1L (x1) +(y=2)+(z-3) =4 2. (x+1)" +(y+2)" +(z+3)° =9 3. (x2)" +y*+(z+1) =2
4.x2+(y—3)2+(z+3)2=36 5. (x+2)2+(y—3)2+22=16 6. x°+y*+2°=3
Bai 2: Xéac dinh tim va ban kinh mat cau (S).
LX2+y +2°-2x-4y—62-2=0 2. X°+ Yy +2°+2x+4y+62-1=0 3. X*+y°+2°-4x+2y+47+2=0
4. +y* +17°—x-y-12=0 5.X°+y +2°-3x+y-52-2=0  6.X*+Yy*+2°-2x-42=0
7.X°+y +7° -4y +22+1=0 8.X°+y +2°-2x-2=0 9.X°+y*+2°-4y=0
Bai 3:a) Viét p t mit cau (S) biét tam I(2;-1;1) va ban kinh bang 3.

b) Cho ba diem A(1;2;1), B(2;0;1), C(-1;0;-2). Viét phuong trinh mat cau (S) c6 tdm la diém A va ban
kinh bang d¢ dai doan thang BC.

Bai 4:a) Viét phuong trinh mat cu (S) biét tam I(-1;-1;-1) va dudng kinh bang 16.

b) Cho ba diém A(-1;2;1), B(2;0;-1), C(-1;0;-2). Viét phtr mit cau (S) c¢6 tdm la diém B va dudng kinh
béng do dai doan théng AC.

Bai 5:a) Viét phuong trinh mit cau (S) c¢6 tam 13 diém A(1;-2;3) va di qua diém B(0;2;-1).
b) Viét phuong trinh mit cau (S) c6 tim 1a gdc toa d6 va di qua diém A(2;-1;9).
¢) Viét phuong trinh mat cau (S) ¢6 tam 1a diém M(2;-1;3) va di qua gbc toa do.
Bai 6:a) Viét p. trinh mat cau (S) c6 dudng kinh AB, A(1;2;3), B(-3:2;-1).
b) Viét p. trinh mit cau (S) c6 duong kinh MN, M(1;-2;-3),N(-3;2;1).
Bai 7:a) Viét phuong trinh mit cau (S) qua 4 diém A(2;0;0), B(0;4;0), C(0;0;3), 0(0;0;0).
b) Viét phwong trinh mit cau (S) ngoai tiép tr dién A(3;2;6), B(3;-1;0), C(0;-7;3), D(-2;1:-1).
¢) Cho A(1;0;1), B(2;1:2), C(1;-1;1), D(4;5;-5). Viét phuong trinh mit cau ngoai tiép tr dién ABCD.
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Cau hoi trac nghiém:

Cau 1: Phuong trinh mit cau X* +y* +2> —8x+10y—8=0 c6 tdm | va béan kinh R 1an luot 1a:
A l(4;-5;4),R=~57 B.I(4;-5:4,R=7 C.1(4;5:0,R=7 D.I(4;-5;0),R=7
CAu 2: Phuong trinh mat cau tam 1(3;-1;2), R=4 Ia:

A (x+3)2+(y-D*+(z+2)* =16 B. X’ +y*+2°—6x+2y—-4=0

C. (X+3)°+(y-D*+(z+2)° =4 D. x> +y*+2°—6Xx+2y—-47-2=0

Cau 3: Phuong trinh nao khéng phai 4 phuong trinh mit cu, chon dép 4n ding nhat:

A X*+y*+2°-100=0 B. —3x° —3y® —3z° +48x—-362+297 =0

C. X*+y*+2°+12y-16z+100=0 D. BvaC

Cau 4: Phuong trinh nao khéng phai 13 pt mit cau tim I(-4 ; 2; 0), R = J5 , chon dép an dang nhat:
A X*+y?—7°+8x—4y+15=0 B. (x+4)*+(y-2)°+2*=5
C.—Xx*—y>—z*-8x+4y-15=0 D. AvaC

Cau 5: Tim tat ca m dé phwong trinh sau 13 pt mit cau : X +yz +7 - 2(m+2)x+4my—2mz+ 5nf +9=0
A. m< -5 hoacm>1 B. m>1 C. Khong ton tai m D. Ca 3 déu sai
Cau 6: Tt ca m dé phuong trinh X* +y° +2° +2(M—=1)X +4my —4z —5m+9+6m* =0 1a pt mit cau?

A -1<m<4 B. m<—1 hoaicm>4 C. Khong ton tai m D. Ca 3 déu sai
CAu 7: Phuong trinh mit cau (S) c¢6 duong kinh BC , véi B( 0;-1;3) ; C(-1;0;-2) Ia:
27 1)? 1)? 1\ 27
A X2+ (y+17 +(z-3F == B. [x+—} +( +—j +(z——j ==
(y+1f +(@-3 =7 o]+ v+ > =3

2 2 2 2 2 2
C. (x—lj +[y—1j +(z+1j :2 D. (x+1j +(y+1j +(z—1j =27
2 2 2 4 2 2 2

Cau 8: Cho /(4,-12), AL—2;—4), phuong trinh mit cau (S) c6 tam I va di qua A 1a:

A. (x=4) +(y-1f +(z-2) =46 B. (x-1)2+(y+2) +(z+4) =46
C. (x—4)? +(y+1) +(z—2) =46 D. (x—4)* +(y+1)° +(z-2)" =46

Cau 9: Piém N trén truc Oz, cach déu 2 diém A3;-4;7), B-5;3;—2) Khi d6 N c6 toa dd la:
A. N (0;-2,0) B. N (0;0;2) C. N (0;0;18) D. N (0;0;-2)

37



Pé cuong 12- HK 2 — GDTX Tan Phu- (2021-2022)

Cau 10: Cho 7(4;-12), AL —2;—4), phuong trinh mat cau (S) c6 tam I va di qua A la:
A (X=4) +(y-1) +(z-2) =47 B. (x=1)% +(y+2) +(z+4) =46
C. (x—4) +(y+1)2 +(z —2)2 =49 D. (x—4)? +(y+1f +(z-2)* =46

Cau 11: Trong khong gian véi hé toa 4o Oxyz, cho mat cu (S) cé phuong trinh: (x+2)° +(y—3)* +22 =4
Toa d6 tdm | va ban kinh R cua (S) la
A.1(2;3,0),R=2 B. 1(2,-3,0),R=4 C.1(-230),R=2 D. 1(-2;3,0),R=4

Cau 12. Cho mat cau (S): x> + y? + 22— 2x + 4y — 6z — 2 = 0. Tim toa do tdm | va ban kinh R cua (S).
A.1(1;-2;3) vaR = 4. B.I(-1;2; -3) vaR = 4.

C.I(L;-2;3) vaR = 24/3. D. I(2; -4; 6) vaR = /58..

Cau 13: Cho bdn diém A(1;1;1), B(1;2;1), C(1;1;2) va D(2;2;1). Tam I ctia mat cau ngoai tiép tor dién
ABCD c6 toa do :

A (333) 5 (33-3) . G_ggj § (gggj

Cau 14: Cho phuong trinh x° +y* +z° —2x—4y+62z+14=0 (1). Chon khing dinh dung.
A. (1) a phuong trinh mat cAu tam 1(-2;4;-6), ban kinh R=+/14.

B. (1) 12 phuong trinh mit cau tam 1(1;2;-3), ban kinh R= \/H

C. (1) 1a phuong trinh mit cAu tam 1(-1;-2;3), ban kinh R=+/14.

D. (1) khong phai 1a phuong trinh mat cau. ‘

Cau 15: Trong khong gian Oxyz cho A(2;0;-1), B(-2;4;3). Phuong trinh mat cau duong kinh AB Ia:
A X +(=2Y+(z-1)"=12 B. X’ +(y—4) +(z=2)* =12

C. X+(y+2) +(z+1)* =12 D. X +(y+27 +(z+1)° =23

Cau 16: Tam I va ban kinh R ctia mat cau (S): X2+ y*+ 22 —6x+2y+4z-2=0 la
Al(3;-1;-2) ,R=4 B.1(3;1;2),R=4

C.1(-3;1;2),R=2 D.I(3;1;-2),R=2

CAu 17: Mit cau (S) ¢6 tam I(1; 2; -3) va di qua diém A(1; 0; 4) c6 phuong trinh

A (x=1?+(y-2)*+(z+3)* =53 B. (x-1)°+(y-2)*+(z-3)* =51

C. (Xx+1)?*+(y+2)*+(z-3)* =52 D. (x+1)*+(y+2)*+(z+3)*=53

Cau 18. Phuong trinh mat cau duong kinh AB véi A(6; 2; —5)va B(—4; 0;7) la
A, (X+ 12+ (y+1)%+ (z+1)?>=62 B.(X+5)%+(y+ 1)+ (z+6)?=62
C.(X-5)+(y—1)%+(z—6)2=62 D.(x—1)?+(y—1)?+(z—-1)>=62
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PHUONG TRINH MAT PHANG
1/ Viét pt mp biét diém thudc mp va vecto phap tuyén

Loai 1: Mit phang (P) qua diém M(xo;yo;zo) va ¢6 vecto phap tuyén n= (A; B;C) .

+ Mit phing (P) qua diém M(XOQYO;ZO) .
+ Mit phang (P) c6 VTPT n =(A;B;C). =>Ptmp (P): A(x—x,)+B(y-y,)+C(z-2,)=0.

Loai 2: Mit phang (P) qua diém M(Xo;yo;Zo) va song song hodc chura gia cua hai vecto a ,b.
+ Mt phang (P) qua diém M (XO;YO;ZO ) .
+ Hai vecto c6 gia song song hodc nam trén (P) 1a a,b
+ Mit phing (P) c6 VTPT fi= A D

2/ Viét pt mit phing (P) di qua diém M va song song véi miit phing (Q)
+ Mit phang (P) qua M(XO;YO;ZO)

+ Do mit phang(P) song song voi mit phing (Q) nén Ny = N

Chu y: Hai mp song song thi 2 vecto phap tuyén ty 1é hodc bang nhau.
3/ Viét phwong trinh mit phing di qua diém M va vudng géc vii dwong thing d.

e Mit phang (P) di qua M.
e Mit phang (P) c6 VTPT: fi, =&,

4/ VViét phwong trinh mit phiing qua ba diém A, B, C.

e Mit phang (P) di qua A.

e Mit phang (P) c6 VTPT: ;1 = E A rC .

5/ Viét phwong trinh mit phing (P) chira hai diém A, B va vudng goc véi mp(Q).

e Mit phang (P) qua diém A.
e Hai vecto co gia song song hodc nam trén mp(P) 1a: AB=...n_=...
e Nénmp(P)co VTPT: n=ABAn,.

6/ Viét phwong trinh mit phing (P) chira dwong thing d song song véi dwong thing d’.

e Mit phang (P) qua diém M ed .

e Hai vecto c6 gia song song hodc nam trén mp(P) la: a, =....a, =.....

e Mp(P)cOVTPT: n=a, ra, .
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7/ Viét phwong trinh mit phing (P) chira diém A va duwong thing d.

e Chon diém M thudc dt d.

e Mit phing (P) qua diém A.
e Hai vecto c6 gia song song hodc ndm trén mp(P) la: AM =....a, =.....
e Nénmp(P) co VTPT: n=AMAa,.

8/Viét phuwong trinh mit phing (P) 1a mp trung truc ciia doan thing AB.

e Goillatrung diém AB=>1 =( ..... )
e Mit phang (P) qua diém L

e Mit phing (P) c6 VTPT n = AB.

9/ Viét phwong trinh mp (P) di qua diém M va vudng géc vii hai mp (O) va (R).

e Mit phang (P) qua diém M.

e Hai vecto c6 gia song song hodc nam trén mp(P) la: n, =.....

e Nénmp(P)co VTPT: n=n, An, .

10/ LAp phwong trinh tiép dién ctia mit ciu (S):

Dang 1: Lap ph. trinh mp(P) tiép xtic miit cau (S) tai diém A.
e Xac dinh tam I cua mc(S).
e Mit phang (P) qua diém A.
e Mit phang (P) ¢6 vecto phép tuyén n=IA.
Dang 2: Viét pt miit phing (P) c6 vecto phap tuyén n= (m; n; p) va tiép xiic mit cau (S).
e Taxac dinh tam I va ban kinh R cua mit cau.
Vi mp(P) ¢6 VTPT n=(m;n;p)= mx+ny+pz+D=0.

* Do mp(P) tiép xtic me(S) <> d(I;(P)) =R

+ Mt phang (P) tiép xtic mit cau (S) < d (l ) (P)) =R
11/ Khoang cach tir diém M(xo;yo;z0) dén mdt mit phing: (P): Ax+By+Cz+D=01a
+By,+Cz,+D
d(, (py - 27 B0 Cy 1D
\/A +B“+C
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BAI TAP PHUONG TRINH MAT PHANG
Bai 1:
a)Viét phuong trinh mat phang (P) di qua diém A(1;2;3) va vudng goc voi dudng thang BC, biét B(—2;1;3),
C(-1;,-2;-3).
b) Cho hai diém A(2;1;0), B(3; —1;0). Viét phuong trinh mit (P) vudng goc véi AB tai A.
¢) Cho hai diém A(2;1;0), B(—2; —3;4). Viét ph. trinh mit phing trung truc ctia doan thing AB.
d) Viét ph. trinh mit phang (P) di qua diém A(1;—2;3) va song song voi mp(Q): 2x —2y —z —1=0.

e) Cho hai diém M(—1;—2;—3), N(—3; —2; —1). Viét phuong trinh mit phang (P) qua trung diém cta doan
thang MN va song song voi mit phiang (Q): 3x —y + z—10=0.

f) Cho ba diém A(2;1;0), B(3; —1;—2), C(1; —2; —1). Viét phuwong trinh mat phang (P) di qua trong tdm tam
gidc ABC va song song v6i mit phang (Q): y—2z—1 = 0.

g) Cho ba diém A(1;0;0), B(0;1;0), C(0;0;1). Viét phuong trinh mat phang (ABC).

h) Cho ba diém A(1;1;1), B(—=1;—1;—1), C(0;1;0). Viét phuong trinh mat phang (ABC).

i) Cho hai diém A(2; —1;0), B(—1;2;1) .Viét phuong trinh mit phang qua ba diém O, A, B .

j) Viét p trinh m phang (P) di qua diém A(2; —1;—3) va chira truc Ox

K) Viét phuong trinh mit phang (P) di qua diém A(2; —1; —3) va chira truc Oy.

) Viét phuwong trinh mat phang (P) di qua diém A(2;—1; —3) va chira truc Oz.

m) Viét ptmp (P) di qua hai diém A(2;—1;—1), B(1;0;1) va vudng goc voi mit phang (Q): 2x —y —z —1=0.

n) Viét ptmp (P) di qua hai diém A(1;1;1), B(2;1;1) va vudng goc voi mit phang (Q): 2x —y —1=0.

u) Viét ptrinh mp (P) di qua hai diém A(0;1;0), B(1;0;1) va vudng goc voi mit phang (Q): 2x —3y —2z —1=0.
Tinh khoang cach tir mét diém dén mét mit phang .

Bai 1: Tinh khoang céch tir diém M(—1;2; —3) lan luot dén cac mit phang sau:

a) 2x—2y—z—-10=0 b) —2x—-2y+10=0 C)x—2y—2z=0

d)3x—2y—-z+2=0 e)x—y—-1=0 f)2x—-3z=0

Bai 2: Tinh khoang cach tir gbc toa do dén mit phing (P): —x + 2y—2z—-33=0

Bai 3: Tinh khoang cach tir trung diém ctia doan AB dén mp(P): x—y—z—1=0, v&i A(1;0;2),B(—1;2;4).

Bai 4: Cho tam giac ABC vdi A(1;2;3), B(—1;—2;-3), C(3,—9,27) va (P): 2x —2y —z = 0.Tinh khoang cach
tir toa do trong tim G ctia tam giac ABC dén mit phing (P).

Bai 5: Cho tam giac ABC vai A(1;—2;-3), B(—1;2;3), C(—3,-9,15) va (P): 2x—2y—z = 0.
a) Tinh khoang cach tir toa do trong tim G cua tam giac ABC dén mit phang (P).
b) Tinh khoang cach tir trung diém cta doan thang AB dén mp(P).
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Bai 6:

a) Viét phuong trinh mit cau (S) c6 tam I(1;2;3) va tiép xtic mit phang (P):2x—2y—z—1 = 0.

b) Viét phuong trinh mit cau (S) ¢ tam I(—1; —2; —3) va tiép xtic mp (P): 2x + 2y + z—3 = 0.

¢) Viét phuong trinh mit cau (S) c6 tim 1a gbe toa d6 va tiép xtic mp (P): 16x—15y—12z—75 = 0.

d) Viét phtr mat cau (S) c6 tam la trong tAm tam giac ABC va tiép xtic mp(P): 2x —2y—z—27 = 0. Biét
A(1;2;-2), B(3;2;2), C(2;2;9).

Bai 7:

a) Viét PTMC (S) qua ba diém A(0;1;0), B(1;0;0), C(0;0;1) va c6 tAm thudc mit phang (P): x +y +z—3 = 0.
b) Viét PTMC (S) qua A(7;1;0), B(—3;—1;0), C(3;5;0) va tdm thudc mit phang (P): 18x—35y—17z—2 = 0.
¢) Viét ptmc (S) qua ba diém A(1;2;—4), B(1;—3;1), C(2;2;3) va c6 tam thudc mat phang (Oxy).

d) Viét ph trinh mit cau (S) qua hai diém A(3;—1;2), B(1;1; —2) va c6 tam thudc truc Oz.

Cau hoi trac nghiém:

Cau 1. Mt phang (P): X—3x+2 =0 nhén vecto nao sau day lam vecto phap tuyén

=S =S = e c_(1.3.1
A n=(L31) B, n=(2;-6;1) C.n=(-13-1) D. n‘(z’z’zj

Cau 2. Trong khdng gian véi hé toa d6 Oxyz, cho mat phang (P): 3x—z+ 2=0 . Vecto nao dudi day l1a
mot vecto phap tuyén cua (P) ?

A, n=(3-12) B, n=(2;-6;1) C. n=(-30;1) D. n=(0;3,2)
Cau 3. Cho mit phang (P):X—2y+3z—-1=0 Mot véc to phap tuyén ctia mit phang (P) 1a
An=(L23). B.n=(L-23). C.n=(13-2). D. n=(L-2-3).

Cau 4. Phuong trinh mit phing di qua A(L-2;4) vanhan n = (2;3;5) 1am VTPT la:
A. 2Xx+3y+5z2+16=0 B. 2x+3y+52-16=0
C. 2x+3y-52-16=0 D. 2x—-3y+5z-16=0

Cau 5. Trong khong gian Oxyz viét phuong trinh mit phang (P) di qua diém M(-2;3;1) va vudng goc voi
duong thang di qua hai diém A(3;1;-2), B(4:-3;1)

A. Xx—-4y+3z+11=0 B.x-4y+3z-11=0 C. x+4y+3z+11=0 D. x—-4y-3z-11=0
Cau 6. Cho A(2,-3,-1), B(4,-1,2), 1ap phuong trinh mit phang trung tryc ctia AB Ia:
A. 2x+2y+3z+1=0 B. 4x—4y—62+%:0 C.x+y-z=0 D. 4x+4y+6z—-7=0

Cau 7. Cho A(1; 3;2) B(-3;1;0) Phuong trinh mit phang trung truc ctia doan AB 1a:
A.2Xx+y+z-1=0 B.2x+y+z-7=0 C.2x+y—-z-4=0 D. 4x+y+z-1=0

Cau 8. Cho hai diém A(1; -4; 4) va B(3; 2; 6). Phuong trinh mp trung tryc cta doan AB la:
A x-3y+z+4=0 B.x+3y+z-4=0 C.x+3y-z-4=0 D.x-3y-z+4=0
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Cau 9. Viét ph trinh mit phang (e) qua A(3,2,-1) va vudng goc vdi OX

A (a):y-2=0 B. (a):x-3=0 C. (n):z+1=0 D. (@):y+z-1=0
Cau 10. Viét ph trinh mat phang () qua A(2,-1,3) vavudng goc véi Oy

A. (a):x-2=0 B. (@):y+1=0 C.(w):z-3=0 D. (@):3y+z=0
Céu 11. Viét ph trinh mat phang () qua A(2,-1,3) va vudng goc véi Oz

A. (a):x-2=0 B. (@):y+1=0 C.(a):z-3=0 D. (@):3y+z=0

Cau 12. Viét ph trinh mat phang (a) qua A(3,2,2) va A hinh chiéu vudng goc ciia O 1én (a) .

A. (a):3x+2y+2z2-35=0 B. (a):x+3y+2z-13=0 C. (a):x+y+z-7=0 D. (a):x+2y+3z-13=0
Cau 13. Viét ph trinh mat phang (o) qua A(-2,3,5) va A hinh chiéu vudng goc cua B(1,4,3) I1én (o) .

A. (a):x+2y+2z2-14=0 B. (a):3x+y-2z+13=0 C. (a):Xx+y+z-6=0 D. (a):x+2y+3z-19=0
Cau 14. Viét phuong trinh mit phang (P) tiép xc mat cau (S): x2 + y2 + z2 — 2X — 2y — 27 — 22 =0 tai diém
M(4; -3; 1)

A.3x—-4y-20=0 B.3x-4y-24=0 C.4x-3y-25=0 D.4x-3y-16=0
Céu 15. Cho mp(P): 3x — 4y + 2z — 5 = 0. Viét ph.trinh tong quat cia mp(Q) ddi ximg mp(P) qua mp(yOz):

A. 3X+4y+2z2+5=0 B. 3x+4y—-2z2+5=0 C. 3x-4y—-2z-5=0 D. 3x+4y-2z-5=0
Cau 16. Cho P(1;1;1), Q(0;1;2), () :x—y+2z+1=0. Toa do diém M c6 tung do 1a 1, nam trong (a)th(")a
man MP = MQ c6 hoanh d¢ Ia:

1 -1

A = B. — C.1 D.0
2 2
N
Céu 17. Cho A(-1; 1; 3), B(2; 1; 0), C(4;-1; 5). Mot phap vecto N ctia mp(ABC) ¢6 toa do la:
- - - -
A N=(2;7;2) B. N=(-2,-7;2) C.Nn=(2,7;2) D. N=(-2;7;,-2)
Cau 18. Mat phfmg qua 3 diém A(1;0;0), B(0;-2;0), C(0;0,3) c6 phuong trinh la:
A x—2y+3z=1 B.+XiZ-6 c X4diZ_1 D 6x-3y+2:=6
1 -2 3 -1 2 -3
Cau 19. Cho A(-1;2;1), B(-4;2;-2), C(-1;-1;-2).Viét phwong trinh téng quat cia mp(ABC).
A. (ABC): x +y -z =0 B. (ABC):x-y +3z =0
C.(ABC):2x +y +z -1 =0 D. (ABC): 2x +y -2z +2 =0

Cau 20. Mat phang di qua ba diém A(1;0;0), B(0;-2;0), C (0;0;-3) ¢6 phuong trinh

A. Xx-2y-3z=0 B. 6x-3y—-2z-6=0. C.3x-2y-5z+1=0. D.x+2y+3z=0
Cau 21. Trong khong gian cho 3 diém : A(5;1;3), B(1;6;2), C(5;0:4). Viét phuong trinh ctia mp(ABC)
A. (ABC): x+y-z-9=0 B. (ABC): x+y-z+9=0 C. (ABC): x+y+z-9=0 D. (ABC): x+y+z+9=0
Cau 22. Cho diém I(1; 2; 5). Goi M, N, P 1an luot 14 hinh chiéu cua diém I trén cac truc Ox, Oy, Oz, pt mp
(MNP) la:

Cau 23. Viét phuong trinh mit phang (a) qua cac hinh chiéu cia A(2,3,4) trén céc truc toa do.
A. (a):6x-4y+3z-12=0 B. (0):6x-4y-32z-12=0C. (a):6x+4y-32z-12=0 D. (a):6x+4y+3z-12=0

43



Pé cuong 12- HK 2 — GDTX Tan Phu- (2021-2022)

Cau 24. Pt mp (P) qua G(2; 1; — 3) va cit céc truc toa do tai cac diém A, B, C (khac gbc toa do ) sao cho G 1a
trong tdm cta AABC la:

A.(P):2x+y-3z2-14=0 B. (P): 3x+6y-2z-18 =0C.(P):x+y+z =0 D.(P):3x+6y-2z2-6=0
Cau 25. Trong khong gian véi hé toa do Oxyz, goi (P) 1a mit phing di qua G(1; 2; —1) va cit Ox, Oy, Oz lan
luot tai A, B, C sao cho G 1a trong tdm cta tam giac ABC. Viét phuong trinh mét phéang (P).

A (P):x+2y-z-4=0 B.(P):2x+y—-2z-2=0 C.(P):x+2y-z-2=0D.(P):2x+y-22-6=0
CAu 26. Cho ttr dién ABCD c6 A(3; -2; 1), B(-4; 0; 3), C(1; 4; -3), D(2; 3; 5). Phuong trinh tong quat cua mp
chtra AC va song song BD la:

A 12x-10y-21z-35=0 B.12x-10y +21z-35=0
C.12x+10y+212+35=0 D.12x+10y—-212+35=0
Céu 27. Trong khong gian cho 4 diém : A(5;1;3), B(1;6;2), C(5;0;4), va D(4;0;6). Viét phuong trinh mat
phang (P) qua AB va song song v&i CD.

A. (P): 10x +9y -5z +74=0 B. (P): 10x +9y -5z -74=0

C. (P): 10x +9y +5z +74=0 D. (P): 10x +9y +5z -74=0
Cau 28. Viét phuong trinh mit phang chira 2 diém A(1;0;1) va B(-1;2;2) va song song vdi truc Ox.

A x+22-3=0. By-22+2=0. C.2y-z+1=0. D.x+y-z=0.
Cau 29. Phuong trinh tong quat cia mp qua hai diém A(4; -1; 1), B(3; 1; -1) va song song truc Ox la:

Ay+z+2=0 B.y-z-2=0 C.y+z=0 D.y-z=0
Cau 30. Viét phuong trinh mit phang (o) qua diém A(2,0,1) va truc Oy
A. (a):2x-2-3=0 B. (a):x-2z=0 C. (a):2y+z-1=0 D. (@):x+2z2-4=0
Cau 31. Viét phuong trinh mat phang (o) qua diémA(-5,2,1) va truc Oz
A. (a):2x+5y =0 B. (a):y+2z-4=0 C.(0):x-y+7=0 D. (a):y-2z=0
Cau 31. Khoang cach tir diém M(-2;-4;3) dén mit phing (P) : 2x -y + 2z -3 =0l
A.3 B.2 C.1 D. 11

Cau 33. Cho mit phang (P): 2x +3y +6z -18 =0 va diém A(-2;4;-3).Viét phuong trinh ctia mp(Q) chira diém
A va song song vdi (P).
A.(Q): 2x +3y +6z2 +10=0 B. (Q):2x+y+z-3=0 C.(Q):2x-y+2z+2=0 D. (Q):2x -3y +6z +2 =0
Cau 34. Lap phuong trinh ctia mit phang (P) di qua A(1;2;3) va song song (Q) : X — 4y +z +12 =0 Ia.
A (P):x-4y+z+4=0 B.(P):x-4y+z-4=0 C.(P):x-4y+z-124=0 D.(P):x-4y+z+3=0
Cau 35. Lap phuong trinh ciia mat phing di qua A(2;6;-3) va song song véi ( Oyz).
A. y=6 B.z=-3 C.x=2 D. x+z=12
Cau 36. Cho hai miat phang (Q1): 3Xx —y + 4z + 2 = 0 va (Q2): 3x — y + 4z + 8 = 0. Phuong trinh mit phing
(P) song song va cach déu hai mit phing (Q1) va (Q2) la
A . (P):3x-y+4z+10=0 B.(P):3x-y+4z+5=0
C.(P:3x—y+4z-10=0 D.(P):3x-y+4z-5=0
Cau 37. Cho A(1;0;-2), B(0;-4;-4), (P):3x—2y+62+2=0 Ptmp (Q) chira dudng thing ABva L (P) la:
A 2x-y-z-4=0 B.2x+y-z-4=0 C.2x-z-4=0 D.4x+y-4z-12=0
Cau 38. Trong khong gian Oxyz viét phuwong trinh mit phang (P) di qua 2 diém A(2;0;-1); B(L,—2;3)
va vudng goc v6i mit phang (Q): X—y+2z+1=0
A. 2x+5y+3z+1=0 B. 2x+5y+3z-1=0 C. x-2y+3z-1=0 D. 2x-2z-1=0
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Cau 39. Lap PTTQ ctia mit phang () chira Ox va vudng goc véi mit phang (Q): 3x —4y +5z -12 =0

A. (o): x-z =0 B. (a): x +y=0 C. (o): 5y 4z =0 D. (a):5y +4z =0
Cau 40. Lap phuong trinh ctia mit phang (B) chira Oy va vudng goc v6i mit phing (R): x+y +z —1 =0.
A. (B):x+y=0 B. (B):y—4z=0 C.(B):x-z=0 D. (B): x+z=0
Cau 41. Lap phuong trinh ctia mit phing (y) chtra Oz va vudng goc voi mit phing (T): X-y-z +1 =0
A. (y): x-z=0 B. (y): x +y=0 C.(y):x+z=0 D. (y): x-y =0
Cau 42. Lap PTTQ cta (Q) di qua B(1;2;3), vudng goc voi mit phang (P) : x -y +z -1 =0 va song song véi
Oy. A. (Q): x-z+2=0 B. (Q): x+z -4=0 C.(Q):2x-z+1=0 D. (Q): x +2z -7=0

Cau 43. Lap phuong trinh téng quat cta (R) di qua C(1;1;-1), vudng goc véi mit phang (P): x +2y +3z -1 =0
va song song vdi Oz.

A. (R):2x-y-1=0 B. (R): x-y =0 C.(R):x +y-2=0 D. (R):2x +y -3 =0
Cau 44. Pinh cac gia tri cia m va n dé hai mit phang sau song song véi nhau: (a): 3x -y +mz —9=0 va
(B): 2x +ny +2z -3=0.

A. m=3/2; n=1 B. m=3; n=2/3 C. m=3; n=-2/3 D. m=-3; n=2/3
Cau 45.Cho (P):2x—y+2z+2=0;(Q):x+Yy+2z—-1=0. Goc giira (P) va (Q) la:
A. arccos—— B. 60° C. arccos = D. 30°
J3 5
Cau 46. Lap phuong trinh ctia mit phang (P) di qua goc toa d6 O va vudng goc vi hai mit phang:
(R): 2x -y +3z —1=0; (n): x +2y +z =0.
A.(P):7x-y-5z=0 B.(P): 7x -y +5z2 =0 C.(P): 7x+y-5z=0 D. (P): 7x +y +5z =0
Cau 47. Lap phuong trinh tong quat ciia mat phang (P) di qua A(1;3;-2), vudng goc v6i mat phang
(m) : x +y +z +4 =0 va song song v&i Ox.

A. (P): x-z-5 =0 B. (P): 2y +z -4=0 C.(P):y+z-1=0 D. (P):2y -z -8=0
Cau 48. Phuong trinh ciia mp(P) qua M(3;-1;-5) va vudng goc vaoi hai mp (Q): 3x -2y +2z + 7=0 va (R):

5x -4y +3z+1=01la:

A.2x+y-2z2-15=0 B.2x+y-2z +15=0 C.x+y+z+3=0 D. Mot dap sd khac
Cau 49. Cho diém 1(2;6;-3) va 3 mat phang (P): x -2 =0; (Q):y—6=0; (R): z+ 3 = 0.Trong cac ménh dé
sau tim ménh dé sai :

A.(P)diqual B. (Q) // (xOz) C.(R)/I Oz D.(P) L (Q)
Cau 50. Trong khong gian Oxyz cho hai mit phang («): 7 —2y + 32z —7 = 0va
(8): —2x + 4y — 62 + 3 = 0.Trong cac khang dinh sau day khang dinh nao 1a dang ?

A.(a),(8) tring nhau. B.(«)/ /(B). C.(a) cat (B) . D. («)cit va vudng goc (3).
Cau51.Cho3mp (P):x+2y—-z-6=0;(Q): 2x—y+3z+13=0; (R): 3x — 2y + 3z +16 =0 cit nhau tai
diém A.Toa do diém A la:

A. A@1;2;3) B. A(1;-2;3) C. A(-1;-2;3) D. A(-1;2;-3)
Cau 52. Trong khoéng gian Oxyz, cho (P) ¢6 phuong trinh X -3y +2Z =0 va (Q) c¢6 phuong trinh
2X —2y—4z+1=0. Chon khing dinh ding.

A. (P) va (Q) cit nhau nhung khong vudng goc. B. (P) song song vo1 (Q).
C. (P) va (Q) vudng gbc nhau. D. (P) trung véi (Q).

Cau 53. Chomp (P): x—2y + 1 =0 va (Q): —x + 2y + 3 = 0. Chon ménh dé dtng trong cac ménh dé sau:
A.(P)I1(Q) B. (P) cat (Q) C.(A=(Q) D.(P) L(Q)
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Cau 54. Cho mp (P): 2x + y = 0. Mp nao dudi day L (P)

AX-y+z+1=0 B.x-2y+z-1=0 C.2x-y+z-1=0 D.-2x-y=0
Cau 55. Dinh cac gia tri cia m va n dé hai mit phing sau song song véi nhau:
(P): 2x +my +3z -5=0 va (Q): nx -6y —6z +2=0.

A. m=1; n=-2 B. m=3; n=4 C. m=-3; n=4 D. m=3; n=-4.
CAau 56. Cau 1. Xac dinh m dé hai mit phang sau vudng goc: (P): (2m —1)x —3my + 2z -3 =0va
(Q):mx+(m-1)y+4z-5=0.

Am=-2Vm=2 Bm=-2Vm=4 Cm=2Vm=4 Dm=-4Vm=2
Cau 57. Dinh gia trj cia m dé hai mit phang sau vudng goc voi nhau:
(P): 3x -5y +mz —3=0 va (Q): mx +3y +2z+ 5=0.

A.m=1 B. m=2 C.m=3 D. m=4
Cau 58. Xac dinh goc () ctia hai mit phang (P): x +2y +2z —3=0 va(Q): 16x +12y —15z +10=0.
A. ¢=30° B. ¢=45° C. cose = 2/15 D. 9= 60°

Cau 59. Cho hai mp (P):  + 5y ~ 2+ 1= 0Va (Q): 2x —y +2 +4 = 0. Goi €0s¢ 14 gdc gila hai mp (P) va
(Q) thi gia tri OS¢ bang:

A3 B Y5 c. 16 p. ¥5
6 6 5 5
Cau 60. Cho (P): 2x +3y +67 -18 =0 va diém A(-2;4;-3). Tinh khoang cach d giita mat phang (P) va A
A. d=6 B. d=5 C.d=3 D.4.
Cau 61. Tinh khoang cach tir diém A(1;2;3) dénmp(P) : 2x—y+2z+6=0
A. d=5 B. d=4 C.d=3 D.2
Cau 62. Tinh khoang cach tir diém M(3;3:6) dén mp(P) : 2x -y +2z+6=0
A. % B. & C. E D.7
3 3 3

Céu 63. Trong mat phéng Oxyz, cho tir dién ABCD c6 A(2; 3; 1), B(4; 1; -2), C(1; 3; 2), D(-2; 3; -1). b
dai duong cao ké tur D cuia tir dién 1a

Al B.4 C.3 D.2
Cau 64. Cho 4 diém A(-1;2;1) B(-4;2;-2) C(-1;-1;-2) D(-5;-5;2) .Tinh khoang cach tir D ¢én mp(ABC)
A 3 B. 243 C. 33 D.43
Cau 65. Khoang cach giud 2 mit phang (P) x+2y+2z+11=0 va (Q) x+2y+2z+2=0 13

A. 3. B. 5. C.7. D.9.
Cau 66. Khoang cach giita hai mit phiang : (P): x +y-z+5=0va(Q) : 2x+2y-2z+3=0 I

2 7
A. Na B.2 C.712 D. 203

Cau 67. Cho mit cau (S):(x —1)2 +(y+ 3)2 +(z- 2)2 =49 . Phuong trinh nao sau diy la phwong trinh cta
mit phang tiép xuc v6i mat cau (S)?

A.6X+2y+3z2=0 B.2x+3y+6z-5=0 C.6x+2y+3z-55=0 D.x+2y+2z-7=0
Cau 68. Cho mit phing: (P): 2x -y +2z -3=0 va diém A(1;4;3). Lap phuong trinh ctia mit phang (r) song
song voi mp(P) va cach diém A da cho mot doan bang 5.

A. (n): 2x-y +22 -3=0 B. (n): 2x -y +2z +11=0 C. (n): 2x -y +2z -19=0 D. B, C déu ding
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Cau 69. Viét phuong trinh mit phang (o) di qua M(9,11) va cit cac tia Ox, Oy, Oz lan luot tai A, B, C sao
cho tir dién OABC ¢ thé tich nhé nhat.

A. (a):2x+y+z-20=0 B. (@):x+y-z-9=0

C. (@):x+9y+9z-27=0 D. (@):x-y-z-7=0

Cau 70. Diém H trén mp (Oyz), cach déu 3 diém A3;-12), AL 2;-1), (A(-11-3) Khi d6 H co toa do 1a:

AHO-Z-0y B HEY_T cHO-=-1y p -2
18 18 9 9 21 21 18 18

Cau 71. Piém K trén mp (Oxz), cach déu 3 diém AL0;2), B—2;1,1), ((L;-3;—2) Khi d6 K co toa do la:

)

K(L:0-2) BK(0-2)  CKEZ0-2) DKES0-)
15 4 24 8 8 4 14 14
Cau 72. Trong khong gian véi hé toa d6 Oxyz, cho diém M(1; 1; 2). Tim diém N thudc mat phiang Oxy sao
cho d6 dai doan thang MN 1a ngdn nhat.
A.(1;1;0) B. (1; 2;2) C.(2;1;0 D. (2;2;0)
Cau 73. Trong khong gian véi hé toa dd Oxyz, cho cac diém A(1;2;3),B3;2;1). Goi M la diém thudc mat
phéng Oxy. Tim toa do ctia M dé P = | MA + MB| dat gié tri nh6 nhat.
A.(1;2;1) B. (1; 1;0) C.(2;1;,0 D. (2; 2;0)
Cau 74. Trong khong gian véi hé toa 4o Oxyz, cho A(-1; 2; 3), B(1; 0; -5)va (P): 2x +y—-3z-4=0. Tim
toa do diém M thudc (P) sao cho 3 diém A, B, M thfmg hang.
A.(0;1;2) B, (-2;1; -3) C.(0;1;-1) D.(3;1;1)
Céu 75. Tim mot gia tri tung do cua diém M thudc Oy sao cho M cach déu 2 mat phéng
(P):2x—-4y—-4z+2=0,(Q):3x+2y—-6z2-5=0
A m=3 B.m=-2 C.m:E D.ng
10 3
Cau 76. Trong khong gian véi hé toa dd Oxyz, cho cac diém A(1; 1;0),B(3; 0;5), C(2; 2; 1). Goi M 1a mdt
diém chay trén mat phing Oyz. Gi tri cia P = MA? + MB2 + MC? dat gi4 tri nho nhat khi M ¢6 toa do 1a
A.(0;2;1) B. (0;1; 3) C. (0;2;3) D. (0; 1; 2)
Cau 77. Trong khong gian véi hé toa d6 Oxyz, cho cac diém A(1; 2; 0), B(0; 1; 5), C(2; 0; 1). Goi M 13 mot
diém chay trén mat phang Oyz. Gia tri nhé nhat cia P = MA2 + MB? + MC? 1a

A. 23 B. 25 C. 27 D.21
MAT PHANG VA MAT CAU
:2;0), B-11;3), ((2;0;-1 . . ,
Cau 1: Cho {(fg’z ( O)S tL3.a ) . Pt mat cau di qua A, B, C va c6 tdm nam trong mat phang (P)
la:
A X +y*+2°-6y—62+1=0 B. (x+3)?+y? +(z-3) =17
C. (x+1)?+y*+(z-3) =17 D. (x=3)? +y* +(z-3) =17
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CAu 2 : Cho mit cu (S):x° +y* +z° —2x+6y -8z 10 =0; va mit phang(P): x +2y -2z +2017 =0. Viét
phuong trinh cic mit phiang (Q) song song v&i (P) va tiép xtic voi (S)
A.(Q):x+2y—22z+25=0,(Q,):x+2y—2z+1=0. B.(Q):x+2y—-2z+31=0 ,(Q,):x+2y—2z-5=0.
C.(Q):x+2y—2z+5=0 ,(Q,):x+2y—2z-31=0. D.(Q,):x+2y-2z-25=0, (Q,):x+2y—2z-1=0.
Cau 3: Cho A(-1;2;4) vamp («):2x—y+2z-1=0. P/trinh mit cau c6 tam A va tiép xtic v6i (). Ia:

A (x+1)2+(y—2)2+(z—4)2=% B. (x+1)2+(y—2)2+(z—4)2=%
C. (X+1)2+(y—2)2+(z—4)2=§ D. (X+1)2+(Y—2)2+(z—4)2=g

Cau 4: Phuong trinh mat cau (S) c6 tim A(3;-2;-2) va tiép xac véi P 1x+2y+3z—7=0. Ia;
A (x=3)*+(y-2)" +(z2-2) =14 B. (x=3) +(y+2f +(z+2) =14

C. (x=3)2+(y+ 2)2 +(z+ 2)2 =14 D. Khéng ton tai miat cau trén

Cau 5: Trong khong gian Oxyz cho mit cau (S): x% + y? + 72 + 6X — 4y + 4z + 1 = 0. Viét phuong trinh mit
phang (P) song song v&i mit phang (Q): 2x +y + 2z - 4 =0 va tiép xtc véi mit cau (S).

A.2x+y+2z-20=0 B.2x+y+2z+20=0 C.2x+y-2z+20=0 D.2x-y+2z+20=0

Cau 6: ChoA(-1;2;4) vamp (&):2X—Yy+2—-1=0. P/trinh mat cau c6 tam A va tiép xtic véi (). Ia:

A (x+D2+(y-2) +(z—4) :% B. (x+1)2+(y-2) +(z—4) =

C. (x+1)2+(y—2)2+(z—4)2:% C(x+D2(y-2) +(z-

Cau 7: Mit cau tam 1(4; 2; -2), tiép xuc véi mp( ) 12x—5y—19=0 c6 ban kinh bang

Az g c. Vo D. Két qua khac
13 J13 13
Cau 10: Cho A(-1;2;4) vamp (a):2x—y+z—-1=0. P/trinh mit cau c6 tim A va tiép xuc véi (). 1a:
A (x+)? +(y-2) +(z-4) :% B. (x+1)?+(y-2)* +(z—-4) :%
2 2 2 2 2 2 2 4
C.(x+1)*+(y-2) +(z-4) =3 D. (x+1)?+(y—2) +(z-4) ==

Cau 11: Phuong trinh mit cau (S) c6 tim A(3;-2;-2) va tiép xac voi P :X+2y+3z—7=0. [a:
A (x=3)2+(y-2) +(z-2)* =14 B. (x=3)? +(y+2) +(z+2) =14
C. (x=3)%+(y+ 2)2 + (Z + 2)2 =14 D. Khong ton tai mat cau trén
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Cau 12: Viét ph.trinh m/c (S) qua 3 diém A(2; 0; 1), B(1; 3; 2), C(3; 2; 0) va c6 tAm nam trong mp(Oxy):

A x2+y2+22+%+17—y—5:0 B. x2+y2+22—%+17—y+5:0
5 5 5 5 5 5
C. x2+y2+22—%—17—y—5:0 D. x2+y2+22+%—17—y+5:0
5 5 5 5 5 5
PHUONG TRINH PUONG THANG.
Cong thire dwong thang d qua M(Xo;Yo;z0) c6 VTCP 1= (a;b;¢)
X=X, +at
e PITS: d:)Y=VYothl PTCT: ¢~ ===
Z=17,+cCt g c

1/ Viét phwong trinh dwong thing d di qua hai diém AB.
e DPuong thang d di qua diém A.
e Duong thang d c6 VTCP: u=AB= (a;b;¢c) .=> Ptdt
2/ Viét phwong trinh duwong thing d di qua diém M va song song v6i dwong thing d’.

e DPuong thang d di qua diém M.
e Duong thang d c6 VTCP: a, =a, .=>Ptdt
Chu y: Hai dwong thing song song ciing vecto chi phuong.

3/ Viét phwong trinh dudng thing d di qua diém M va vudng séc voi mp(P).
e Duong thang d di qua diém M.

_—

Puong thang d c6 VTCP: a 4 = Vviptn, .
TIM GIAO PIEM CUA PUONG THANG VA MAT PHANG

X=X, +at

Tim giao diém ctia duong thing d: 1Y = Yo + Pt va mp(P): Ax+By+Cz+D=0.
Z=12,+ct

Goi H 1a giao diém cta d va (P).

Hed < H(x, +at;y, +bt; z, +ct)

H e(P) < A(X, +at)+B(y, +bt)+C(z,+ct)+D=0  Giaipt timt=>x,y, z =H.

XAC PINH HINH CHIEU VUONG GOC CUA M LEN (P).

Viét phuong trinh dudng thang d di qua diém M va vudng goc véi mp(P).

Tim giao diém H caa d va (P).

Diém H chinh 14 hinh chiéu vuéng goc ctia M 1én (P).
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TiM PIEM M’ POI XUNG VOI M QUA (P).
+ Viét phuong trinh dudng thang d di qua diém M va vudng goc v6i mp(P).

+ Tim giao diém H cua d va (P).

+ Do M va M’ dbi xtmg qua (P) nén H 4 trung diém cta doan thing MM suy ra toa d6 M’
XAC PINH HINH CHIEU VUONG GOC CUA M LEN PUONG THANG (d)

Goi H 1 hinh chiéu ctia M trén d

Hed < H(x, +at;y, +bt;z, +ct) = AH(...) .

m.a=0:t3 H(..)

TiM PIEM M’ POI XUNG VOI M QUA PUONG THANG d.

e Viét phuong trinh mit phing (P) di qua diém M va vudng goc voi duong thing d.

e Tim giao diém H cua d va (P).

e Do M va M’ ddi xting qua d nén H 13 trung diém cta doan thang MM’ =>M’=..
VI TRI TUONG POI CUA HAI PUONG THANG.

Budce 1:

a) Xac dinh diém M thuoc d va VTCP a cia d.

b) Xac dinh diém M’ thuéc d va VICP ' cia d’.
Buworc 2:

a) Xét sy cung phuong cia hai vecto chi phuong
b) Néu a,a’' cung phwong khi dé d song song véi d hodc d tring véi d’.
Néu hé pt sau covo s nghiém thi d va d’tring nhau
X, +at=x +a;t'
Néuhé pt 1Y, +bt =y, +bt" vo nghiém thi d va d’song song

Z,+Cct=1z,+Ct'

¢) Néu a,a’' khong cung phwong khi dé d cdt d’ hodc d va d’ chéo nhau.
Néu hé pt sau c6 nghiém thi d va d’cit nhau.

Néu hé pt sau v6 nghiém thi d va d’chéo nhau.
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VI TRi TUONG POI CUA PUONG THANG VA MP.
X=X, +at
P& xét vi trf tuong déi cia dt d: 1Y = Yo BT va mp(P): Ax+By+Cz+D=0.
Z=17,+cCt
xét pt: A(X, +at)+B(y, +bt)+C(z,+ct)+D=0 (*).Giai pt tim .
+ Pt(*) c6 mdt nghiém t<> d cit mp(P) tai mot diém.
+ Pt (*) vO nghiém <= d song song vdi (P).
+ Pt(*) c6 vo sd nghiém t << d nam trong (P).
CAC BAI TOAN CHUNG MINH.
1/ Chirng tam giac ABC la tam giac vuong

- Vuéng tai A< AB L AC< AB L AC=AB.AC=0
-Vuéng tai B<> BA 1 BC < BA L BC=BA.BC=0

-Vu6ngtaiC<:>CAJ_CB<:>C4A>l@:ﬁ.ﬁzo

2/ Chirng minh hai dwong thang d va d’ vudng goc

Cinnhé: d 1 d'<>a, La, < a,.a, =0 chhti+cc=0
GOC.

1/ Géc giita hai duong thang 1a goc giira hai vecto chi phuong.
cosa:‘cos(é,;)‘ = 0’ <a<90°.
2/ Géc giira hai mat phang 1a goc giita hai vecto phap tuyén.

oo

3/ Goc giita dudng thang va mit phang 13 goc gitra vecto chi phwong va vecto phap tuyén.

sin(a,n)

n.n'

‘44.

0° <a<90°.

cosa:‘cos(n,n')‘ ==
n

0° <o <90°.

sino=

—

a|.

—

n

o1
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VI TRi TUONG POI CUA MAT PHANG (P) VA MAT CAU (S).

e Xac dinh tdm I va ban kinh r caa mit cau (S).
e Tinh khoang cach d tir tim I dén mp(P): d =d (I,(P)) .
+THL d>r < (P)N(S)=D. (hay (P) va (S) khong c6 diém chung).
+TH2: d =1 < (P) tiép xiic véi mit cau (S)
+TH3: d <r < (P) cit (S) theo thiét dién 1a mot ndwong tron (C). Cach x4c dinh tim va ban kinh duong
tron(C):

- Goi H 1a tam cua (C). Khi d6 H chinh 14 giao diém cta duong thang d di qua tdm | va vudng goc

mp(P).
- Goir’ 1a ban kinh cta (C). Khi d6: 1> =R?—-d?> < r=+R>-d>.
BAI TAP PHUONG TRiNH PUONG THANG

Viét phuong trinh tham sb va chinh tic duong thang
a) bi qua 2 diém A(1;2;—1), B(2; —3:1). b) Bi qua 2 diém M(4;—2;0), N(0; —2;1).
¢) bi qua 2 diém A(1;2;3), B(-1;—2;—3).  d) bi qua 2 diém B(—1;—2;—3), C(3,-9,27).
e)Viét phuong trinh duong thang d di qua diém M(—1;2; —1) va gbc toa do.

f) Cho tam gidc ABC vé6i A(1;—2;—3), B(—1;2;3), C(—3,—9,15). Viét phuong trinh dudng thang d di qua
diém A va trong tim G cta tam giac ABC.

g) Cho tam giac ABC véi A(1;—2; —3), B(—1;2;3), C(—3,—9,15). Viét phuong trinh duong thang d di qua
trung diém cua doan thing AB va trong tim G ctia tam gidc ABC.

TIM TOA PQ GIAO PIEM CUA PUONG THANG VA MAT PHANG
Bai 1: Tim giao diém cta duong thang va mat phang:
X=1+t
1/ d: 1Y =3-t vamp(P): 2x +y + 2z =0.
z=2+t
Xx=12+4t

2/ d: 1Y =9+3t vamp(P): 3x+5y-z-2 = 0.
z=1+t

Bai 2: Tim giao diém ctia duong thang va mit phang:

g Xx+3 y+1 z-3
-2 1

1/

vamp(P): x +2y—z+5=0.
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— > 2vamp().xyz =0.

Bai 3: Tim toa d6 giao diém cua dudng thang d va d’:

X=1+2t X=2+t1' X=—1+t
_ ' x—1 +2 71-4
1/ d:y=2+t vaqg: y=1+2t 2/ d: 2=y1 = 3 vad: y=-t
z=-1+3t z=1+t" 7=-24+3t
Bai 4: Tinh goc giira dudng thang va mit phang:
Xx=1+t X =12+ 4t
1/ d: qy=3-t vamp(P):2x+y+2z=0. 2/ d:qy=9+3t vamp(P): 3x + 5y—z—2 =0.
2=2+t z=1+t
Bai 5: Tinh goc gitra dudng thang va duong thang
X=1+2t X=2+t' . 5 A X=-1+t
1 d:dy=2+t wvad:dy=1+2t 2 d: X_2=y1 =Z; vad: {y=-t
z=-1+3t z=1+t' z=-2+3t
CHUNG MINH 2 PUONG THANG CAT NHAU.
Cich giai: Ta giai hé phuong trinh tim toa do giao diém ctia hai duong thang.
X=1+2t X=2+t' . 5 A X=-1+t
Ud:{y=2+t vad:{y=1+2t' 2/ d: X_2=y1r =Z; vad: Jy=-t
z=-1+3t z=1+t' 7=-2+3t
CHUNG MINH HAI PUONG THANG CHEO NHAU.
X=-2t . 5 Xx=1-t X=1+t
1d:{y=-5+3t va d’:%:y;zzil 2/d: {y=2+2t vad:{y=3-2t
7=4 z=3t z=1

CHUNG MINH HAI PUONG THANG VUONG GOC NHAU

Cach giai : Ching minh aa'=0 (¢ m tich v6 hwdng bang 0)

x=1+1 X=2-2t' X=5-t X=9+2t
Bail:a) d: {Y=2+3t yva Y= 2+2U by g dy=-342t vad: {y=13+3t
z=3-t z=1+4t' =4t z=1-t
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. . . . x-1 y-2 z X 5 z-4
Bai 2: Chirng minh hai duong thang d: —— = y—c_2 vad:—= yro _z-4 chéo nhau
2 -1 1 -2 3 -1
Bai 3:
Xx=2-t
a) Viét phuong trinh mit phang (P) chta diém A(2;0;-1) va duong thang d: {y =1+2t.
z=1-2t
£ \ - 2 . ; . , x=1 'y z+l1
b) Viét phuong trinh mat phang(P) di qua goc toa d6 va chira dt d: — = 1 = —
x=2 Xx=-2-2t

¢) Viét phuong trinh mat phing (P) chira hai dt cat nhau d: {y =2t , d:Jy=—4
z=1-2t z=3—-t

d) Viét phuong trinh mit phang (P) chtra hai duong thing cit nhau

5 A Xx=—1+t
d: x_1_y+2_z- , diqy=—t
-2 1 3
z=-2+3t
x=1 X =3-3t
e) Viét ptmp (P) chita dt d: {y =—4+2tva songsong dt d’: <y =1+2t,
z=3+t 7z=-2
Xx=2+2t x=1
f) Viét ptmp (P) chira dt d: {y =—1+t va song songdtd’: {y =1+t.
z=1 z=3-t
X=t
g) Viét ptmp (P) qua trung diém doan thang AB va vudéng goc voidtd: {y =1, biét A(1;2;3), B(3;2;1).
z=1-2t

h) Cho ba diém A(2;1;0), B(3;-1;-2), C(1;-2;-1). Viét ptmp (P) di qua trong tdm tam gidc ABC va vudng goc

voided: 2= Yzt
2 -1 2

i) Cho bon diém A(1;1;1), B(1;2;1), C(1;1;2), D(2;2;1).
11/Viét phuong trinh mit phang (P) chita AC va song song véi BD.
12/Viét phuwong trinh mat phing (Q) chita DC va song song véi AB.
I3/Viét phuong trinh mit phang (R) chira BC va song song véi AD.
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TIM HINH CHIEU CUA PIEM TREN PUONG THANG
X=2+t
Bai 1: Cho diém A(1;0;0) va duong thang A:<y=1+2t
z=t
a) Tim toa d6 diém H 1a hinh chiéu vudng goc cua diém A trén dudng thing A.
b) Tim toa d6 diém A’ dbi xtimg v6i diém A qua dudng thing A

N ‘ 1yl
Bai 2: Cho diém M(2;-1;1) va dudng thing A XT - y;1 :%

a) Tim toa d6 diém H 1a hinh chiéu vudng goc cta diém M trén dudng thang A
b) Tim toa d¢ diém M’ dbi ximg v6i M qua duong thiang A
TIM HINH CHIEU CUA PIEM TREN MAT PHANG
Bai 1: Cho diém M(1;4;2) va mit phang (a):X+y+z-1=0
a) Tim toa d6 diém H 1a hinh chiéu vudng goc cta diém M trén mit phang (@)
b) Tim toa d6 diém M’ ddi xtng véi diém M qua mit phang (c)
Bai 2: Cho diém M(1;-1;2) va mat phang () :2x—y+2z+12=0
a) Tim toa do diém H 1a hinh chiéu vuéng goc ctia diém M trén mit phang ()
b) Tim toa d6 diém M’ ddi xtng véi diém M qua mit phang (c)

TiM HINH CHIEU CUA PUONG TREN MAT PHANG

X=1-t
Bai 1: Tim hinh chiéu ctia duong thang (d): < y = —1—3t 1én miat phang (P):2X+3y—-z-6=0
z2=2+t

Bai 2: Trong khong gian vdi hé toa d6 Oxyz, cho hai diém A, B co toa do xac dinh bai cac hé thic
X=1+t
y =—1+3t vamit phang (P):3x—2y+6z+2=0.
z=2-t

1 Tim giao diém M ciia duong thing AB v&i mp(P).

2 Viét phuong trinh hinh chiéu vudng goc ctia AB trén mp(P)
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BAI TAP TONG HQP
Bai 1: Chomitcau (S): x?+ Y2+ z2 +2x =2y +2z—-1=0va
m phing (P) : x—5y +3z+2=0
a) Tim toa do tAm va ban kinh mat cau (S).
b) Chimg minh mphing (P) ¢t m cau (S).
¢) Viét ptmp (Q) // mp (P) va tiép xtic v6i mcau (S).
d) Viét ptmp (Q) / mp (P) va cit mcau (S) theo mot dudng tron c¢6 ban kinh 16n nhat.
Bai 2 : Cho mit phang (P):4x +y -z+2=0
a) Viét ph. trinh duong thang vuéng goc véi mp (P) va qua M( 2,0,-2). Suy ra hinh chiéu ctia M trén (P).
b) Viét ph trinh mit cau tam E( 2.-2,3) va tiép xtic voi mp (P).
¢) Viét ptmp(Q) song song voi mp (P) va cit mit cau
(S):x?+ y?+ 22 —6x—2y —1 =0 theo I dudng tron c6 ban kinh bang 2.
Bai 3: Cho A(2;0;-1),B(3;-2;4),C(0;-3;0)vaD(1;2;-7) .
a) Chung t6 A, B, C, D 1a 4 dinh ctia mot tr dién.
b) Tinh d¢ dai duong cao ké tir D cta tir dién ABCD.
¢) Tim toa d6 chan duong cao ké tir A cua tr dién ABCD.
d) Viét phuong trinh mit cau c6 tim thudc mit phang Oxy va qua A, B, C.
Xx=1-2t x=-1+t
Bai 4: Cho hai duong thing: (D1): \Y=—2+1 va (Dy): Y= —t'
z=4+3t z=-2+3

a) Chtng minh : (D1) cét (D7) . Viét phuong trinh mit phang (¢ ) chita (D1) va (D2,
b) Tinh goc gilta (D1) va (D2).

¢) Viét phuong trinh mit cau tam A( 2,-1,1) va tiép xuc (D2).

X=t
Bai5: Cho2de (A)ly=3-2t va (a): *"2_Y_
z

3 z-9
-1 2 1
5-t

a) Chung minh : (Al) cat (A2)~ Viét phuong trinh mit phing (& ) chira (Al) va (Az)
b) Tinh khoang céch giita hai duong thing (A,) va (A,).
¢) Tinh goc gitra hai dudng thing (Al) va (Az)-

d) Tinh goc giita hai duong thing (A, ) va mp(Oxy)
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CAau héi tric nghiém

x+3 y+1 z-3

Cau 1: Trong khéng gian Oxyz, cho duong thang d: . Piém nao sau day thudc duong

1
thang d?
A. A(3;2;6) B. B(3;2;0) C. C(-3;1;3) D. D(1;1;1)
X =1+5t
Cau 2: Trong khong gian cho dudng thing d: {y=3+2t;te R. Trong cic phwong trinh sau, phuong trinh
Z=-2+t
nao |a phuong trinh chinh tic cia dudng thang d
A x+1: y+3: z—2. B. X+5 _ y+2 _ Z+1.C. x—lz y—3: z+2. D. x—5: y—-2 _ z—1.
5 2 1 1 3 -2 5 2 1 1 3 -2

Cau 3: Trong khong gian vai hé truc toa do Oxyz, phuong trinh duong thang qua M (1; 2, —3) vaco VTCP
a=(L-35):

X=1+t
x-1 y-2 z+43 x-1 y+3 z-5 5 A s
A. = = B. = = C. =— D. A va B déu dun
1 3 c 1 5 3 y 53;2t(teR) g
z=5-

Cau 4: Trong khong gian v&i hé truc toa do Oxyz, phuong trinh tham s6 ctia dudng thang di qua hai diém
A(2;3,-1),B(12;4)
X=2+t 5 3 1 1 L 5 X=1+2t
X — -3 z+ X— -1 z+
A jy=3+t (teR) B Y2 e Y D.1y=1+3t(teR)

1 1 5 1 2 4
z=-1-5t z=5-t

Cau 5: Trong khong gian vai hé truc toa do Oxyz, phuong trinh tham sé ciia duong thang di qua diém
A(3;2;-4) va song song v6i Ox

X=3+t X=3+t X=3 X=1+3t
A jy=2 (teR) B.iy=2+t (teR) C.qy=2 (teR) D.qy=2t (teR)
z=-4 z=—4+t z=—4+t z=-4t

Cau 6: Trong khong gian v6i hé truc toa do Oxyz, phuong trinh tham sb ctia dudng thang di qua diém

A(li -1 0) va vudng goc v6i mat phang Oxy

x=1 X=0+t X=0+t X=1+t
A jy=-1(teR) B.qy=0-t(teR) C.iy=1-t(teR) D.{y=-1+t(teR)
z=t z=1 z=1 z=0
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Cau 7: Trong khong gian v6i hé truc toa do Oxyz, phuong trinh tham sb ctia dudng thang 13 giao tuyén cua

hai mit phing (P):6X+2y+2z+3=0va (Q):3x-5y—-2z-1=0

13
=t X:_SH x=—%+3t X =1+t
A y:§+3t (ter) Biy=-3t (ter) C{y=-9t  (teR) 5 y:%+3t (teR)
5 5
13 z=-=+6t z=——-18t 13
Z:_E_Gt 6 6 Z:_E_&

Cau 8: Trong khong gian vai hé truc toa do Oxyz, cho tam giac ABC cé
A(3; -1 —1), B(li 2, —7) , C(—5;14; —3) . Phuong trinh ctia dudng trung tuyén AM

X =—-2+05t X=3+1 X =3+5t X=5+3t
A y=8-9t (teR) B.qy=-1+2t(teR) C.<y=-1-9t(teR) D.qy=-9-t(teR)
Z=-5+4t z=-1-7t z=-1-4t z=4-t

Cau 9: Trong khong gian v6i hé truc toa do Oxyz, phuong trinh dudng thang di qua A(Z; —1;1) va song
song v6i (d), biét (d) 1a giao tuyén cua 2 mit phing (P):X—-y+2z+3=0 va (Q):x-5y-2z+4=0

X=2+Tt X=7+2t X=-2+1 X=7+3t
A jy=-1+3t(teR) B.<y=3-t (teR) C.<y=-1-t(teR) D.qy=3-t (teR)
z=1-4t z=-4+t z=1+t z=-4-t
A L A o : X _y+l 7
Cau 10: Trong khong gian véi hé toa do OXyZ cho hai duong thing (dl)._—lsz—

X -1 z-4 _, . ,
(dz) : 1 Y- = Viét phuong trinh mat phang (P) chira hai duong thang.
A.

2
X+2y—-z+2=0 B.X+y-z+3=0 C. x+y-z=0 D. X+3y—-z+1=0
X=—t
Cau 11: Trong khong gian véi hé truc toa do Oxyz, cho duong thang d:Jy =—1+ 2t(te R) va
z=2+t

(P):2x-y—2z-3=0. Phuong trinh tham s ctia dwong thing nam trén (P), cit va vudng goc (d):

X=1+t X=1+t X=1+t X=1+t

A.qy=-3 (teR) B.qy=-3t(teR) C.qy=0 (teR) D.<y=0 (teR)
z=1+t z=1+t z=1+2t z=2+t

Cau 12: Trong khong gian véi hé truc toa dd Oxyz, cho M(2;1;,0) va duong thing A:X—2_1=y—;:1=i1.

Phuong trinh dudng thang d qua M, cit va vudng goc véi A
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X=2+t X=2+t X=2+t X=2+t
A Jy=1-4t(teR) B.{y=1+5t(teR) C.{y=1+5t(teR) D..y=1-2t(teR)
z=2t z=-3t z=-3t z=-2t

Cau 13: Cho cac diém A(L-1;2),B(2;11),C(0;13). Viét phuong trinh duong thing d nim trong mat

phing (ABC) sao cho d cit va vudng goc véi truc OX.

x=3 X=2 x=3t x=0
A d:qy=t B.d:<y=t C.d:xy=t D.d:qy=t
z=0 z=0 z=0 z=3
CAu 14: Trong khong gian véi hé truc toa dd Oxyz, cho dudng thang d: le = y:Il _Z ; 2 va
(P):x—3y+2z—-5=0. Hinh chiéu vudng goc cta d trén (P):
X =1+23t X=23+t X=-1+t Xx=1-t
A qy=2+29t(teR) B.qy=29+2t(teR) C.{y=1-3t(teR)D.{y=3-t (teR)
z2=5+32t z2=32+5t z2=2+2t z2=2+2t
X=2+2t
Cau 15: Trong k/gian vai hé toa @6 OXyz cho diém M (1,2;-6) va duong thang d: {y=1-t (teR).Tim
Z=-3+t
toa 4o diém H trén d sao cho MH vuéng goc véi d .
A. (4,0;-2). B. (2,5-3). C. (-10;2). D. (0;2,-4).
Cau 16: Trong khong gian véi hé truc toa d6 Oxyz, cho M(2;1;,0) va duong thang d: XT_l = yT“Ll = il .

Phuong trinh dudng thang di qua diém M, cét va vudng goc voi d:

AAXZ2 Yyl 2z BZME:}=y+4:z+2
1 -4 2 2
x-L yrl o242
3 y 3 3 X=7 y+1 z+2
C. A = = D. A: = =
1 -2 -2 1 -4 -2
A A . \ 2 . . x—1 y_l z 2
Cau 17: Trong khong gian Oxyz, cho duong thang d c6 phuong trinh —— :T :I va mat phang
(P):2x+y+z—6 =0. Tim toa do giao diém K cua duong thang d va mit phang (P)
1 3
A. K(0;5;1). B. K(2;-3;-1). C. K(§;4;Z). D. K(5;0;1).

CAu 18: Trong khong gian véi hé toa dd Oxyz , tim mat phang (P) qua diém A(L,—3,2) va vudng goc véi
hai mit phing(e):x+3=0 ,(8):z2-2=0.
A. (P):y+3=0. B. (P):z-2=0. C. (P):x-1=0. D. (P):x—y=0.
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ON TAP CHUONG III
Cau 1: Tim phuong trinh mét phing qua M (1;,0;0) va co vecto phap tuyén 1 =(1;2;1).
A. —x+2y+z=0. B. x+2y-z+2=0. C. Xx+2y+z-1=0. D. x-2y+z+1=0.
Cau 2: Trong khong gian véi hé toa dd Oxyz , cong thire tinh khoang cach tir diém A(XO; Yos Zo) dén mit
phing (P):ax+by+cz+d =0 Ia:

ax, +by, + ¢z, +d| ax, +by, +cz, +d
A.dA,P=| o0 1. B.d(A(P)= o_-90
(A(P)) a’ +b? +c? (A F) a’ +b? +c?

C.d(A,(P))=|aX0+byO+CZO+d| D,d(A,(P)):aX°+by°+CZ°+d.

Jal+bi+c? X2 +Yyo+28

Cau 3: Trong khong gian vi hé toa do OXyz , cho diém A(3;5,-7),B(L1;—1). Tim toa do trung diém | cua
doan thang AB.

A. 1(-1-2;3). B. 1(-2;,-4;6). C. 1(23-4). D. 1(4;6;-8).

Cau 4: Trong khong gian véi hé toa 6 Oxyz , cho mit phang (P): §+ % +é =1. Tim giao diém K cia mit

phang (P) va tryc tung.
A. K(0;2;0). B. K(2;0;0). C. K(22;3). D. K(0;0;3).
Cau 5: Trong khong gian véi hé toa d6 Oxyz , cho A(2;0;0),B(1,—4;0),C(0;1;6). Tim toa do trong tdm

G cua tam giac ABC.

A G[g;_;sj. B. G(L-12). C. G(%;—Z;Oj. D. G(-1-4;0).

Cau 6: Tim vecto phap tuyén N ciia mit phiang (P):2x+2y+2z—-1=0 trong cic vecto sau:
A. ﬁz(l;l;%j. B. n=(2,2,-1). C. n=(441). D. =(4,21).

X=2-t
Cau 7: Cho duong thang d c¢6 phuong trinh tham s 4y =1+2t (t € R) . Hoi trong cic vecto sau, vecto nio
z=-5t

1a vecto chi phuong ctia duong thang d .

A. b =(-12,0). B. V =(2;10). C.li=(-L2-5). D.a=(21-5).

CAu 8: Trong khong gian vai hé toa d6 Oxyz , cho ba diém A(3;2;1),B(-13;2),C(2;4;-3). Tinh tich vo
hudng AB.AC.

A. ABAC=-6.  B. ABAC=4. C. ABAC=—4.  D. ABAC=2.
Cau 9: Trong khong gian v6i hé toa do OXyz , tim cong thirc viét phuong trinh mit phang qua diém

M (X,: ¥o:2,) va co vipt fi=(a;b;c).
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A. a(x—x,)+b(y-y,)+c(z-2,)=0. B. X, (x+a)+Y,(y+b)+z,(z+c)=0.

C. X (x—a)+Y,(y-b)+2z,(z-c)=0. D. a(X+X,)+b(y+Y,)+c(z+2,)=0.

Cau 10: Trong khong gian, cho hai diém A(L;—2;3), B(0;2;5) . Hoi trong cac vecto sau, vecto nao 13 vecto
chi phuong ctia duong thang di qua hai diém A va B .

A 7= G;O; 4). B. U=(-142). C. X=(-10;2). D. y=(10;8).

Cau 11: Trong khong gian voi hé toa dd Oxyz, cho hai diém A(1;3;-2) va B(4;-5;2). Tinh toa d6 cia

vecto E
S — (5 — .
A. AB=(3-84). B. AB :(E;—l;oj. C. AB=(-38—4). D. AB=(5,-2;0).
Cau 12: Trong khong gian véi hé toa d6 Oxyz , tim toa do hinh chiéu vudng goc N cia diém M (L;2;3) trén
mat phrfmg (Ox2).

A. N(0;2;0). B. N(L0:3). C. N(0;2;3). D. N(L2:0).
X =1+5t

Cau 13: Trong khong gian cho dudng thang d: <y =3+2t;t € R. Trong cic phuong trinh sau, phuong trinh
Z=-2+t

nao la phuong trinh chinh tic cia duong thang d

A x+1_ y+3= z—2. B X+5 _ y+2 _ Z+1.C. x-1_ y—3= z+2. D. X=5_ y-2 _ z—1.

5 2 1 1 3 -2 5 2 1 1 3 -2
Cau 14: Trong khong gian Oxyz , tinh khoang cach d tir diém M (2;-3;-1) dén mit phing z=07?
Ad=2 B. d=1, c.d=2 D.d=1.
2 2
Cau 15: Trong khong gian v6i hé toa do Oxyz , tim diéu kién dé a vudng goc véi b.
A. a.b=0. B. a-b=0. C. ab=0. D. a+b=0.

Cau 16: Trong khong gian voi hé toa dd Oxyz , tim mit phang (P) di qua gdc toa do va song song voi mit
phing (Q):5x -3y +2z-3=0.

A. (P):5x+3y—-2z=0. B. (P):5x—3y-2z=0.C. (P):5x-3y+2z=0. D. (P):-5x+3y+2z=0.
Cau 17: Trong khong gian OXyz , cho hai diém M (2;1,-2) va N(4;-5;1). Tim d¢ dai doan thing MN .
AT, B. V41, C. 7. D. 49

Cau 18: Trong khéng gian vai hé toa do Oxyz , cho mit cau (S) c6 thm 1(5;4;—3)va ban kinh R=5. Viét
phuong trinh ctia mit cdu (S).
A. (x=5) +(y-4) +(z+3)
C. (x—5)2 +(y—4)2 +(z—3)2

25. B
25. D. (x=5)° +(y-4)" +(2+3)" =5.
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Céau 19: Trong khong gian vdi hé toa d¢ Oxyz , cho mat céu(S)Z(X—5)2 +(y+4)2 +2?=9. Tim toa do tim
| vaban kinh R ctia mat cau (S).
A. 1(5-4;,0)va R=9. B. 1(5-4,0)va R=3.C. I(-5:4,0) vaR=9.  D. I(-54;,0)va R=3.

Cau 20: Trong khong gian voi hé toa d6 Oxyz, cho mit phing (P):2x+y—-z+1=0va dudong thing

d_x+1_ y-1 z-1
21

A. M _—1;_—4;5 . B.M 1;—E;§ . C. M _—1;i;§ . D. M li—ﬂi—g .
3 33 3 33 3 33 3 3 3

Cau 21: Trong khong gian voi hé toa do Oxyz, cho mit phing (P):2x—y+2z+5=0 va toa d6 diém
A(L0;2) . Tim khoang cach d tir diém A dén mat phing (P) .

, tim giao diém M cua (P) vad.

A.dZ%. B.d:E. C.d=2 D,d:E'_
5 3 7

Cau 22: Tim diém M thudc mit phang (Q):2x—y+z-1=0 .

A. M (0;0;1). B. M(0;0;3). C. M(13,1,0). D. M (3-L-2).

Cau 23: Trong khong gian v6i hé toa do Oxyz , cho a = (-10;2). Tim do dai cua vecto a.

A 0. B. 5. C.1. D. 3.

Cau 24: Trong khdng gian, cho vecto U = (2;—13). Tim dudng thang nhan U lam vecto chi phuong.
X=-1+2t X=2+2t X=2t

A ly=-t teR). B, X=2_Y*1_2-3 - Jy__1.3 (teR).D.ly=5-t (teR).
7=2+3t -2 2 3 z=3+t 7=-3

Cau 25: Trong khong gian v&i hé toa d6 OXyz, tim phwong trinh mat phing (P) di qua M (L,10) va c6
vecto phap tuyén i =(L11).
A. (P):x+y+z-2=0. B. (P):x+y+z=0. C. (P):x+y—2=0. D. (P):x+y+z-3=0.

CAu 26: Trong cac phuong trinh sau, phuong trinh ndo 13 phuong trinh tham s6 cta dudng thang A di qua
diém A(=3;12), nhan U = (2;—15) lam vecto chi phuong.

X=3+2t Xx=2-3t X==-3+2t
A ly=-1-t teR B.ly=-l1+t teRC. x;3:y—11:z—2_ D.ly=1-t ,teR
7=-2+5t 7=5+2t Bl 5 7=2+5t

Cau 27: Trong khong gian véi hé toa do OXyz , cho mit cau (S)I X +y?+2°—2x—4z-4=0. Tim toa do
tam | va ban kinh cua mat cau (S).

A 1(L0;2),R=3. B.I(-2-2,-4),R=3.  C.1(-10;-2),R=3.D. 1(2;0),R=9.
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Cau 28: Trong khong gian véi hé toa do Oxyz, cho mat phang (P) vudng goc véi duong thang d c6
x+1 y z+1

phuong trinh =TTy tim vecto phap tuyén fi cua mit phang (P).
A. =(122). B. n=(-10;-1). C. N=(212). D. i=(2-1-2).
Cau 29: Trong khéng gian Oxyz , cho dudng thiang A ¢ phuong trinh chinh tic le = y;2 _z+t Trong
cac duong thiang sau, dudng thing nao song song véi duong thang A?
Xx=1+2t
A d:1y=5-3t,(teR).B. d,: Xx=2 _y+l_ 223.
7=7-2t -3
X=-2+t
C.d,;qy=3-t ,(teR).D. d,: xt+1_ y—12 = ZII.
z=2-3t -

Cau 30: Trong khdng gian Oxyz , cho vecto a = (L,-2,-3) va b =-2a. Tim toa d6 cia vecto b.
A.b=(-L-4-5). B.b=(-2-4-6). C.b=(-246). D.b=(2-4-6).

Cau 31: Trong khong gian Oxyz , diém C (0;0;2). Khing dinh nio sau day 1 khing dinh ding?

A. biém C eOx. B. Piém C e Oxz. C. Piém C €Oy. D. Khong nam trén truc toa do nio.

Cau 32: Cho mat cau(S):x* +y*>+2°-2x—2z=0 va mat phang(P):4x+3y+1=0. Tim ménh dé dung
trong cac ménh dé sau:

A. (P) cit (S) theo mot dudng tron B. (S) khong co6 diém chung véi (P)

C. (S) tiép xuc véi (P) D. (P) di qua tim cua (S).

Cau 33: Trong khdng gian vai hé toa do Oxyz , cho tam giac ABC veai A(L2-1),B(2;3,-2), C(L0;1).
Tim toa @6 dinh D sao cho ABCD Ia hinh binh hanh.

A. D(0;1,2). B. D(0;1-2). C. D(0;-12). D. D(0;-1-2).

Cau 34: Trong khong gian v&i hé toa dd Oxyz , cho hai diém A(3,5,-2), B(1,3,6) tim mit phing trung truc
(P) cua doan thang AB.

A. —2Xx—-2y+8z-4=0. B. 2x-2y+8z-4=0. C. 2x-2y+8z+4=0. D. 2x—2y+8z+4=0.
X+3 _ y+1 _z -3

Cau 35: Trong khong gian voi hé toa d6 Oxyz , cho dudng thiang d co6 phuong trinh:

1 1
Hoi diém nao sau ddy thudc duong thang d ?
A. N(3;,1-3). B. M(-3;-13). C. Q(-2,-L-1). D. P(2;,L1).
Cau 36: Trong khong gian Oxyz , cho ba diém M (1,2;3);N(3;2;1); P(L4;1). Hoi AMNP I tam giéc gi?
A. Tam giac déu. B. Tam giac can. C. Tam giac vudng can. D. Tam giéc vuong.
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Cau 37: Trong khong gian Oxyz, cho duong thing A: X+2 _y_z-1 (m == —E) va mit phing
2m+1 1 -2 2
(P):x—y+2z-3=0. Tim gia tri m dé duong thang A song song v&i mp (P) .

A. m=3. B. m=-1. C. m=2. D. m=0,
CAu 38: Trong cac phuong trinh sau, phuong trinh ndo 13 phuwong trinh tham sb cua duong thing A di qua
diém A(L4;7) va vudng goc voi mat phang (P) x+2y—2z-3=0

Xx=1+2t Xx=1+1t Xx=1+t X=1+t
A y=4-2t;teR. B. {y=4+4t ;teR. C. {y=2+4t ;teR. D.{y=4+2t;teR.
z=7-3t 2=7+Tt Z=-2+T7t 1=7-2t

CAu 39: Trong khong gian véi hé toa d6 Oxyz, cho hinh lap phuong ABCD.A'B'C'D’, biét A(li 2;—3),
C'(3;0;-1). Viét phuong trinh ciia mit cdu (S) ngoai tiép hinh lap phwong ABCD.A'B'C'D'.

A. (x=2) +(y-1)° +(z-2)" =12. B. (x=2)"+(y-1)"+(z+2)" =3

C. (x—2)2 +(y—1)2 +(z+2)2 =12. D. (x—2)2 +(y—1)2 +(z—2)2 =3.

Cau 40: Trong khong gian v6i hé toa do Oxyz, cho mat phang (P):X—y+z+1=0 va mit phiang
(Q):x+y+3=0.Chon ciu diung nhat trong cac cau sau.

A. (P)va (Q) catnhau.  B. (P) va (Q) song song.

C. (P) va (Q)vudng géc. D. (P) va (Q)triing nhau.

CAu 41: Trong khong gian voi hé toa do Oxyz , cho ba diém M (1,2;4),N(2;-1;,0),P(-2;3;-1). Tim toa
d6 diém Q théa man MQ = NP.

A. Q(5,-2,5).B. Q(-3:6;3).C. Q(-3,-6;3).  D. Q(%6;3).

Cau 42: Trong khong gian voi hé toa @0 OXyz , cho phuong trinh X° + Y’ +2° +2x—4y+8z+m=0 (1), m
14 tham s thye. Tim tat ca cac gid tri m dé cho phuong trinh (1) 1a phurong trinh mat cau.

A. m>21. B. m<-13. C. m<21. D. m<84.

Cau 43: Trong khong gian véi hé toa @ OXyz , cho mit phang (P)va (Q) giao nhau. Tim khéng dinh ding
trong cac khang dinh sau.

A. (P)va (Q) c6 duy nhat mot diém chung. B. Giao tuyén cta (P)va (Q)la mot duong thing.

C. Giao tuyén cua (P)va (Q) 1a mot doan thing. D. Giao tuyén cia (P)va (Q) 1a mét tia.

Cau 44: Trong khong gian vai hé toa do Oxyz , cho bén diém A(0,11),B(-2,0,1),C(2,11),D(-2,3,1). Tim
mit phang (P) qua 2 diém $A,B$va song song CD .

A. (P):y-1=0. B. (P):z-1=0. C.(P):z+2=0. D. (P):x+y=0.
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X=-3+t
Cau 45: Cho mit phiang(a):2x+Yy+3z+1=0va duong thing d co phuong trinh tham sb: {y=2-2t.
z=1

Trong cac ménh dé sau, ménh dé nao dang?
A. d/l(a) B.dc(a) C. d cit (@) D. d L(a)

Cau 46: Trong khong gian véi hé toa do Oxyz, cho diém A(12;3) va diém B théa man hé thirc

OB =k —3i. Piém M 1a trung diém cta doan thang AB . Tim toa d6 diém M .

A. M(-112). B. M(-4-2-2). C. M(l;—%;g} D. M (-2,-1-1).

A . R . \ 2 X y-2 z+1 , \ 2 \ \
Cau 47: Trong khong gian, cho duong thang d 5= T Trong cac duong thang sau duong nao
vudng goc véi duong d

X=1+t X=3-2t X=-2+t X=1+2t
A. dy:qy=1-3tB.d,:qy=1+3t ,teR C.d:qy=1+2t ,teR D.d,:qy=t
z=1+2t z=1+4t z=4t z=-1

Cau 48: Trong khong gian voi hé toa d6 Oxyz, cho mit phang (P) IX+2y+2z-1=0 va
(Q):x+2y+2z+5=0. Tinh khoang cach d giira mit phing (P) va mit phang (Q).

A d=2 B. d=3. C.d=1 D.d=§.
Cau 49: Trong khéng gian voi hé toa do Oxyz, cho mit phing (P):2x+1=0 va duong thing
x=1
(A):4y =2+t song song voi (P). Tinh khoang cach d giita (P) va (A).
z=1-t
A. d=1 B.d:§. C.dzg. D.d:E
2 2 2

Cau 50: Trong khong gian v&i hé toa do $Oxyz,$ cho 3 vecto d=(5;4;-1) ;b = (2;-5;3) va € thoa man hé

thire € =2d—3b. Tim toa do C.

A. €=(16;,23,-11). B.C=(16,19,-10). C.C=(477). D. ¢ =(16;23;7).

Cau 51: Trong khéng gian vé6i hé toa dd OXyz , cho mit cdu (S) c6 tam 1(1;2;3) va di qua gbc toa do O .
Viét phwong trinh ciia mét cau (S).
A (x=1)" +(y-2)+(z-3)" =14 B
C. (x+1)+(y+2) +(z+3)" =14 D. (x-1)*+(y-2)"+(2-3)° =14 .
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Cau 52: Trong khong gian véi hé toa d¢ OXyz , cho mat phing (P) :2%% —1, tim toa do didm K la

giao diém cua mit phang (P) véi truc hoanh.

A. K(2;0;0). B. K(0;0;3). C. K(0;2;0). D. K(%;O;Oj.

Cau 53: Trong khong gian Oxyz , cho dudng thing d : x-1_y+2 z+3
-1 2m-1 2
(P):x+3y—2z-5=0. Tim gia tri m dé duong thing d vudng goc véi mp (P).

A. m=0, B. m=-3, C. m=-1, D.m:g.

(m==0,m= %) va mit phang

CAau 54: Trong khong gian véi hé toa d6 Oxyz , cho diém A(3;5;—7). Biét diém A’ dbi ximg voi diém A
qua mit phang (OXZ ) Tim toa do cua diém A’ .

A. A(3-5-7). B. A(-3-57). C. A(-3,57). D. A'(3,57).

X+3 _y +1 _Z- 3

2 1 1
(P):x+2y—2z+5=0. Tim toa do giao diém cua duong thang d va mit phiang (P)

Cau 55: Trong khong gian Oxyz, cho duong thing d: va mit phang

3'3"3
Cau 56: Trong khong gian v4i hé toa dd Oxyz , tim phwong trinh mit phang (P) qua diém A(-3,2,1) va

A. (-5,-2;2). B. (-1,0;4). C. (L0;-4). D. (Z?Ej

vudng goc voi truc hoanh.

A. (P):x+y+1=0. B. (P):x+3=0. C.(P):x+z+2=0. D. (P):y+z-3=0.

CAu 57: Trong khong gian v6i hé toa dd Oxyz , cho 3 diém A(0,2,4), B(1,3,6) va C(-2,3,1). Tim phuong
trinh mat phiang (ABC) .

A. -5x—y+3z-10=0. B. Xx+y+2z-10=0. C. 2y+4z-10=0. D. -5x+y+3z-14 =0.

Cau 58: Trong khong gian véi hé toa do Oxyz , cho ba diém A(1;2;-3),B(0;1;,1),C(1;0;1). Khang dinh nao
sau day 1a khang dinh ding?

A.Badiém A, B,C tao thanh tam giac déu. B.Badiém A, B,C tao thanh tam giac can tai B

C.Badiém A B,C thang hang. D. Badiém A,B,C tao thanh tam giac vudng tai B

Cau 59: Trong khong gian véi hé toa dd OXyz, cho mit phing (P):X+2y-mz—-1=0 vi mit phing
(Q):x+(2m+1)y+2z+2=0. Tim m d& hai mt phing (P) va (Q) vudng géc nhau.

A m=2, B. m=3. C. m=-1. D. m=1

Cau 60: Trong khong gian v6i hé toa d6 Oxyz, miat phing (P):2x+y-z+1=0va duong thing

Jon(737)

X+l y-1 z-1
2

AM(Z
3

d . Tim giao diém cua (P) va d.

Soem(IS]) om(E
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Cau 61: Cho 3 diém A(0;2;1), B(3;0;1), C(L0;0) . Phuong trinh mét phing (ABC) la:

A. 2x-3y-4z+1=0B. 2x-3y—-4z+2=0 C. 2x+3y—-4z-2=0 D. 4x+6y—-8z+2=0

Cau 62: Trong khong gian v6i hé toa do Oxyz , cho M(0;12), N(—2;—10) . Viét phuong trinh mit cau (S)
¢6 tAm nam trén truc Oy va di qua hai diém M, N.

A (x+1) +y*+(2-1)" =3.B. X’ +y’+2°=5. C. X’ +y*+2° =3. D. (x-1)" + y* +(2+1)" =3,

Cau 63: Tim mit phing song song truc hoanh trong cac mit phing sau :

A. Xx—z+1=0. B. x-y-1=0. C.-y-z+1=0. D. y-z=0.

CAu 64: Trong khong gian voi hé toa dd Oxyz cho diém M (3;4;5) . Tim toa d6 cia diém M’ d6i xtmg véi
diém M qua mit phang (Oyz).

A. (%;4;5}. B. (0;4,5). C. (6;4;5) D. (-3;4:5).

Cau 65: Trong khong gian véi hé toa dd Oxyz , cho diém B(2;-1-3), $B'S 1a diém ddi xing véi B qua
mit phang (Oxy). Tim toa do diém B .

A (-2,1,-3). B. (-213). C.(2-13). D. (21,3).

Cau 66: Trong khong gian voi hé toa do Oxyz , cho mit phing (a):mx+6y—(m +1)Z—9:O va diém
A(LL2). Tim tat ca gi4 tri m dé khoang cach tir A dén mit phing (&) 1a 1.

A. m=+/46 6. B.m=-4m=-6. C.m=2m=6. D. m=2.

Cau 67: Trong khong gian Oxyz cho 2 diém A(L2,-1), B(3;5;2) trong cic phuong trinh sau phuong trinh
nao 1a phuong trinh duong thang d qua hai diém A B .

X=1+2t X=2+1t
A. X+2y-z2-5=0 B.{y=2+3t ;teR C. 2x+3y+3z-5=0 D.qy=3+2t;teR
z=-1+3t z=3-1t

Cau 68: Trong khong gian Oxyz , cho hai vec to d = (m;3; 4) va b= (4; m;—7). Tim gié tri cha m dé a 1b.

A. 2. B.2. C. 4. D. —4.
X=3+2t X=-1+4t'

Cau 69: Trong khong gian Oxyz cho hai duong thang d:qy=1+t ,teR va d':{y=-5+2t't'eR.
z=-2+3t z=1+6t'

Giira d,d’xay ra vi tri trong di nao sau day?

A. Song song. B. Trung nhau. C. Chéo nhau. D. Cit nhau.

Cau 70: Cho mit cau (S): (x—1)%+(y+3)> +(z—2)* = 49 phuong trinh nio sau day la phuwong trinh ctia mit
phang tiép xtic voi mit cau (S)?

A. 2X+3y+6z2-5=0.B. 6Xx+2y+3z-55=0. C.6x+2y+3z=0. D. x+2y+2z-7=0,
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Cau 71: Tinh khoang cach tir diém M (2;0;1) dén duong thang A : X]Tl = % . 1 2
105 2
A 243 B. V2. c. %

Cau 72: Trong khéng gian vdi hé toa dd Oxyz , cho ba diém M (2;3;-1),N(-L1L1), P(0;m;0). Tim gi4 tri
ctia m dé tam giac MNP vudng tai M.

15

A.m B.m=7. C.m==—". D. m=—7.

Cau 73: Trong khéng gian véi hé toa @6 Oxyz, cho diém M (1,-1;,2),N(3;5;4). Mit ciu (S) co dwong
kinh MN . Viét phuong trinh ctia mat cau (S).

A. (x—2)2+y2+(z—3)2:3. B. (x—2)2+y2+(z—3)2 9

C. (x=1)" +(y-1)" +(z-1)" =3. D. (x=2)"+y?+(z-3)" =12
Cau 74: Trong khong gian vdi hé toa do OXyz , cho mat phfmg (a):mx+6y—z— p=0va mit phfmg
(B):6x+2y+nz—3=0. Tim m,n va p dé hai mit phing (@) va () tring nhau.

A.m:18,n=%,p=9. B.m=—18,n=—%,p=9

C.m=18,n:—%,|0=—9. D.m=18,n=—%,lo=9-

Cau 75: Trong khong gian véi hé toa 46 Oxyz , cho diém M (L -12) va N(3;14) . Tim phuong trinh mit
cau duong kinh MN

A. (x—2)2+y2+(z—3)2=x/§ B. (x—2)2+y2+(z—3)
C. (x+2)2+y2+(z+3)2:3 D. (x+2)2+y2+(z—3)2

2

3

J3

CAu 77: Trong khong gian véi hé toa do Oxyz , cho bon diém A(2;0;0),B(0;4;0),C(0;0;6) va D(2;4;6).

Viét phuong trinh mit cau (S) di qua bon diém A,B,C,D.

A X*+y +2°—x-2y-32=0. B. X’ +y*+2° +x+2y+3z=0.

C. X’ +y*+17°-2x—-4y-62=0. D. X’ +y*+12°-2x—4y =0.

Cau 78: Trong khong gian v&i hé toa do Oxyz , cho 32(2;3;1), 52(1;—2;—1), o =(—2;4;3). Goi X la
ax=3

vecto théa min {b.X =4 . Tim toa do X.
CX=2

7 6 24 23
A. (O;E;_Ej' B. (4,-5;10). C. (4,-5;10). D. (7;—7;6)
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Cau 79: Trong khong gian voi hé toa d6 Oxyz , cho mat phang (P) 16X +3y+22—-6=0cit cac truc toa do
Ox,0y,0z 1an luot tai A, B,C . Tinh thé tich ttr dién OABC 1a (véi O 1a gbc toa do).

A S B. 2. c.3. D. 1.

2
Cau 80: Trong khong gian voi hé toa d6 OXyz, cho tam gisc MNP c6 dinh M(2;4;-3) va

MP = (2,-6;6), MN = (-3;-11). Tim toa do trong tim G cua tam giac MNP.

A2 B =222 o222 o222
33 3 333 3 33 3 33

Cau 81: Trong khong gian, cho mat cau (S): x? + y® + 22 =14tiép xtic voi mit phang (P) c6 phuong trinh:
X+2y+3z2-14=0. Tim toa do tiép diém ctia mat cau (S) va mp(P) .

A. (2:4:6) B. (-1-2,-3) C. (123). D. (0;0;0).

Cau 82: Trong khong gian vai hé toa do Oxyz ,

cho hinh hop MNPQMNP'Q" v4si M (1;0;0); Q' P

N(2-11); Q(0;50); M'(L21). Tim toa dd M= N

diém P’ . ” 2
M N

A. (-122). B.(0;2). C.(322). D.(%22).

Cau 83: Trong khong gian voi hé toa dd OXyz , cho mit phang (P):x+Yy—2z—1=0. Tim diém N dbi xing
v6i diém M (2;3;-1) qua mit phang (P).

A. N(L0:3). B. N(0;L3). C. N(0;3:1). D. N(3.L0).

Cau 84: Trong khong gian véi hé toa d6 Oxyz , cho A(2,-3,0), mit phiang (a):X+2x—2z+3=0. Tim mat

phing (P) qua A, vudng géc () va song song véi Oz
A. y+2z+3=0. B. x+2y-z+4=0. C. 2x+y—-7=0. D. 2x—-y—-7=0.

Cau 85: Cho mit phang (P):X+2y+2-4=0 va dudng thing

X+l y z+2 s \ 2 N < 2 A N A ,
d 1T 3 Phuong trinh dudng thang A nam trong mat phang (P), dong thoi cat va vudng goc
v6i duong thang d

x-1 y-1 z-1 Xx+1 y+3 z-1

A. B.
5 -1 -3 5 -1 3
C. x—1=y—1=z—1 D. x—1=y+1=z—1
5 2 3 5 -1 2
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PE ON 1 GIUA HK2
Cau 1: Tinh fcot zdz bang
1

-1

A. ln‘sinx‘+0. B.——+C. C. —ln‘sinx‘—kC. D.—-C.
sin” z sin” z

CAu 2: Ménh dé nao sau day sai?

A fsinxdx:cosx—i—C’ B. f zdx— ,(0<a=1).

C. fédlen‘:c‘%—C,xz().D. fe”’”d:z::e”%—C.

Céau 3: Hay chon ménh dé diing

xr

A fa‘”dx = lia +C 0<a=1 B. ff(:p)g(x)dx = ff(az)dxfg(m)dx

C.ff(xd _ffx D. fx“d:z;— il +C,Va€R.

9(x) fgac

Cau 4: Biét F(x) 1a mot nguyén ham cta ham s6 f(X) = cos2x va F(gj =4.Tinh F(%j

A F(g]:; 3 F@:g. c F[gj:o. D. F(gjzs.

—X+3 :
Cau 5: —dx bang:
[ :
2 2
A. ?—2x+5In|x+]4+C B. x+5In|x+1+C C. %—2x—5|n(x+l)+c D. 2x+5In|x+1]+C
e™ +1
e"+1

A. F(x):%ezx—ex+x B. F(x):%ezx—eX C. F(x):%ezx+ex D. F(x):%ezx—exﬂ

Céau 6: M6t nguyén ham cua f(x) = la:

Cau 7: Néu F(x) la mdt nguyén ham cua f(x)=e*(1-e™) va F(0)=3 thi F(x) la?

A. ef—x+2 B. e*—x C.e*—x+C D. e*+x+1
G
Cau 8: Tinh: | = I tanxdx
0
A. —Inﬁ B. In§. C. In& D. Inﬁ
2 2 3 2

6 2
Cau 9: Cho [ f(x)dx=12. Tinh I = [  (3x)dx.
0

0
A l=4 B.1=36 C.l=2 D.1=6
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3
Cau 10: Cho tich phan | = j SINX__ 4y vadat t=cosx. Khing dinh ndo sau day sai
o +c032x
g 1 1
A.lzlj—dx B.|=ljd—f C.lo—tys D. 1=
4+ co 41t 12 |1 12
= 2
2

Cau 11: Tap hop gia tri cua m sao cho f 2z —4)dz =51a

A 51 . B. 5 . C. 4 . D. 4:-1.
1
X
Cau 12: Cho I = dx=a2+b. Giatriabla:
b[\/x2+1
A -1 B.1 C.-2 D.2

3 2 2
Cau 13: Biét rang [f(x)dx =5; [f(x)dx =3. Tinh j f(x)dx ?
1 3 1

A 8 B. -2 C.1 D.5
Cau 14: Cho hai tich phan I x)dx =8 va Ig x)dx=3.Tinh | = _[[ x)—l]dx
A. 13. B. 27. C. -11. D. 3.

a

, 1 _
Cau 15: Biét fo etrdy = &

1 . .
voi a,b € Z,b = 0. Tim khang dinh ding trong cac khang dinh sau:

A.a=b . B.a<b. C.a+b=10. D. a=2b,.
Cau 16 : Tinh dién tich S ctia hinh phang gi6i han boi d6 thi ham s6 y = X* —4x* + X+ 6 va truc hoanh.

A. S =J‘_21f(x)dx+J'23f(x)dx B.S =U3lf(x)dx C.S =J'_21f(x)dx—.[jf(x)dx D. S :J'_slf(x)dx

Cau 17: Dién tich phang gidi han boi: x =—1,x =2;y =0;y = x* —2x

8 4
A. - B.1 C.0 D. 3

3
Cau 18: Cho d6 thi ham s6 y = f (x). Dién tich hinh phang (phan t6 dam trong hinh) 1a
hy

A S =j' f (x)dx —j' f(x)dx B. S =j1' f(x)dx C. S =:|'2 f (x)dx +j' f(x)dx D. S =} f (x)dx +j1' f (x)dx
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CAu 19: Cho hinh phing gi6i han boi cac duong y= f(x), OX, X = &, X = b quay xung quanh truc OX .
Thé tich cua khéi tron xoay tao thanh bang:
b

AV Zﬂi[f(x)]z d B.V=r'[f(dx.  C.V :Tﬂz.[ f)dx.  D.V :i[f(x)]z dx.

Cau 20: Thé tich khdi tron xoay khi quay hinh phing (H) gi¢i han boi y =x*va y =X +2 quanh truc Ox la:

N 5. 81n .o o 12
5 10 2 5

Cau 21: Cho hinh phang giéi han boi cac duong y =c0s4x, Ox, X = 0, X = g quay xung quanh truc OX.

Thé tich cta khéi tron xoay tao thanh bang:

2

A Z B. = . c.z. D. (”—”jn
16 16 4 16

Cau 22: Trong khong gian vé6i hé toa do Oxyz cho diém M (3;4;5) . Tim toa do ctia diém M’ dbi xung voi

diém M qua mit phang (Oyz).

A. (2;4;5]. B. (0;4;5). C. (6;4;5) D. (-3;4:5).

Cau 23: Trong khong gian vdi hé truc toa do0 Oxyz, cho hinh binh hanh OMPN cé Wz(l;—l;O);
ON =(-1-12). Hay tim toa dd tim cta hinh binh hanh OADB..

A. (0;-1,1). B. (1,0;0). C. (0;12). D. (110).
CAu 24: Cho cac diém A(1; - 1; 0), C(0; - 2; 1), D(- 1; 0; - 2). Tich c6 huéng AC A AD a:
A .(1;-4;,-3) B.(-1;-4;-3) C.(1;4;-3) D.(3;0;1)

Cau 25: Viét phuong trinh mit cau c¢6 tam 1(0; 3; —2) va di qua diém A(2; 1; -3)
A (S):x2+y?+z2-6y+4z+4=0 B.(S):x2+(y—3)2+(z+2)2=3
C.(S):x2+(y—3)2+(z-2)2=6 D.(S):x2+y2+z2-6y+4z+10=0
Cau 26: Trong khong gian voi hé truc toa do Oxyz, cho miat cdu c6 phuong trinh
(x=1)"+(y+2)" +(z+1)" =9 c6 duong kinh bing
A. 6. B. 3. C.9. D. 81.
Céu 27: Trong khong gian vdi hé truc toa do Oxyz , cho mat cau cb phuong trinh
X2+ y?+22 —2x+6y+1=0.Mit ciu c6 tam | , ban kinh R 1
N {I (1-3,0) 5 {l (1-3;0) c {| (-13;0) 5 {l (2-6:0)

R=3 R=11 R=3 R =40

Cau 28: Trong khong gian voi hé toa @ Oxyz, cho mat phing (P) :—2x+z+1=0. Vecto nao dudi day la

mot vecto phap tuyén ciia mit phang (P) ?
A n=(20-1).  B.n=(241).  C.n=(-211). D.n=(242).
Cau 29: Trong khong gian vei h¢ toa do Oxyz, cho tam giac ABC voi A(L; 0; 0), B(0; -1; 3), C(1; 1; 1). Viét
phuong trinh mat phang (P) di qua diém C va vudng goc véi AB ?
A x+y-3z+1=0 B.x+y-3z-1=0 C.x+y+3z-5=0 D.x-y+3z-1=0
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Cau 30: Viét phuong trinh mit phang (P) di qua M(—1; 1; 0), song song véi (a): X — 2y + z — 10 = 0.
A x-2y+z+3=0 B.x-2y+z-3=0 C.x-2y-z+3=0 D.x-2y+z+1=0
Trong cac khang dinh sau, khang dinh nao sai ?

A. Néu f(x), g(x) 1a hai ham s4 lién tuc trén R thi j [f (x).g(X)]dx = j f(x) dx. j g(x)dx .
B. Néu f(x) 12 ham sb lién tuc trén R va k 1a sb khac 0 thi j kf (x)dx =k j f(x)dx .
C. Néu f(x), g(x) & hai ham s6 lién tuc trén R thi [[f (x) + g (x)]dx = [ f () dx+ [ g(x)dx .

D. F(x) = x? 1a mot nguy@n ham caa ham sé f(x) = 2x.
Pé 6n 2 gitra HK2

Cau 1: Xac dinh gia tri cia a, b, ¢ sao cho F (X) = (aX2 +bx + C)\/ZX —1 1a mdt nguyén ham ctia ham sb

10x* —19x+9 (1 j
f (X)=———=——=— trong khoang | —;+o
(=" ronekhoine |5
A.a=-5b=2c=14 B.a=-2,b=5,c=-14
C.a=5b=-2,c=4 D.a=2,b=-5c=4

Cau 2: Trong cac khang dinh sau, khang dinh nao sai ?
A. Néu f(x)1a ham s6 lién tuc trén R va k 1a s6 khac 0 thi [kf(x)dx =k [f(x)dx.
B. Néu f(x), g(x) Ia hai ham s6 Tién tuc trén R thi [[f (x) +g()]dx = [ () dx+ [ g(x)dx .
C. Néu f(x), g(x) 1a hai ham s6 lién tuc trén R thi j [f (x).g(X)]dx = j f(x) dx. j g(x)dx .

D. F(x) = x* 1a mot nguyén ham ctia ham s6 f(x) =2Xx.
. . . 2
Cau 3: Tim nguyén ham F(X) cua ham s6 f(x)=6x+sin3x, bict F(0) = 3

€0s3X €0Ss3X . g.
3 3

CO0S3X

A. F(x)=3x"— ~-1. B. F(x)=3x*—

C. F(x)=3x? — 505X

+1. D. F(x)=3x"+ +1.

N A LA o 1a X . .
Cau 4: Bict F' z 1la mot nguyén ham ciahamso f ¢ =—=va F'1 =3.Tinh F' 4 .

NS

A F 4 =4, B. F4 =3. C.F4 =3+1In2. D.F 4 =5.

1
CaAu5:Cho I=[—2X—dx=ay2+b. Giatribla:

E[\/x2+1
A. -2 B.2 C.1 D.-1
. : X a 1 a .. .

Cau6: Giasu | ———=dx=—+4In= , trong d6 — toi gian. Tinh b=?
J1.1+\/x—1 b 2 b

A. 36 B. 12 C.33 D. 14
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0 2
Cau7: Gia sir . j?’x +7X=3
-1

dx =aln§+b.Khidé gid tri @ +2b 1
A. 40 B. 46 C. 56 D. 52
Cau 8: Néu F(x) la mot nguyén ham ciia f(x)=e*(1-e™) va F(0)=3 thi F(x) la?
A e —x+2 B. e"—x+1 C.e"—x+C D. ¥ —X

CAu 9: Cho hai ham s y = f(x), y = g(x) ¢6 d6 thi (Cl) va (C) lién tuc trén [a;b] thi cong thirc tinh dién tich
hinh phéng gi6i han bai (C1), (C2) v hai duong thing x =a, x =b la:

b b
A S=j|f(x)—g(x)|dx B. Szj[g(x)—f(x)]dx C. szjf(x)dx—jg(x)dx D. S= j f(x)—g(x)]d
Cau 10: Cho biét J‘f x)dx =3, jg t)dt=9. Gia tri cia A= J-[3f g(x)]dx la:
A.-9 B.12 C.3 D.6
Cau 11: Dién tich hinh phéng gi6i han boi parabol y =x? va duong thiang y =3x—2 I&:
AL B. T c.l p. 1
6 4 5 3
Cau 12: Thé tich khdi tron xoay khi quay hinh phing (H) gidi han boi y =x*va y =x+2 quanh tryc Ox 1a:
A 12m g, 138n c o D 2
5 5 2 5
~ i . A 3 sin x 2 . \ n .
Cau 13: Cho tich phan 1 I ~0dx vadat t=cosx.Khang dinh nao sau day sai:
0 1+ cost
1 % . 1
Al=" B.1-=[& C.1==[ 20X 4 D.1=—1¢3
12 49t 41 cos“X 12 ¢
2 2
£ X 1
Cau 14: Biét | = [——dx =>(2Ina—b) . Chon dap 4n ding:
o X°+1 4
A.a-b=9 B.a-b=13 C.a=3;b=4 D. a<b
Céau 15: Mot nguyén ham cua f(x) = e +1 la:
e +1
1 2% X 1 2x X 1 2x X
A F(x)_ —e™ +e* B. F(x):ze —-e C. F(x):Ee -e*+1 D. F(x)=§e —e*+X
Cau 16: Dién tich phfmg gidi han boi: X =-L;x =2,y =0,y = x% —2x
A. 8 B. 4 C.1 D.0
3 3
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Cau 17: Goi D 1a hinh phéng gi6i han béi dd thi ham s y =+/xe* va cac duong thing X=1,x=2,y=0
Tinh thé tich V cuia khdi tron xoay thu duoc khi quay hinh D xung quanh truc Ox

AV =(2-e)z B. V = 27¢? C.V=r¢’ D. V=(ze)
3
Cau 18: Biét tich phan j dx = an thi gia tri cua a la
0 9+X
AL B. 1 C.6 D. 12
12 6
5 2
Cau19:Cho [ f X dx=4 Knido [[2—4T X |dX bing;
2 5
D. 20.

A. 14, B. 10. C. 16.

Cau 20: Cho hinh phang gidi han boi cac duong y>=x, x=a, x=b (0<a<b) quay xung quanh truc
Ox . Thé tich cta khdi tron xoay tao thanh bang:

B.V =7r2j:xdx..

C.V =7rj‘ab\/;dx. D.V :ﬂzj:\/;dx.

AV = ﬁj: xdx.

A . (xz—l)
Cau 21: Tim j—gdx =
X
3 2 2
A ——2In|x|—i+C B. X——2In|x|+i2+c C. X——2In|x|—i2+C D. —-2In|x-==+C
X 2 2X 3 3X
Cau 22: Ki hiéu S 1a dién tich hinh phing gi¢i han boi d6 thi ham sé y = f (x), truc hoanh, dudng thing

Xx=a, X=b (nhu hinh bén). Hoi khang dinh nao dudi day 1a khang dinh dung ?

I dx+j dx| B.S= I dx+I oa\/c >
y="1(x)

C.S= jf dx+j x)dx .D. S = j

Cau 23: Biét ring j f(x)dx =5; j f(x)dx =3. Tinh j f(x)dx ?
1 3 1

A. 8 B.5 C. -2

+3

Cau 24: Ho nguyén ham I—dex bang:

2
A = -2x 5In|x ]4+C B. x+5In|x+1+C C. 2x+5In|x+1+C D. ?—2x+5ln|x+]4+C
Cau 25: Ho nguyén ham cta ham sé y = (2x +1)° la:
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A %(2x+1)6+c. B. %(2x+1)6+C C. 10(2x+1)*+C D. %(2x+1)6+C
Céu 26: Tim cong thirc sai:
A. jade=a—+c (O<a¢1 jcosxdx sinx+C. C. J'smxdx cosx+C.D. Ie dx=e*+C.
Ina
COS2X 1

Céau 27: Tim gia tri cua a sao cho joa mdx =2 In3
+ ZSIN ZX

A a=Z B.a=rx C.a=2 D.a=2
4 3 2

Cau 28: Nguyén ham IZX(1+ 3x*)dx béng:

A. xz(x+x3)+C B. x2(1+3x3)+C C. 2x(x+x3)+C D. x2(1+6—xaj+c
5

Cau 29: Biét F(x) 1a mot nguyén ham caa ham sb f(X) =cos2xva F [g) =3. Tinh F(gj

A FL|=s B. A %=L, c.AZX|=o. D. A T|=2
4 4 2 4 4 2
1
Cau 30: Tich phan I= Iezx+ldx bang:
0

e’ —e e’ +e e’ —e e’ +e

B.

A. .
3 2 2 3

Céu 31: Ho nguyén ham I;dx bang:
SIN” X.COS™ X

A.4cot2x+C B.-2cot2x+C C.-4cot2x+C D. 2tan2x+C

5
Cau 32: Tich phanj (3x—4) ‘dx bang:
2

5 960025 5 18927 o 89720 o, 53673
18 20 27 5
Cau 33: Néu dit t =+/3tan x+1 thi tich phan | —f 1N X i tro thanh:
' ' < cos?x+/3tan x+1 '
1 2 3 N&)
=1j2t2dt B. |:ﬂj(t2—1)dt j (t*-1)dt  D.I= jﬂtzdt
3 0 3 1 1 0 3

Cau 34: Cho hinh phing gi6i han boi cac duong y = 2x — x? va y = 0. Thi thé tich vét thé tron xoay dugc
sinh ra bdi hinh phang dé khi n6 quay quanh truc Ox c6 gia tri bang?

A. 115—“ (dvtt) B. 16—“ (dvtt) C. %“(dvn) D. %’T (dvtt)
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Cau 35: Cho d6 thj ham s6 y =f (). Dién tich hinh phang
(phan t6 ddm trong hinh) 1a:

A. J.f(x)dx

-3

B. jf dx+jf
0
cjf dx+jf deif dx+jf

A o : 1 . ‘. : .
Cau 36: Cho hinh (H) giéi han béi y = 5 x® —x* va Ox. Thé tich khéi tron xoay sinh ra khi quay (H) quanh

Ox bang: A. >3 B. 2z C. @ D. 8iz
6 5 35" 35

. , 2
Céu 37: Tim d d¢ dién tich hinh phang gidi han boi duong cong y = <

Ox, x=1, x=d (d>1) bang 2:

A.e B. 2e
C.e+l D. €?

Cau 38: Goi S 1a dién tich hinh phang gi¢i han boi céc duong y = f (X)

va truc ox nhu hinh v&. Ménh dé nao dudi day 1a dung?

A. Szj'zf(x)dx+J13'f(x)dx. B. S::l[f(x)dx—ij(x)dx.
:—j;f(x)dx+Jj‘f(x)dx. D. Sz—jf(x)dx—jf(x)dx.

Cau 39: Tinh dién tich hinh phang gi6i han bai do thi ham s6
y=X"—4x*+1 vado thi ham s6 y = x* -3

A. 6 B.9 C.75
z
, COS X
Cau 40: Biét j x=+/a+b.Tinh a+b .
\/1+S|nx

A. a+b=1, B. a+b=3. C.a+b=10. D. a+b=6.
Pé 6n HK2 s6 1 phian trac nghiém
Cau 1: Tinh: szxsinxdx:
A. L==n B. L=-7n C. L=-2
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A \ ~ \ /& A 3\ A A \ ?. \ ~ 1
Cau 2: Ham s6 nao dudi day la mot nguyén ham ctia ham s6: y =
a4+ X2

A FOO=In{x—Va+x) FO =In(x+/a+x¢
C. F(x)=2V4+x? D. F(X)=x+2v4+ x>

Cau 3: Tim nguyén ham 7 = I(x +cos x)xdx

X ) B. Dap an khac
A. ?+xsmx—cosx+c

=

3 3
X

X .
C. ?+31nx+xcosx+c D. ?+xsmx+cosx+c
: 1
A A a A DA \ A 7
Cau 4: Blet:_[ -—0X=—.Ménh dé nao sau day dung?
v COS™X 3
A. alamotsdchan B. alamotsolé
C. alasdnhohon3 D. alas6lonhonb5
. . e - 2X+3
Cau 5 : Tim nguyén ham ctia ham s f(x) biét f(X) = ————
X" +4X+3
2 X% +3x
A X o P S
X“+4x+3 (x +4x+3)
1
C. E(In|x+]]+3ln|x+3|)+C D. (2x+3)In|x* +4x+3+C
Cau 6 : Ham s8 nao la nguyén ham ctia f(x) = XA/X* +5:
3 1 3
A = (x* +5)7 B. F(o=3(x*+5)’
1,, oo 3
C. F(><)=§(X +5) D. F(x)=3(x? +5)2

2
C4u 7: Tinh: K = I(Zx —1) In xdx
1

A. K=3In2 B. K=3In2—% C. K:3In2+% D.
Cau 8: Ho nguyén ham cta tanx la:

A. -In|cosx|+C B. tan22 X.c C. Inlcosx|+C D.
Cau 9: Mot nguyén ham ctia ham s6 Y = Sin3x

A. —% COS3X B. %cosSx C. —3c0s3X D.

1
Cau 10: Cho f (x)1a ham s&1é va lién tuc trén R. Khi d6 gié tri tich phan [ f (x)dx la:
-1
A1 B. -2 C. 2 D.
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Cau 11: Nguyén ham F (X) ctia ham s6 f (X) = 2x? + X® —4 thoa man diéu kién F (O) =0 1a

4
A, 2x3—4axt B. §x3+%—4x C. xX*—x*+2x D. 4

Cau 12: Tich phan [ (X+2)cos 2xdx =?
0

1 1 1
A. 0 B. — C. — D. ——
2 4 4
Cau 13: Cap ham sd nao sau day 6 tinh chat: C6 mot ham sd la nguyén ham cua ham s6 con lai?
. \ 2
sin2x vacos” X 2. . ‘o "
A. B. tanx’va 5 C. sin2xvasin®x D. e'vae
cos” X

Cau 14: Thé tich ctia khéi tron xoay tao 1én boi 1én hinh phang (H) gi6i han boi cac duong y=—x>+2 ;
y =1va truc Ox khi quay xung quanh Ox la:

1 1 1 1
A 7f(-x+2) dx+x[dx B. |(x+2)7dx—z[dx

-1 -1 - _

1 1l 11
C. 7[(=x*+2)dx D. 7[(-x*+1)?dx+zdx

-1 -1 -1

Cau 15: Thé tichvat thé tron xoay khi quay hinh phang gi6i han boi cac duong y =1—x°, y =0 quanh truc

ox c6 két qua dang af khi d6 a+b cé két qua la:

A. 11 B. 25 C. 17 D. 31
Cau 16: Van t6c cia mot vat chuyén donglav t = 3t +5 m /s . Quang dudng vat do di duoc tir gidy
thtr 4 dén giy thi 10 1a ;
A. 1200m B. 36m C. 1014m D. 252m
Cau 17: Dién tich hinh phéng gi6i han bdi d6 thi ham s6y = X* —4X va truc hoanh bang:
A. 0 B. 2 C. 8 D. 4
Cau 18: Dién tich hinh phéng phan bdi den trong hinh sau duoc tinh theo cong thic:
by c c b
| A.S =|[ f (x)dx B.S =|[ f (x)dx|—[ f (x)dx].
‘ a b a
— C b Cc
C.s = f(x)dx. D.S =|[ f (x)dx|+|[ f (x)x].
a a b

Cau 19: Tim ménh dé sai trong cac ménh dé sau:
A. SG phtic z = a + bi dwoc biéu dién bang diém M(a; b) trong mit phang phitc Oxy

a=0
B. SO phtic z = a + bi c6 mddun la va* +b’ C.SOphticz=a+bi=0< {b 0
D. S6 phttc z=a +bi ¢ sd phirc d6i z' = a - bi
Céu 20: Cho s8 phttc z = a + bi. Tim ménh dé ding trong cdc ménh dé sau:
A.z+ z =2bi B.z-z =2a C.zz=a-b D. |22l =l2
Cau 21: S8 phtec z =2 - 3i c6 diém biéu dién la:
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A. (2;3) B. (-2;-3) C. (2;-3) D. (-2;3)
Ciu 22; Cho sd phticz=a +bi . S6 z + z" ludn la:
A. SO thuee B. S0 40 C.0 D.2

Cau 23 : Phan thyc va phan 4o cta s§ phic: Z=1+2i

A.1va2 B.2val C.1va2i D.1vai.
Cau 24: S8 phitc lién hop caa s6 phite: Z=1-31 13 5§ phuc:
A. 2=3-i B. z=-1+3i C.z=1+3i D. z=-1-3i.

Cau 25: M6 dun ctia s§ phtic: Z=2 +3i

A. 13 B. 5 C.5 D.2.

Cau 26: V6i gia tri ndo ctia x,y dé 2 s8 phitc sau bang nhau: X+ 2i =3 yi

A x=2;y=3 B. x=-2;y=3 C. x=3y=2 D. x=3y=-2
Cau 27: Cho s phttc Z=a+bi. S8 phtic z° c6 phan ao la:
A. a’b? B. ab C. 2ab D. 2a’b’

2
Ciu 28: Cho s6 phuc z = (ﬁ + 3i) . Tim phan thyc va phan ao ctia s6 phtic z.

A. Phan thuc bang 7, Phan ao bang 64/2i B. Phan thuee bang 7, Phian ao bang 62

C. Phan thyc bang —7 va Phan 4o bang 642 D. Phan thyc bang 7 va Phan 4o bang 6v/2i
Cau 29: Cho s8 phitc Z thoa man diéu kién 2z —iz = 2+5i. S8 phtic z can tim la:

A. z2=3+4i B. z=3-4i C. z=4-3i D. z=4+3i.

Cau 30: SO phuic z = ? bang:

NECREEH 161 2 b 2 13,
17 17 15 15 5 5 25 25
Cau 31: Diém biéu dién ctia cac s phitc Z=m+mi véi MeR, nam trén dwong thang ¢ phreong trinh la:
A y=2Xx B. y=xX C. y=3x D. y=4x
Cau 32: Tap hop cac diém trong mit phang biéu dién cho s phitc z thoa man diéu kién |Z - i| =1 la
A. Mot duong thang B. Mot duong tron C. Mot doan thang D. Mot hinh vudng
Cau 33: Cho hai s6 phtcc Z=a+bi va z'=a'+b'i. Diéu kién gitva a,b,a',b' d&€ z+2z' 1a mot s6 thuan ao
la:
a+a'=0 a+a'=0 C a+a'=0 a+a'=0

" |b+b'=0 " |b,b'eR Clb=b “|b+b'=0
Cau 34: Cho z =2+3i la mot s8 phtrc . Hay tim mdt phuong trinh bac hai véi hé s6 thue nhéan z va z lam
nghiém.
Az —472+13=0 B. z° +4z+13=0 C.2°-4z-13=0 D.z*+4z-13=0
Cau 35: Cho phuong trinh 72 + bz + ¢ = 0. Néu phuong trinh nhan z = 1 + i lam mot nghiém thi b va c bang;
A.b=3,c=5 B.b=1,c=3 C.b=4,c=3 D.b=-2,c=2

Cau 36: . Cho hinh chép S.ABCD c¢6 day 1a hinh vudng canh bang a, tam giac SAB la mot tam giac déu va
nam trong mit phang vudng goc véi day. Thé tich V cta khdi chép da cho la.
a’\2

3 3 3

2 18 6
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Cau 37: Trong khong gian Oxyz , cho x = 27 + 35 — 4k . Tim toa d§ ctia z

Az = (23-4). B.o = (—2—3:4). C. 2= (0:3—4). D.z = (2;3:0).
Cau 38: Cho mit phang (P) 2x—3y+2-10=0 . Trong cac diém sau, diém naondm trén mat phang (P)
A. (2;2,0) B. (2;,-2;0) C. (42;0) D. (212)
Cau 39: Tim toa d6 giao diém M cua d :XT—3:y_J11:§ va (P):Zx—y—z—7:0.
AM(3;-1,0). B. M(0;2;-4). C. M(6;-4;3). D. M(1;4;-2)
Cau 40: Trong khong gian Oxyz cho M(1,-2;4) va N(-2,3;5). Tinh tga d0 cta FN
A.MN =(-351).  B.MN = (3;5;1). C.MN = (-1;1,9).  D.MN = (1;-1;9)

Cau 41: Dién tich hinh phang duoc gidi han bai cac do thi ham sé y=x? va y=x la:

A. % (dvdt) B. %(dvdt) C. % (dvdt) D. % (dvdt)

Cau 42: Goi z1 VA 22 14 hai nghiém phirc ctia phuong trinh: 22 +4z+7=0. Tinh|z,|* +|z,|".
A7 B. 10 C.14 D.21

T

2
Céau 43: Tinh _[sin 2xcos xdx .

2

A.0 B. L

C. = D.1
3

Cau 44: Trong khdng gian véi h¢ truc toa ¢ Oxyz cho mat cau (S) c6 phuong trinh 1a

ol

X*+y?+2°+4x-10y+20=0. Tim toa d6 tim | vaban kinh R cta mit cau (S).

A. 1(2;-5;0) va R=3. B. 1(-2;5;0) va R=3.

C. 1(~2;5;-10) va R=+/129 . D. 1(—4;10;0) va R=46.

Xx-1 y+3 z-3

CAau 45: Trong khong gian véi hé toa d6 Oxyz cho diém A(l; 2;1) va dudng thing d: 1 > 1

Phuong trinh mit phang di qua A va vudng goc véi d la:
A x-2y-z+4=0 B. x+2y+z+3=0 C. x-2y-z-3=0 D. x-2y-z+1=0

Dé 6n HK2 s6 2 phin trac nghiém

— -

Cau 1: Trong khong gian Oxyz cho a(3;—1;2);b(4;2;—6) Tinh toa d) ctia vecto a + b
Aa+b=(13-8). B.a+b=(7;1;—4). Ca+b=(—1-38). D.a+b=(—7;—14).

dx
2x-1
A.8 B.9 cC.81 D.3
Cau 3:Cho do thi ham s§ Y = f(X) . Dién tich hinh phang (phan t6 dam trong hinh v&) la:

5
Cau 2: Gia sir j =InK . Gi4 trj cia K 1a:
1
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A.i f(x)dx+i f (x)dx j f (x)dx + j f (x)dx
-3 4 B -3

4
C. j f (x)dx j f(x)dx+_[ f (x)dx
-3 D.o
Cau 4: Cho hai s6 phtic: z, = 2+5i;z, = 3—4i. Tim s6 phic z=12,.2,
A. 2=6+20i B. z=26+7i C.z=6-20i D. z=26-7i
Cau 5: Cho s6 phtre z = 2+4j . Tim phﬁn thue, phan ao cua sd phtcw=2z-1i. .
A. Phan thyc bang 2 va phan ao bang 3i B. Phan thyc bang 2 va phan ao bang 3
C. Phan thuc bang -2 va phan 4o bang -3 D. Phan thyuc bang -2 va phan ao bang -3i

Cau 6: Neujf(x)dx 7j x)dx=4 véi a<c<b thuj x)dx bing:

AT B.11 C.-3 D.3
Cau 7: Cho @6 thi ham s6 y = f (X) . Dién tich hinh phang (phan gach trong hinh) la:
y /
£ b A S S
RS R IR ;,nﬁ e
/ NG
/ N
+-2

A]sf dx+j dejf dx+j dxcjf dx+j dejf()dx
3 -3

0

Cau 8: Trong khong gian voi hé truc toa d0 Oxyz cho tam giac ABC voi
A= (1,2-1), B=(2-13), C=(—4;7;5). Tinh d¢ dai duong cao ctia tam giac ABC ha tir A?
1110 110 111 1110

A [ B. e
52 52 c \'57 o V57

Cau 9: Trong khong gian véi hé toa dd Oxyz, cho ba diém A(1;0;0);B(0;1,0);C(0;0;1). Mat phang (P) di
qua ba diém A, B, C ¢6 dang:
A. Xx+2y+z2-2=0 B. x+y+2z-2=0 C. x+y+z-1=0 D. 2x+y+z-2=0

Cau 10: Trong khong gian Oxyz, cho hai mat phang (P):nx+7y-6z+4=0; (Q):3x+my—2z-7=0
song song voi nhau. Khi do, gia tri m,n théa man la:

A.mz—z;n=9 B.mzz;n=9 C.m=9;n=Z D.mzz;nzl
3 3 3 3
Cau 11: Goi z,;7, la cac nghiém phirc ctia phuong trinh 2% +4z+5=0.Tinh w=(1+z,)" +(1+z,)"
A. w=2%j B. w=-2j C.w=-2" D. w=-2%j
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2
Cau 12:Cho | = j 2x+/x2 —1dx VA u=x?—1. Chon khéng dinh sai trong cac khing dinh sau:
1

§3
2

A. l=—=u

Wl

3 2
B.I:J'«/Udu c.lszﬁdu D.|=§\/ﬁ
0 1

0

X+2 y-5 z-2

Cau 13: Viét phuong trinh duong thiang d di qua diém A(4; —2; 2), song song voi A:

2 3
A.X+4=y+2:2_2 B.X_4=y+2:2+2
4 2 3 4 2 3
C.X_4=y+2:2_2 D'x+4=y—2=z+2
4 2 3 4 2 3
A ) . . 2 . \ . NP 2 X+l y-1 z
Cau 14: Trong khong gian Oxyz cho 2 di€ém A(l, 3 O) va B(—2,1, 1) va duong thiang (A) BT

. Viét phuong trinh mit cau di qua A, B ¢6 tdm I thudc dudng thang (A) .
1Y 3Y) 1) 19 1Y 3Y 1) 19

A X—=| +y+=| +z—=| =— B.| X+=| +|y—=| +|2+=| =—
2 2 2 4 2 2 2 4

2Y 13Y’ 3) 25 2Y 13Y’ 3) 25
C.lx+=| +Hy—=| +|z24+=| =— D.|X—=| +|y+— | +|2—= —
5 10 5 3 5 10 5 3

Cau 15: Goi 2,;2,;2, 1a ba nghiém cua phuong trinh z°~8=0.Tinh M =27+ +22.

A. 4 B.0 C.8 D.6
Cau 16: S6 nao trong cac s6 sau 1a s6 thuan a0?

\2 2+3i . . . .

A. (2+2i) B'2—3i C.(J§+30+(J§—30 D.(J§+30<J§—30
Cau 17: Biét rang nghich dao cua s6 phirc z bang s phirc lién hop ctia né. Trong cac két luan sau, két luan
nao la dang?

A. z 1a mot s6 thuan a0 B. |Z|=1 C. |Z|:—1 D.zeR

1
Cau 18: Tinh tich phan | = j x+/1—xdx .
0

A.I:E B.I=i C.I=£ D.I:E
5 15 15 15
A . R . e a R \ 2 x-1 y+1 z . 2
Cau 19: Trong khong gian voi hé toa do Oxyz, cho duong thang d ST T va mat phang

(P):x+2y+2-1=0. Toa do giao diém M cua d va (P) la:

3 33
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Cau 20: Cho sb phirc z théa man 2z =i (2 +3) . Tim modun cuia z?

A |z]=5 B.|z|=5 . |z|=¥ D. | |=¥
Cau 21: Viét phuong trinh duong thang d di qua 2 diém A(2; 1; 0), B(0; 1; 2).
X=t X=2+t X=2-t X=—t
A y=0 B.{y=1 C.qy=1 D.<y=0
z=2-t z=t z=t z=t

Cau 22: Tinh khoang cach d tir diém A(1;,—4;0) dén mit phang (P):2x-y+2z+3=07?

A d=1 B.d=9 C.d=2 D.d=3
3 9
CAu 23: Cho sb phtc z thoa méan: (4-i)z=3-4i. Diém biéu dién cua z la:
25 25 5 5 17 17 15 15
Cau 24: Dién tich hinh phang gii han bai d6 thi cac ham sé y=x?-2x, y=xla:
-9
A. 9 B. — C. 9z D. 8lr
2 2 2 10

Cau 25: Trong C, giai phuong trinh (i+z)(z -2 +3i)=07?

7 =2i 7 =—i 7Z=1 z =31
A : B. _ C. _ D.
z=5+31 z=2+3i1 z=2-31 z=2-51
Cau 26: Tim tap hop cac diém biéu dién sb phirc z trén mit phang toa do thoa méan didu kién |Z - i| =1.
A. Pudng tron tim 1(0;1), ban kinh R=1 B. Duong tron tam | (0;—-1), ban kinh R =1

C. Dudng thang di qua hai diém A(L1) va B(-L1)  D.Haidiém A(L1) va B(-11)
CAau 27: Mit phang (P) song song véi mit phang (Q):x+2y+z=0va cach D(L0;3) mét khoang bang
J6 thi (P) c6 phuong trinh 1a:
A X+2y+z2+2=0 5 x+2y—z—10:0C X+2y+z+2=0 D X+2y+2+2=0
| -x-2y—-z-10=0 | x+2y+z-2=0 | x+2y+z-10=0 | x+2y+2-2=0
Cau 28: Thé tich V cuia khéi tron xoay dugc tao ra khi quay hinh phang gi6i han béi do thi ham s6 y=f(x) ,
truc hoanh va hai duong thang x = a, x = b( a <b), xung quanh truc Ox dugc tinh theo cong thirc nao?

AV = _T| f (x)/dx B.V :'b[ f (x)dx C.V= nj. f (x)dx D.V = ﬂj f 2(x)dx

4
Cau 29: Tinh tich phan J'(x2 +4\/§)dx.
1

Al :% B. Iz& 121 120

3 3 ' 3 ' 3
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Cau 30: Tinh Ixz In xdx .
1

3 3 3 3
2e” -1 B. 2e” +1 e’ -2 D & +2
9 9 9 9
Cau 31: Cho hai diém A(115);B(0;0;1). Mt phiang (P) chira A, B va song song véi Oy ¢6 phuong trinh

la:

A.

.A. 4x—z+1=0 B. y+4z-1=0 C. 4x+y-z+1=0 D. 2x+z-5=0
Cau 32: Cho a(1;2;3). Tinh d6 dai a .
AL B.12. c13. D.\14.
Cau 33: Tim phan thuc ctia s phirc (1+ i)2022 :
A, 201 B.—-1 C.1 D.0
x-2 y-1 z-

Cau 34: Trong khong gian véi hé toa d6 Oxyz, cho duong thang d 1 ! va diém A(—Z;l; 0).
Viét phuong trinh mit phang (P) di qua A va chira d.

A. x—y-4z+3=0 B. x-7y-4z+9=0 C. x-6y—-4z+9=0 D. x-7y—-4z+8=0
Xx+1 y-2 z+43
1 -1

Cau 35: Trong khéng gian Oxyz , cho A(L-2;3) va dudng thang d: . Viét phuong

trinh mat cau tim A tiép xtc voi d.
A (x-1) +(y+2) +(z2-3)" =25 B. (x-1)" +(y+2)"+(2-3)" =50
C. (x+1)°+(y-2)"+(z2+3)° =50 D. (x+1)° +(y-2)"+(z+3)" =25

CAau 36: Viét phuong trinh giao tuyén cua 2 mit phiang (P): 2x +y—-z+3=0; (Q)x+y+z—-1=0.
X y-1 z+2 B x-1 'y z-1 c X_y-2_z+1 D X _y+l z-2

2 3 2 3 1 2 3 1 2 3 A
i 1 ‘
Cau 37:Cho | = j sin" x cos xdx = o5 - Khi d6 n bing bao nhiéu?
0
A.3 B.4 C.5 D.6

Cau 38: Trong khong gian voi hé toa do Oxyz, cho mit phang (P):3x—4y+2z-2016=0. Trong cac
duong thang sau duong thang song song voi mat phang (P).
Xx-1 y-1 z-1

X=-1 y-1 1-z

A d: B. d,:
2 2 1 3 5 4
C. dz:x—lzy—lzz—l D. d4:x—lzy—lzz—l
4 -3 1 3 —4 2
Cau 39: Cho s6 phirc z=-3+2i. Tinh mbdun cta sé phic z+1-1i.
A |z+1-i|=+5 B. |z +1-i|=2V2 C.|z+1-i|=4 D. [z+1-i|=1

1
Cau 40: Cho | stﬁu.m:% voi m va n 1asé nguyén. Tinh k =m+n.
0

A. k=30. B. k=2. C. k=28. D. k=0.
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Céu 41: Gia str f 4In4X+1d =aln?2+blIn2, véi a, b la cac sb hiru ti. Khi d6 tong 4a+b bang:

A.3 B.5 C.7 D.9
Cau 42: Trong khong gian v&i hé toa d6 Oxyz , cho mit phang (P) :—3x+2z-1=0. Vecto phap tuyén n
ctia mit phang (P) Ia:

A n=(32-1) B. n=(3;0;2) C. n=(-30;2) D. n=(-3,2-1)
Cau 43: Viét phuong trinh mit cu (S) c¢é tam | (1;2;-3) va di qua A(10;4)?

A (x+1) +(y+2)" +(2-3)" =5 B. (x+1)"+(y+2)"+(z-3)" =53

C. (x=1)"+(y—-2)" +(z+3)" =53 D. (x-1)" +(y-2)" +(z+3)" =

Cau 44: Cho hinh phang (S) gi6i han béi y = 3x, y = x va hai duong thing x = 0, x = 1. Tinh th¢ tich vat thé
tron xoay khi hinh phang (S) xoay quanh truc Ox.

2
A. 877 B. 8% C.8r p. 8%
3 3
Cau 45: Trong khong gian Oxyz, cho tr dién ABCD véi A(1;6;2);B(5;1,3);C(4;0;6); D(5;0;4). Viét

phuong trinh mat cau (S) ¢6 tim D va tiép xtc v6i mit phang (ABC) 1a:

A (S):(x=5) +y?+(z-4) = 223 B. (S):(x+5)2+y2+(z+4)2=%
C. (S):(x+5)2+y2+(2—4) :% D. (S):(x+5)2+y2+(2+4)2:ﬁ
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